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“We shall not cease from exploration
And the end of all our exploring
Will be to arrive where we started

And know the place for the first time.”

-T. S. Eliot
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Abstract

The StandardModel of particle physics, with all its elegance, has survivedmost experimental tests
at particle accelerators, but not all. This thesis arises in the context of darkmatter phenomenology,
whose ubiquitous existence cannot be explained within the Standard Model framework. The na-
ture and particle content of dark matter is still a mystery, and proposing suitable models that can
explain its properties would be of great value. In this thesis, we perform systematic studies of the
phenomenology of dark matter models, focusing on the rich consequences the lepton and quark
flavour physics can have for the dark sector. In this regard, we highlight the important observables
that play a crucial role in identifying andquantifying possible newphysics alongwith their present
experimental status. This sets the essential background of the studies included in the thesis. We
then move on to investigate two popular new physics models, the Inert Higgs Doublet model and
the U(1)X extension of SM, that not only gives rise to a suitable DM candidate, but are also moti-
vated by other general issues of the SM, such as light neutrino masses and lepton flavour violation
etc. We quantify the contributions from new degrees of freedom to various flavour physics ob-
servables such as branching fractions of meson decays, meson-mixings etc. We have displayed
the outcome of precise flavour data on the dark matter parameter space while simultaneously
explaining some anomalous results in low energy observables. We also highlight some interest-
ing features of these models that allow us to probe our model parameters both in DM and high
energy collider experiments using simple cut-based analysis. Further, we have shown how the
mediators in WIMP-nucleon scattering can modify elementary quark vertices with the W-boson,
which impacts the extraction of the CKM elements. Using the most up-to-date measurements,
we successfully constrain the masses and couplings of mediators having scalar or pseudoscalar
interactions with the dark matter and SM quarks. In summary, this thesis provides a comprehen-
sive outlook towards the implications of flavour phenomenology on new physics models, with a
particular focus on the dark sector.
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Chapter 1

Introduction

Our current understanding of elementary particle physics and its dynamics is best described by
the Standard Model (SM) which was formulated way back in 1970. It is a field theoretic descrip-
tion of three of the fundamental forces of nature i.e the strong, weak and electromagnetic forces.
Inspite of several efforts, the fourth force of nature, gravity, could not be included in the SM. At the
energy scale of sub-atomic particles, the effect of gravity is so negligible that the SM prescription
decently works. In this introductory chapter of the thesis, we would like to briefly discuss the
basic theoretical framework of the model and reasons to go beyond it.

1.1 The Standard Model of Particle Physics

The SM is a gauge quantum field theory in which all elementary particles are manifestations of
quantum fields and the underlying gauge symmetry is SU(3)C × SU(2)L × U(1)Y . SU(3)C de-
scribes the theory of the strong interaction, also known as the quantum chromodynamics (QCD).
The conserved charge corresponding to this gauge group is the ’color’ charge and the interactions
are mediated by 8 massless gauge bosons called the ’gluons’. The electroweak interactions are
described by the unified SU(2)L × U(1)Y gauge group and was first studied by Glashow, Salam
and Weinberg [19–22] (which is why it is also referred to as the GSW model). The weak isospin
interactions acting only between the left-handed (LH) fermions are described by the SU(2)L sym-
metry while the U(1)Y or the weak hypercharge symmetry distinguishes between the left and
right chiral particles. Quantum electrodynamics (QED) or the electromagnetic interactions can be
extracted as a sub-group of the larger SU(2)L × U(1)Y group when it is spontaneously broken
at low energies to U(1)em. The gauge fields corresponding to the non-Abelian SU(2)L and the
Abelian U(1)Y symmetries are denoted byW i

µ (i = 1, 2, 3) and Bµ respectively. In addition to the
spin-1 mediators, there are 3 generations or families each of spin-1

2 fermions which make up all
the matter content of the Universe. They are the up & down type quarks and charged & neutral
leptons. The particle content is summarized in Table. 1.1. Since parity is maximally violated, the
left and right-chiral fields transform differently under the SU(2)L × U(1)Y symmetry. The LH
fermions transform as SU(2)L doublets while the right-handed (RH) ones are singlets under the
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2 Chapter 1. Introduction

Fields Spin SU(3)C × SU(2)L × U(1)Y

Quarks

QL

(
uiL
diL

)
,
(
ciL
siL

)
,
(
tiL
biL

)

1
2

(3, 2, 1/3)

quR uiR, c
i
R, t

i
R (3, 1, 4/3)

qdR diR, s
i
R, b

i
R (3, 1,−2/3)

Leptons

LL ( νeLeL ),
( νµL
µL

)
, ( ντLτL )

1
2

(1, 2,−1)

νR Absent (1, 1, 0)

`R eR, µR, τR (1, 1,−2)

Gauge bosons

Gluons Gaµ

1

(8, 1, 0)

W-bosons W 1,2,3
µ (1, 3, 0)

B-Boson Bµ (1, 1, 0)

Scalar Higgs Boson (H)
(
φ+

φ0

)
0 (1, 2, 1)

Table 1.1: Charge assignment of SM fields under the SM gauge group SU(3)C × SU(2)L × U(1)Y . Electromagnetic
charge is obtained by: Q = I3+ Y

2
, where I3 is the third component of isospin and Y is theU(1)Y hypercharge quantum

number. Here i denote the SU(3) color charges red (r), green (g) and blue (b) and a = 1, 2, .., 8 represent the colour
charges of gluons.

same gauge group and hence their interactions with the gauge sector also differs. The particle list
is rounded off with the massive spin-0 scalar, the Higgs boson which is responsible for generating
the mass of all fermions and vector bosons.

The most general form of the SM Lagrangian can be written as

LSM = iψi /Dψi −
1

4
F aµνF aµν − yijψ̄iψjH + |DµH|2 − V (H), (1.1)

where,Dµ denotes the gauge covariant derivative, F aµν is the gauge field strength tensor and V (H)

is the scalar potential. The above equation is written using the Feynman slash notation where
/A

def
= γµAµ for a covariant vector A and γµ are the Dirac gamma matrices.
The first term of the SM Lagrangian written above illustrate the kinetic interaction of a fermion

field (represented by a Dirac spinor ψ) with the gauge bosons. Under the full SU(3)C ×SU(2)L×
U(1)Y symmetry, the covariant derivative is given by

Dµ = ∂µ − ig′Y Bµ − i
g

2
σaW a

µ − i
gs
2
λaG

a
µ, (1.2)

where g′, g and gs are the U(1), SU(2) and SU(3) coupling strengths respectively. Y is the weak
hypercharge whch is related to the electromagnetic charge (Q) and the third component of isospin
(T3) as Q = T3 + Y

2 . The generators of SU(2) are the three Pauli matrices σa (a = 1, .., 3) while
that of SU(3) are the Gell-Mann matrices λa (a = 1, .., 8). As is evident from Eqn. (1.2), the kinetic
Lagrangian is dependent on the quantum charge assignment of the spinors under the different
gauge groups. For example, only the LH weak isodoublets couple toW a

µ and so the σaW a
µ part of
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1.1. The Standard Model of Particle Physics 3

0

H

V
H

μ2
> 0, λH > 0

-/ 2 0 / 2

H

V
H

μ2 < 0, λH > 0

Figure 1.1: The Higgs potential plotted for µ2 > 0 and µ2 < 0 showing the spontaneous symmetry breaking of the
vacuum.

the covariant derivative will be absent for RH SU(2)L singlet fields. Also, the coupling with the
gluon fields Gaµ is applicable only for a fermion with SU(3) color i.e for the quarks.

The second term of LSM is the gauge field Lagrangian and the field stress tensor is given by
F aµν = ∂µF

a
ν − ∂νF aµ + gfabcF

b
µF

c
ν for a general gauge field F (= B,W,G) with g being the corre-

sponding coupling strength and fabc are the structure constants. For the Abelian U(1)Y group,
fabc = 0; hence, there are no self-interaction terms for the Bµ fields. In presence of fabc, the La-
grangian is also known as the Yang-Mills Lagrangian.

The next part of the Lagrangian is characteristic of the Yukawa interaction of the SM fermions
with the Higgs boson where yij are complex 3 × 3 matrices. The Yukawa term can be split into
different pieces for the quarks and leptons forming the basis of the flavour sector. Further, since
H is an SU(2)L doublet, gauge invariance of the Lagrangian demands that H must couple to one
SU(2)L doublet fermion along with one SU(2)L singlet field. Following this prescription, the
Yukawa Lagrangian was constructed as

LYukawa = −
∑

i,j

(
yuijQLiH̃uRj + ydijQLiHdRj + y`ijLLiH`Rj + h.c

)
, (1.3)

where i, j denote the generation index of the quarks and leptons, yu,d,`ij are dimensionless matrices
and H̃ = iσ2H∗. The subscripts L, R stand for left- and right-handed helicities respectively. Note
that, due to the absence of right handed neutrinos in the SM, the Higgs does not couple to the
neutrinos.

Finally, the last two terms of LSM make up the scalar Lagrangian of the SMwhere the first part
is the kinetic term and V (H) denotes the Higgs potential which is given by

V (H) = µ2
(
H†H

)
+ λH

(
H†H

)2
. (1.4)

Here, H is a complex scalar field whose SU(2)L representation is shown in Tab. 1.1 and λH is
the strength of the quartic self-interactions among the scalar fields. In order to ensure the stability
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4 Chapter 1. Introduction

of the minimum or the absolute vacuum, λH needs to be greater than zero. The SM gauge symme-
try do not allow us to write the mass terms of fermions and gauge bosons since such terms are not
gauge invariant. So fermions and gauge bosons are massless under the unbroken SU(2)L×U(1)Y

symmetry which contradict our observation.
The mass of the SM particles can be generated through spontaneous symmetry breaking (SSB)

or the Higgs mechanism [23–25]. In layman’s language, symmetry breaking is a phenomenon by
which the ground state (or the equillibrium state) of a stable system no longer remains symmetric
under the symmetry of its Hamiltonian or Lagrangian. The µ2 term of the potential plays a crucial
role here. If µ2 > 0, the potential energy has a minimum at |H| = 0 as shown in the left plot in
Fig. 1.1 which preserves the symmetry of the potential. However, if µ2 < 0, then |H| = 0 no longer
remains a stable minimum and is shifted to

〈H〉 =

√
−µ2

2λ
≡ v√

2
, (1.5)

as shown in the RHS of Fig. 1.1. Due to the symmetry of V (H), there exists an infinite number of
degenerateminimum energy states or vacuawhich satisfiesH†H = v2

2 and themoment we choose
a particular vacuum out of the infinite solutions, the symmetry gets “spontaneously broken”. In
other words the scalar is said to acquire a vacuum expectation value (vev) ‘v’. Note that, one is
free to choose the direction of the minimum which, for convenience, is chosen along the real axis
of H-field. It is convenient to express the Higgs field in the unitary gauge as

H =
1√
2




0

h+ v


 , (1.6)

where h is the real physical scalar of the Higgs field, discovered as the 125 GeV Higgs particle at
the LHC. It can be easily seen that the electromagnetic charge of H using the relationQ = T3 +Y/2

is zero. Hence, as mentioned before, as a result of the spontaneous symmetry breaking (SSB), the
SU(2)L × U(1)Y gauge symmetry breaks down to a remnant electromagnetic symmetry U(1)em

which is preserved by the vacuum state.
Let us recall the Goldstone theorem, which states that for a physical systemwith a global sym-

metry group G1 which is spontaneously broken down to a subgroup G2, there is a massless mode
corresponding to each broken generator. In the SM, there are 3 Goldstone bosons corresponding
to the 3 broken generators which are eaten up to give mass to the 3 physical heavy gauge bosons
from the kinetic term as follows :

(DµH)†(DµH) =

∣∣∣∣∣∣
(∂µ − i

g′

2
Bµ − i

g

2
σaW a

µ )
1√
2


 0

h+ v



∣∣∣∣∣∣

2

(1.7)

=
v2

8

(
g2
∣∣W 1

µ − iW 2
µ

∣∣2 + (gW 3
µ − g′Bµ)2

)
.
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1.1. The Standard Model of Particle Physics 5

From the above equation, the mass of the W-boson is obtained from the first term as

MW =
1

2
gv (1.8)

where the charged W-boson is defined as W±µ ≡ 1√
2
(W 1

µ ∓ iW 2
µ). While it is straightforward to

derive the mass of the W-boson from Eqn. (1.8), the mass matrix of the neutral bosons are not
diagonal in the (W 3

µ , Bµ) basis as they undergo mixing. In order to obtain their masses, we need
to carry out the electroweak rotation as



Zµ

Aµ


 =



cW −sW

sW cW






W 3
µ

Bµ


 , (1.9)

where cW ≡ cos θW and sW ≡ sin θW , and the weakmixing angle θW (also known as theWeinberg
angle) is given by:

tan θW =
g′

g
. (1.10)

The physical neutral gauge bosons are therefore defined as

Zµ ≡ 1√
g2 + g′2

(gW 3
µ − g′Bµ), (1.11)

Aµ ≡ 1√
g2 + g′2

(g′W 3
µ + gBµ), (1.12)

where Aµ is the photon field and their masses are given by

MZ =
1

2
v

√
g2 + g′2, (1.13)

Mγ = 0. (1.14)

As expected, the photon remains massless (Eqn. (1.14)) after spontaneous symmetry breaking ow-
ing to the unbroken U(1)em. Similarly, the eight gluons corresponding to the SU(3)c gauge sym-
metry also remain massless due to the unbroken color symmetry.

In addition to the gauge boson masses, the Higgs boson is also responsible for generating
the fermion masses. This can be achieved by replacing Eqn. (1.6) into the Yukawa Lagrangian
Eqn. (1.3). Considering only the first generation of leptons, the Lagrangian terms featuring its
interaction with the Higgs is given by

LYukawa ⊃ −
[
yeēRH

†LL + y∗e L̄LHeR

]
(1.15)

⊃ −
[
yeēR

(
0 h+v√

2

)(νe
e

)

L

+ y∗e

(
ν̄e e

)
L

(
0
h+v√

2

)
eR

]
(1.16)
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⊃ −
(
yev√

2

)
(ēReL + ēLeR)− ye√

2
h(ēReL + ēLeR) (1.17)

⊃ −meēe−
ye√

2
hēe, (1.18)

whereme =
(
yev√

2

)
is the mass of the electron and ye√

2
≡ me

v denotes the strength of the interaction
of Higgs with the electron. Hence, in general, one can write the charged lepton masses as

m` =
y`v√

2
. (1.19)

Proceeding in a similar fashion as above, one can obtain themassmatrices for the three generations
of up and down-type quarks as

Mu
ij =

yuijv√
2
, Md

ij =
ydijv√

2
. (1.20)

These matrices are, however, in the generation space (also known as the weak basis). In order
to obtain the mass eigenstates i.e. the physical states, we need to diagonalizeMu,d with suitable
unitary transformation matrices. Let us consider four different unitary matrices UL,UR,DL,DR
according to 



u1

u2

u3


 = UL,R




u

c

t



L,R

and




d1

d2

d3


 = DL,R




d

s

b



L,R

, (1.21)

such that it leads to the diagonal quark mass matrices as

U−1
R MuUL = diag (mu,mc,mt) and D−1

R MdDL = diag (md,ms,mb) (1.22)

where u, c, t, d, s, b are the quark mass eigenstates while ui, di are the weak states. The diagonaliz-
ing matrices also diagonalize the quark Yukawa matrices yu,dij which generates the hq̄q couplings
as yq =

mq
v in the quark mass basis.

Sincewe have rotated the up-type quarks of the quark doublet byUL and the down-type quarks
by a different matrix DL, the mass eigenstates of the down-type quarks no longer match that of
the up-type quarks. Also, the left-chiral and right-chiral fields are rotated by different amounts.
The effect of such mismatch shows up in the charged-current (CC) interaction Lagrangian given
by

Lcc ⊃ −
g√
2

3∑

i=1

(ūLiγ
µW+

µ dLi + d̄Liγ
µW−µ uLi). (1.23)

We have already seen that the ui, di fields belong to the weak basis and are not the physical mass
eigenstates. Therefore, using Eqn. (1.22), it is more convenient to write the charged-current inter-
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action in terms of the mass eigenstates as

Lcc ⊃ − g√
2

(
ū c̄ t̄

)
L
U†LγµW+

µ DL




d

s

b



L

+ h.c. (1.24)

= − g√
2

(
ū c̄ t̄

)
L
γµW+

µ VCKM




d

s

b



L

+ h.c. (1.25)

where VCKM = U†LDL is a general 3×3 complexmatrix. This shows that due to the bi-unitary trans-
formations of the quark mass matrices, any up-type quark couples to any other down type quark
resulting in quark mixing or “flavour” mixing which is an essential ingredient of this thesis. This
phenomenon was first studied by Cabibbo [26] for two generations of quarks and later extended
by Kobayashi and Maskawa [27] for 3 quark generations resulting in the name “CKM matrix” for
VCKM after their initials. The CKMmatrix is unitary

V †CKMVCKM = (U†LDL)†(U†LDL) = D†LULU
†
LDL = 1, (1.26)

and can be parametrized by four independent parameters : three mixing angles and one phase.
It is interesting to note that all the CP violation in the quark sector arise from this unremovable
phase of the quark-mixingmatrix which was pointed out by Kobayashi andMaskawa in 1973. The
general form of the matrix parametrization is given by

VCKM ≡


Vud Vus Vub

Vcd Vcs Vcb

Vtd Vts Vtb

 =


c12c13 s12c13 s13e

−iδ

−s12c23 − c12s23s13e−iδ −c12c23 − s12s23s13e−iδ s23c13

s12s23 − c12c23s13e−iδ −c12s23 − s12c23s13e−iδ c23c13

 (1.27)

where sij ≡ sin θij , cij ≡ cos θij and δ is the CP violating phase. In 1983, Wolfenstein proposed
a more convenient parametrisation [28] of the CKM matrix which took into account the fact that
there is a certain hierarchy in the mixing angles, viz. s13 << s23 << s12 << 1. This hierarchy is
expressed by orders of λ (= sin θ12 where θ12 is the Cabibbo angle) and is given by

VCKM =




1− λ2

2 λ Aλ3(ρ− iη)

−λ 1− λ2

2 Aλ2

Aλ3(1− ρ− iη) −Aλ2 1


+O(λ4). (1.28)

The diagonal elements are close to unity and themagnitude of the off-diagonal ones decrease with
increasing distance from the diagonal. The hierarchy is expresed in terms of the quantities :

λ2 =
|Vus|2

|Vud|2 + |Vus|2
, A2λ4 =

|Vcb|2
|Vud|2 + |Vus|2

, ρ̄+ iη̄ = −VudV
∗
ub

VcdV
∗
cb

(1.29)
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(a) (b)

Figure 1.2: (a) A schematic sketch of the Unitarity Triangle. Figure taken from [1]. (b) Constraints
in the (ρ̄, η̄) plane of the UT. The red hashed region of the latest global combination by the
CKMFitter group corresponds to 68% CL. Figure taken from [2].

where ρ̄, η̄ are related to ρ, η as

ρ+ iη =

√
1−A2λ4(ρ̄+ iη̄)√

1− λ2 [1−A2λ4(ρ̄+ iη̄)]
. (1.30)

The allowed region of the Wolfenstein parameters can be magnificently represented in the (ρ̄, η̄)

plane in terms of a rescaled Unitarity Triangle (UT) using the unitarity conditions (1.26) as shown
in Fig. 1.2a. There can be six such triangles having the same area J/2, where, J is the Jarlskog
invariant defined as

J ≡ |Im(ViαVjβV
∗
iβV

∗
jα)| = λ6A2η̄, (i 6= j, α 6= β). (1.31)

The Jarlskog invariant is directly proportional to the CP violating phase η and hence is a mea-
sure of the CP violation in the SM. The sides of the UT are given by

Ru =

∣∣∣∣
VudV

∗
ub

VcdV
∗
cb

∣∣∣∣ =
√
ρ̄2 + η̄2 and Rt =

∣∣∣∣
VtdV∗tb
VcdV∗cb

∣∣∣∣ =
√

(1− ρ̄2) + η̄2 (1.32)

with the third side scaled to unity. The three angles of the triangle are given by

α ≡ φ2 = arg

(
− VtdV∗tb

VudV∗ub

)
, β ≡ φ1 = arg

(
−VcdV∗cb

VtdV∗tb

)
, γ ≡ φ3 = arg

(
−VudV∗ub

VcdV∗cb

)
(1.33)

with

cos γ = ρ̄/Ru, sin γ = η̄/Ru

cosβ = (1− ρ̄)/Rt, sinβ = η̄/Rt (1.34)
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α = π − β − γ.

Fig. 1.2b depicts the constraints in the complex (ρ̄, η̄) plane of the UT. We will discuss more about
the CKM matrix and constraints on the parameters from different sources in the coming sections
as this is one of the relevant topic of discussion of this thesis.

In passing we would like to mention that it is often convenient to rotate only the down-type
quark flavours to their mass eigenstates while keeping the basis of the up-type intact because it
is not possible to extract both U and D matrices simultaneously from experiments. One can only
find out their combination represented by the CKMmatrix. Hence one can choose U = 1without
loss of generality.

Let us now take a look at the neutral current (NC) interactions in the SM. The interaction La-
grangian involving the fermion and the neutral gauge boson Z can be written in the general form
as

Lnc = − g

cW

3∑

i=1

ψ̄iL(R)γ
µ(T3 −Qs2

W )ψiL(R)Zµ (1.35)

where ψi(= ui, di, `i, νi) is a general quark or lepton spinor. In the SM, the Z-boson couplings are
universal i.e they are same for each of the three generations of fermions since it is only a function
of the third component of isospin T3 and the electromagnetic charge Q. Therefore, for the LH
down-type quarks, one can write

Lnc ⊃ − g

cW

(
d̄1 d̄2 d̄3

)
L
γµ
(
−1

2
+

1

3
s2
W

)

d1

d2

d3




L

Zµ (1.36)

⊃ − g

cW

(
−1

2
+

1

3
s2
W

)(
d̄ s̄ b̄

)
L
D†LγµDL



d

s

b




L

Zµ (1.37)

= − g

cW

(
−1

2
+

1

3
s2
W

)
q̄dγ

µPLqdZµ (1.38)

where qd = (d, s, b) andPL,R = 1∓γ5
2 are the chirality projection operators. Therefore, it is clear that

the neutral current interaction is flavour diagonalwhen the couplings are generation-independent.
One can follow the same method to work out the neutral current interactions of the up-quarks as
well as the leptons. A similar logic also follows in case of the electromagnetic interactions whose
strength of interaction with the fermions are also universal (proportional to the electromagnetic
coupling e = gsW = g′cW ). Hence, “flavour changing neutral currents” (FCNCs) are naturally for-
bidden in the SM which is one of the many successes of this theory. It is quite intriguing to note
that in the SM with just the three light quarks u, d and s, both neutral and charged current inter-
actions would allow flavour changing and strangeness changing (∆S = 1) processes to take place.
However, the non-observation of such decays (e.gKL → µ+µ−) in experiments made Glashow, Il-
iopoulos and Maiani (GIM) propose the existence of a fourth flavour of quark, the "charm" quark,
as a solution to this problem [29, 30]. The GIM mechanism, conceived in 1968, later became an
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Figure 1.3: The number of diphoton signal events as a function of the invariant diphoton mass distribution as obtained
by ATLAS [3] and CMS [4] experiments at CERN. The bump in the signal seen atmγγ ∼ 126 GeV shows that this comes
from the Higgs boson and is considered to be the greatest discovery of the last decade.

essential tool in the developement of the electroweak theory by Glashow, Weinberg and Salam in
order to naturally suppress FCNC and ∆S = 2 transitions at the tree level. In the SM, such pro-
cesses occur only at the one-loop level and are therefore very important probes of physics beyond
the SM. The success of the CKM and GIM mechanisms can be attributed to the observation of CP
violation in Kaon decays in 1964 [31] and subsequent discovery of charm quark in 1974 [32, 33].

The mixing phenomenology in the leptonic sector is much less complicated than the quark
sector since the charged current interactions are diagonal both in the weak basis as well as in the
mass eigenstate basis of the leptons. For example, one can, in general, diagonalize the lepton mass
matrices using 3× 3 matrices in a similar fashion as Eqn. (1.21)

eLα = VLeLi and eRα = VReRi (1.39)

where α = e, µ, τ are the flavour indices while i = 1, 2, 3 are the generation indices in the mass
basis. The leptonic charged current interaction can be written as

Lcc ⊃
g√
2
ν̄Lαγ

µ`−LαW
+
µ + h.c. (1.40)

=
g√
2
ν̄Lαγ

µVL`−LiW+
µ + h.c. (1.41)

Now since neutrinos are massless, one can always rotate the neutrino fields and define them as

νLα = VLνLi (1.42)

such that the charged current interaction Eqn. (1.40) would still remain diagonal. The leptons also
participate in neutral current interaction similar to the quarks.

The hunt for elementary particles of nature beganwith the discovery of electron in the late 19th
century and the SM was deemed to be complete with the detection of the Higgs boson in 2012 at
the Large Hadron Collider (LHC) at CERN [3, 4]; see Fig. 1.3. However, there are many inconsis-
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(a) (b)

Figure 1.4: (a) : A schematic diagram of the rotational velocity of stars in the Milky Way galaxy. The dotted line is
the expected Newtonian nature of the velocity distribution while data (solid line) suggests a flat curve even at large
distances from the galactic centre signifying the role of the DM halo. Fig taken from [5]. (b) : The first three peaks of
the CMB anisotropy spectrum explained. Courtesy : Astronomy: Roen Kelly, after Wayne Hu.

tencies in the theory and there are many experimental facts that cannot be addressed within the
framework of the SM. Inspite of being so far the best theoretical foundation to explain the inter-
actions of nature, there is a need to go beyond it. In the subsequent sections we will elaborate on
the shortcomings of the SM and motivate the need to formulate theories beyond the SM (BSM).

1.2 Need For Beyond the Standard Model

In this section, we are going to briefly summarize some of the pressing issues of the SM theory
which would also be relevant for the thesis.

It is now a well established fact that about 27% of the total energy density of the Universe is
comprised of a non-luminous and non-baryonic form of matter known as the “dark matter” (DM).
The first conjecture regarding its existence was made by Fritz Zwicky in 1930’s while estimating
the mass of the Coma cluster [34]. He reported a mismatch of∼ 100 times between the gravitional
mass of the cluster calculated using virial theorem and the total luminousmass. He referred to the
missing mass as “Dunkle materie” or dark matter. However, his observations were greatly ignored
until the 1970swhenVera Rubin [35] reported similar observationswithin the galaxies themselves.
She observed that the velocities of visible objects, like stars and gas, does not follow the usual
Newtonianmechanics, according to which, the velocity should decrease as v ∝ r1/2 (where r is the
distance from the center of the galaxy). As amatter of fact, the rotational velocity curve flattens out
at distances much larger than the galactic radius as depicted in Fig. 1.4a. This has been observed
in all galaxies including our ownMilky Way. Although there are ample evidences of the presence
of DM coming from astrophysical and cosmological observations, no particle candidate for it has
been found yet. Hence, it remains one of the most exciting open questions in physics till date.

The Cosmic Microwave Background (CMB) plays a very important role in quantifying the
abundance of the dark matter in the present Universe. The CMB radiation is characterized by
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Figure 1.5: A schematic diagram showing the different classes of dark matter candidates depending upon the mass of
DM. Fig. taken from [6]

a uniform black body spectrum at a temperature of 2.73 K with the anisotropy being at the level of
10−5. COBE [36], WMAP [37], Planck [17] satellites have been imaging the fluctuations in the CMB
temperature over the entire sky over different angular scales which is represented by the power
spectrum shown in Fig. 1.4b. Using the ΛCDM cosmological model, it is possible to fit the CMB
power spectrum with parameters such as the energy density of different matter components and
radiation. The most recent data by Planck suggests that the present day abundance of dark matter
in the Universe is [17]

ΩDMh
2 =

ρDM
ρc

= 0.120± 0.001 (1.43)

where h = H0/(100 kms−1Mpc−1), is the present day normalized Hubble expansion rate (H0) of
the Universe, while ρDM and ρc =

3H2
0

8πG are the DM density and the critical density of the Universe
respectively.

The mere fact that dark matter needs to be massive matter particles which experience grav-
itational force and weakly interact with other particles makes our lives complicated since the
SM does not account for any such particle in its list. This has led to several beyond the Stan-
dard Model (BSM) proposals which can successfully explain DM in the Universe. Fig. 1.5 is a
schematic diagram showing the different possible DM candidates along with their typical mass
ranges. Among different BSM prescriptions, the paradigmwith a generic weakly interacting mas-
sive particle (WIMP) is well motivated. In such scenarios, the DM particle has mass and interac-
tions typically around the electroweak ballpark and can give rise to the correct dark matter relic
abundance, a remarkable coincidence often referred to as the “WIMPMiracle”. For some compre-
hensive reviews/articles on particle dark matter and WIMPs, see [6, 38–43].

Another reason formuch dispute in the scientific communitywas due to the fact that neutrinos
are the only fermions which are massless in the SM. Ever since the first hint that neutrinos might
have mass came from the Homestake experiment [44] by Raymon Davis Jr. and collaborators
during 1970, there has been significant evolution of neutrino phenomenology beyond the SM. The
scientists observed a reduction in the solar neutrino flux compared to the theoretically calculated
one. However, the results were not compelling enough at that moment. Later, in June 1998, the
Super-Kamiokande collaboration reported the observation of a deficit in the detected atmospheric

TH-2853_166121012



1.2. Need For Beyond the Standard Model 13

neutrino flux compared to the expected flux providing strong evidence for neutrino oscillations
[45]. This paved the way for a whole new area of research and was enough for scientists to believe
that the SM needs to be extended. We now know that neutrinos not only have non-zero mass
but different flavours of neutrinos mix with each other and over time change from one flavour
to another. At present the best estimate of the neutrino oscillation parameters from a fit to the
global data is summarized in Fig. 1.6. There are quite a few theoretical models which succesfully
generate tiny neutrinomasses at or beyond tree level. Themost popular one is the tree-level seesaw
mechanism [46–53] and its variants [54–58] as well as somemechanisms to generate neutrinomass
at the one loop level [59–63]. However, many other questions related to neutrino physics still
remain a mystery. For example, there is no concrete answer as to why the neutrino masses are
so small or why there is a hierarchy in the masses and mixing angles; we do not know whether
neutrinos are Dirac or Majorana fermions or whether there is CP violation in the lepton sector
similar to the quark sector. Therefore it is not only important to ramp up experimental efforts in
order to find answers to these questions but to also develop unique theoretical description of the
non-trivial lepton Yukawa structure.

Amusingly, SM neutrinos were once considered to be the solution to the dark matter problem
since they are massive, electrically neutral and are weakly interacting with other particles. How-
ever, the formation of the observed large scale structures depends a lot on the velocity of the dark
matter particles at the time of the beginning of structure formation. The rest mass of neutrinos are
so small that it would have been extremely relativistic ("hot") at the onset of structure formation
thatwouldwash out the anisotropies and prevent the growth of small-scale structures. This is con-
trary to what is observed in the Universe and hence the dark matter needs to be non-relativistic
("cold"). There is a possibility of the existence of exotic new types of neutrinos, such as sterile
neutrinos or heavy Majorana neutrinos, which are also motivated from the point of view of small
active neutrino masses inferred from neutrino oscillation. For a nice and comprehensive review
on neutrino physics, see [64].

Another important issue that the SM cannot provide an answer for is the fact that there is a
huge abundance of matter over antimatter in the present Universe also known as the baryogenesis
problem. The baryon-to-photon ratio, defined as

ηB ≡
nB − nB̄

nγ
, (1.44)

is measured to be ∼ 6× 10−10 in the present Universe from Big-Bang Nucleosynthesis (BBN) [65]
and CMB data [66]. Here, nB, nB̄ and nγ denote the number densities of baryons, antibaryons and
photons, respectively. However, it is expected that when the Universe started with a Big Bang,
equal amounts of matter (baryons) and antimatter (antibaryons) were produced. Hence there
must be some dynamical evolution due to which we are left only with matter particles at present
times. This was first realized by Sakharov in 1967 [67] and he suggested that in order to succesfully
explain the baryon asymmetry of the Universe, the following conditions need to be satisfied : (i)
baryon number violation, (ii) C and CP violation and (iii) loss of thermal equillibrium. The SMhas
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Figure 1.6: The figure summarizes the present status of the light neutrino masses and mixings for normal and inverted
hierarchy scenarios from a global analysis of neutrino oscillation measurements by the νFIT Collaboration [7, 8]
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all the ingredients of successfull generation of the above conditions. Baryon number is violated
through triangle anomalies, CP violation occurs during quarkmixing and out-of-equillibrium con-
dition is achieved during electroweak phase transition [68]. However, the amount of CP violation
is many orders of magtinude smaller than what is required in order to explain the observed asym-
metry. Therefore, it fails to provide a solution to this problem and we need to go beyond it.

There are individual solutions to each of these issues andmany BSM scenarios also solve more
than one problem at a time. There are many other drawbacks such as the Higgs vacuum stabil-
ity problem [69–71], the hierarchy problem, gauge coupling unification issue [72] etc. which are
complications related to the theoretical formulation of the SM and require modifications to the
theory. The general proposals include extension of either the SM gauge symmetry or addition of
new particles to the spectrum within the SM gauge group. However, the need of the hour is not
only to extend the theoretical framework of the SM but to also validate it in experiments. Unfor-
tunately, there has been no other direct detection of new particles at LHC or other colliders in the
last decade barring that of the Higgs boson. Direct detection experiments of dark matter particles
have also produced null results, thereby producingmore andmore stringent upper bounds on the
WIMP-nucleon scattering cross-sections. The much sought-after heavy neutrinos, required in or-
der to explain the tiny neutrino masses, have also not been found. Under such circumstances, it is
highly motivating to adopt an alternate avenue through which one can look for new physics (NP)
via tiny deviations from SM expections in low energy experiments. In recent times, this approach
has been further facilitated by the precisions of the theoretical predictions and experimental mea-
surements. This is precisely where “flavour physics” plays a crucial role and has been pivotal in
the discovery of physics beyond the Standard Model.

1.3 Relevance of Flavour Physics

The foundations of flavour physics is embedded in the Yukawa structure of the SM as discussed
in sec. 1.1. It is interesting to see that in absence of the Yukawa terms, there exists a global U(3)5

symmetry or “flavour symmetry” for a total of 5 fermion families (QL, uR, dR, LL, eR) with 3 copies
(generations) of each field. The Yukawa Lagrangian in Eqn. (1.3) explicitly breaks the flavour sym-
metry in the SM by introducing a hierarchy in the fermion masses, a separation between up and
down type quarks and mixing between different generations of quarks. The residual symmetry
allow us to rotate the quark fields in a way such that only one of the two quark-mass matrices is
diagonal (CKMmechanism discussed earlier).

The SM has emerged through both theoretical and experimental discoveries spanning the last
couple of decades. Also, it has been extensively tested and reaches a point of highest develop-
ment after the discovery of Higgs. In this development, flavour physics has played a central role.
As discussed earlier, the CKM mixing matrix in charged weak interactions represents the single
source of CP violation in the quark sector. The FCNCs have also played an essential role in indicat-
ing the key pieces of evidence of the existence of charm quark, weak gauge bosons and top quark
even before their discovery. The CKM mechanism’s success was that it could predict a large set
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of physical phenomena spread over a massive energy scale from nuclear decays to the top quark
mass with an economical set of only four independent parameters. Despite these successes, the
SM fails in some key aspects, which has been discussed in the last subsection. The extensions of
the SM are expected to address these issues by introducing new degrees of freedom beyond the
SM. New particles or interactions introduced at a high scale could have a related shorter-distance
interaction. Therefore, apart from the direct searches at the colliders, low energy observables will
play an essential role in the indirect detection of the new particles through deviations from the
respective SM predictions.

In the SM, the tree-level processes are mediated by charged current interactions, and the de-
cay rates are directly sensitive to the square of the CKM elements. On the other hand, the FCNC
processes are loop suppressed in the SM, and the corresponding amplitudes are sensitive to the
product of CKM elements. Due to its simple and constrained structure in the SM, the weak pro-
cesses are potentially sensitive to new interactions beyond the SM and therefore, can be a potent
probe of models beyond the SM. It is necessary to measure the CKM parameters very precisely,
and during the last few decades extensive research has been performed at the BaBar, Belle and
LHCb experiments. High-luminosity experiments like Belle-II has also become operational and
within a few years we will expect a wealth of precise data which could be useful to put constraints
on new physics model parameters. Siginificant development has been made on the theory side
as well. As for example, precise predictions on the non-perturbative parameters like form-factors,
decay constants, bag-factors etc. are available from lattice QCD. In the following, we breifly re-
view the main experimental constraints on the relevant parameters of the CKM unitarity triangle
which will be later relevant for discussions present in the thesis.

Both the ∆F = 1 decays as well as ∆F = 2 meson mixing processes provide important con-
straints on the Wolfenstein parameters. Here F denotes the flavour quantum number which is
changing during the process. The ∆F = 1 processes may involve both tree or loop level leptonic,
semileptonic decays as well as hadronic decays. Direct measurements of the elements of the first
two rows of the CKM matrix are available. The precise determination of the Fermi constant GF
frommuon decay [73] has been quite instrumental in facilitating the absolute determination of the
magnitude of the CKM elements. The first element of the matrix, Vud is most precisely determined
from the super-allowed 0+ → 0+ nuclear beta decays [74, 75]

|Vud| = 0.97420(21). (1.45)

Although the semileptonic electroweak process π+ → π0e+νe, is by far the most theoretically
clean probe of |Vud|, the tiny branching fraction O(10−8) makes it difficult to achieve the precise
determination of |Vud| unless statistically large amount of data are collected. The knowledge of
|Vud| from neutron beta-decay experiments are not very reliable since the mean-life of the neutron
measured from two different methods yield different results and hence cannot be meaningfully
averaged. The leptonic and semileptonic Kaon decays are known as the “golden modes” of extrac-
tion of CKM elements. The K`3 processes K0

L → π±`ν` and K+ → π0`ν` are traditionaly used in
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the determination of the quantity [76]

|Vus|f+(0) = 0.2165(4). (1.46)

The leptonic modesK → µν(γ) and π → µν(γ) (known as theK`2 and π`2 decays respectively), on
the other hand, help us to obtain the ratio |Vus||Vud|

fK+

fπ+
. The only source of uncertainty in leptonic de-

cays come from the decay constantmeasurements. Hence, the precise extraction of Vus requires the
accurate determination of the hadronic quantities like the Kaon and pion decay constants fK , fπ
and the semileptonic form factor at zero momentum transfer f+(0), all of which, can be obtained
using lattice QCD techniques [77]. Recently there has been an emerging tension between the ab-
solute values Vus coming from different sources [78]. They are : (i) Vus fromK`3 decays using the
knowledge of f+(0), (ii) Vus from the ratio (Vus/Vud)

K`2 using CKM unitarity, (iii) Vus from CKM
unitarity using the input of Vud from superallowed nuclear beta-decays and (iv) from the ratio of
(Vus/Vud) from the ratio of tau decays τ → Kν/τ → πν. The violation is at the level of ∼ 4σ.
This is known as the Cabibbo Angle Anomaly (CAA). There are many new physics explanations
to this discrepancy [79–86]. |Vcd| and |Vcs| can be extracted from the leptonic and semileptonic
decays ofD,D+ andD+

s mesons. Various experimental collaborations like Belle [87], BABAR[88],
BES III[89–91] etc have provided measurements on fπ+(0)|Vcd| and fK+ (0)|Vcs|. The errors are dom-
inated by the theoretical uncertainties of the form factors. Generally, the flavour-taggedW+ → cs̄

decays help to probe Vcs directly and is found to be [1]

|Vcs| = 0.94+0.32
−0.26 ± 0.13. (1.47)

On the other hand, from the neutrino scattering data, one can obtain Vcd with sufficient precision
as [1]

|Vcd| = 0.230± 0.011. (1.48)

Both Vub and Vcb are best determined from the semileptonic b → (u, c)`ν decays, (` = e, µ).
However, there exists a tension between the determinations from the inclusive and exclusivemodes
in both cases. On the basis of unitarity, |Vub| is expected to be very small. The total inclusive
semileptonic decay rate to charmless final states, Γ(B → Xu`ν`) (Xu = π, ρ, ω, η, η′) can be re-
liably calculated using an operator product expansion known as the Heavy Quark Expansion
(HQE). However, there is an overwhelming background from the abundant semileptonic decays
to charmed final states, B → Xc`ν`. Limited theoretical knowledge of the form factors also make
the precise determination of |Vub|, a challenging task. There are different techniques to model the
QCD shape functions for the extraction of inclusive Vub. However, the result from the different
approaches do not agree well with each other. Belle has recently analyzed the inclusive spectra
with hadronic-tagging and extracted the values of |Vub| by four different methods (BLNP, DGE,
GGOU, ADFR) and the average of all these result in [92]

|Vub|incl = (4.10± 0.09± 0.22± 0.15)× 10−3. (1.49)
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Currently the best estimate of |Vub| is from B → π`ν since the branching ratio is now known to
∼ 5% accuracy and precise calculations of the B → π form factors from Lattice QCD and Light-
cone sum rules (LCSR) are also available. The PDG average of the exclusive determination is [93]

|Vub|excl = (3.70± 0.10± 0.12)× 10−3. (1.50)

Using some updated inputs of the form-factors from LCSR for non-zero values of q2, the exclusive
determination of Vub from B → π`ν decay is found to be [94, 95]

|Vub|excl = (3.91± 0.13)× 10−3 (1.51)

which is closer to the inclusive determination. The measurement of the branching fraction of the
leptonic decay B → τν is consistent with the SM prediction and also useful for extracting |Vub|.

The determination of Vcb is crucial in measuring the length of the side of the UT opposite
the angle β which is proportional to the quantity |Vub|/|Vcb|. The extraction of Vcb requires the
knowledge of form factors which are calculated using the HQET. Preliminary results on the form-
factors at non-zero recoil by the lattice groups like Fermilab-MILC and JLQCD are also available.
PDG summarizes the values obtained from the inclusive and exclusive determinations as [93, 96]

V incl
cb = (42.2± 0.8)× 10−3,

V excl
cb

∣∣∣∣
B→D∗`ν

= (39.56+1.04
−1.06)× 10−3, V excl

cb

∣∣∣∣
B→D`ν

= (40.84± 1.15)× 10−3
(1.52)

Additionally, the ratio of |Vub|/|Vcb| can also be constrained from the baryonic Λ0
b decays [97].

The elements of the third rowof theCKMcannot be directlymeasured from tree level processes
involving the top quark. One needs to resort to the loop mediated B or K meson decays and
oscillations which are dominated by hadronic uncertainties. The products (VtbV

∗
td), (VtbV

∗
ts) can be

probed directly from B0, B0
s oscillation frequencies respectively, which are measured to be [98]

∆md = (0.5065± 0.0019)ps−1, ∆ms = (17.757± 0.021)ps−1. (1.53)

The accuracy of these results depend on the determination of the bag factors for which we need
to rely on lattice simulations. The mixing phase, φs, corresponding to the B0

s −B
0
s mixing, is also

known to a pretty good accuracy and its current best estimate is φs = −0.055(21) [98].
The amplitude of the rare B0

s → µ+µ− decay is directly proportional to the factor (VtsV
∗
tb) and

hence the measurement of the branching fraction provides a complementary measure of the 3rd

row CKM elements. LHCb presented an update on this decay channel using full Run 1 and Run 2
dataset [99]

B(B0
s → µ+µ−) = (3.09+0.46+0.15

−0.43−0.11)× 10−9 (1.54)
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while the most recent measurement by the CMS Collaboration quotes [100]

B(B0
s → µ+µ−) = (2.9± 0.7± 0.2)× 10−9 (1.55)

which is the most precise measurement on this mode till date. This leaves almost no room for NP
with the corresponding SM prediction being [101, 102]

B(B0
s → µ+µ−)SM = (3.66± 0.14)× 10−9. (1.56)

The measure of indirect CP violation in Kaon oscillations, εK , also puts important constraints on
UT by directly affcecting the imaginary parts of the products (VcsV

∗
cd) and (VtsV

∗
td). The present

estimate of this CP violating parameter is [1]

|εK | = (2.228± 0.011)× 10−3 (1.57)

The bag factor parameter, BK , which enters the dynamics of the Kaon oscillations, has also been
precisely estimated from Lattice simulations. |Vtb| can also be determined directly from the cross
section for single top quark production, ratio of branching ratios B(t → Wb)/B(t → Wq) as well
as from LEP electroweak precision measurements. However, the results are not very competetive.

The angles of the CKM matrix are all determined from hadronic decays of heavy mesons. α
is extracted from a Dalitz plot analysis of time-dependent CP asymmetries in B → ππ, ρρ and
ρπ decays. The angle β is a measure of CP violation arising in the interference between mixing
and decay of b → cc̄s transitions such as Bd → J/ψKs, J/ψK

∗, D∗+D∗− etc. CP asymmetries in
B± → D(∗)K(∗)±, B± → D(∗)π±, B0 → DK∗0 and Bs → DsK decays are sensitive to angle γ. The
latest world averages of these angles are [103]

α = (85.2+4.8
−4.3)◦, β = (22.2± 0.7)◦, γ = (66.2+3.4

−3.6)◦ (1.58)

The LHCb Collaboration also does an independent global combination of angle γ based on their
own measurements of the angle from various decay modes. The results of their most latest com-
bination gives γ = (67± 4)◦ [104].

The CKMFitter group uses a combination of the above flavour physics data and applies a fre-
quentist χ2 fitting approach to obtain a viable parameter space of the CKM parameters in the SM
framework and is considered to be a good consistency test of the CKM paradigm. Their most re-
cent results are summarized in Fig. 1.2b where the different constraints are highlighted and the
apex of the UT is denoted by the red hashed region. Although the fit to the SM scenario is consis-
tent with most constraints, there might still be a scope for tiny NP contributions in the data that
may resolve the discrepancies related to the unitarity condition violation or the inclusive and ex-
clusive measurements etc. However, the potential sensitivity to new physics is not the same for all
processes. Hence it might be an interesting prospect to investigate the allowed region of certain
new physics scenarios through these flavour tests.
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Charged lepton flavour violating (cLFV) decays such as τ → µγ, µ→ eγ, τ → 3µ are also being
rigorously studied by experimentalists because they are highly sensitive to physics beyond the SM.
Amongst the above LFV decays the muonic modes are especially interesting since they occur in a
clean environment and therefore provide the most stringent bounds on NP parameters. So far, no
evidence of LFV decays have been found, thereby resulting in the following upper limits [1]

B(τ → µγ) < 4.4× 10−8, (1.59)

B(τ → eγ) < 3.3× 10−8, (1.60)

B(τ → 3µ) < 2.1× 10−8, (1.61)

B(τ → 3e) < 2.7× 10−8, (1.62)

B(µ→ eγ) < 4.2× 10−13. (1.63)

These upper bounds severely constrain NP models where charged lepton flavour violation is sig-
nificant such as SUSY. These limits are especially relevant for the neutrino mass generating mod-
els since different mechanisms predict different rates for cLFV [105]. LHCb has extended their
database by also collecting data on lepton flavour violating B-decays such as B+ → K+µ±e∓

[106], B0
s → e±µ∓, B0 → e±µ∓ [107, 108], B0

s → τ±µ∓, B0 → τ±µ∓ [109] etc. Again, only upper
limits have been reported.

1.4 Some Anomalous Results

Certain low energy observables in the rare semileptonic FCNC decays of theBmeson have hinted
towards the presence of new physics beyond the SM. The FCNC decays such as the b → s`+`−

are extremely useful to indirectly probe new physics at high scales since they are suppressed at
the tree level in the SM as the Z boson does not couple to quarks of different flavour. Hence, tiny
contributions to such decay observables beyond leading order from virtual new particles that are
too massive to be produced at colliders may lead to measurable deviations from the expected SM
prediction. The excitement in B-physics is high due to the fact that over the past few years, huge
amount of data has been collected by the B-factories such as Babar, Belle and LHCb and the current
precision and statistics enable us to disentangle the NP from the SM. The study of the rare decays
involving the b-quark is therefore one of the primary focus of this thesis.

The exclusive B → K(∗)`+`− (` = e, µ) decays with underlying b→ s`+`− transitions occur at
one loop level via box and penguin diagrams. Since the branching fractions of these decays suffer
from hadronic uncertainties, it is convenient to consider ratios of the form

RM ≡
∫ q2max
q2min

Γ(B→Mµ+µ−)
dq2

dq2

∫ q2max
q2min

Γ(B→Me+e−)
dq2

dq2
(1.64)

where the hadronic uncertainties cancel out, making them clean probes of NP. Here, M denotes
a meson (K,K∗ etc.), q2

min = 4m2
` (` = µ, e) and q2

max = (mB − mM )2. These observables also

TH-2853_166121012



1.4. Some Anomalous Results 21

help us to study an important property of the SM, the lepton-universality, which predicts that the
different flavours of leptons have similar electroweak interactions. Hence, these ratios are also
known as Lepton Flavor Universality (LFU) ratios and both their SM expectations are unity [110–
112]. However, the most precise experimental measurements from LHCb [113, 114]

RK = 0.846+0.042+0.013
−0.039−0.012 for q2 ∈ [1.1, 6.0] GeV2, (1.65)

RK∗ =





0.66+0.11
−0.07 ± 0.03 for q2 ∈ [0.045, 1.1] GeV2,

0.69+0.11
−0.07 ± 0.05 for q2 ∈ [1.1, 6.0] GeV2

(1.66)

are in tension with respect to unity by 3.1 and 2.4σ respectively. The Belle collaboration has also
tested the lepton flavor universality in B → K∗`+`− decays and obtained a value of RK∗ which
has huge uncertainty and is hence consistent with SM.[115]. Disregarding the Belle datawith large
error bars, the precise data from LHCb hints towards lepton flavour universality violation (LFUV)
between electrons and muons. One would therefore naively expect it to be present with respect to
tau as well. This has been examined in the charged currentB → D(∗) decays through similar LFU
ratios as described in Eqn. (1.64)

RD(∗) ≡ B(B → D(∗)τ ν̄τ )

B(B → D(∗)`ν̄`)
(` = e, µ). (1.67)

The experimental world averages of these ratios are [98]

RD = 0.340± 0.027± 0.013, RD∗ = 0.295± 0.011± 0.008, (1.68)

while the SM predictions are [96, 98]

RSMD = 0.299± 0.003, RSMD∗ = 0.252± 0.007, (1.69)

which have a combined 3σ discrepancy amongst each other.
Interestingly, although there exists hints of LFUV, there exist no sign of presence of lepton

flavour violating decays such as τ → µγ, µ→ eγ, τ → 3µ etc. as discussed previously. There are a
plethora ofmodel-independent studies present in the literature based on the available binned data
on branching fractions as well as angular observables that highlight the important features that
need to be present in NP models [116–124]. Interestingly, the origin of such discrepancies could
be the presence of one or more new interactions (like vector, scalar etc.) beyond the SMwhich can
also have a close connection to the dark sector. Such possibilities are extensively studied in the
thesis.

The muon has attracted a lot of attention, not only due to discrepancies in the LFUV observ-
ables, but also due to the long standing anomaly between themeasured and predicted values of its
magnetic dipole moment. The Landé g-factor of a charged elementary particle with half-integer
instrinsic spin is equal to 2 at the tree level, first predicted by Dirac in 1928 for electrons [125]. Any

TH-2853_166121012



22 Chapter 1. Introduction

departure from this value due to higher order corrections is known as the “anomalous magnetic
moment” and is defined as

a` ≡
g` − 2

2
, (1.70)

which includes the quantum loop effects and parametrizes the small calculable deviation from
g` = 2 for charged leptons (` = e, µ, τ).

The anomalous magnetic moment of muon has been measured very precisely while it has also
been predicted in the SM to a great accuracy. The SM contributions to aµ come from QED, elec-
troweak and hadronic loop corrections respectively. For a recent review on the theoretical and
experimental status of muon g-2 read [126]. During the early days of my PhD, the most precise
measurement of muon anomalous magnetic moment was given by the Brookhaven National Lab-
oratory (BNL) as

∆aµ = aexpµ − aSMµ = 26.8(7.6)× 10−10, (1.71)

which deviated from the SM prediction by 3.7σ [127]. However, the most recent result from the
run 1 of the Muon g − 2 experiment at Fermilab [128],

∆aµ = aexpµ − aSMµ = 25.1(5.9)× 10−10, (1.72)

is an improvement over the previous Brookhaven result and indicates a strengthened anomaly at
∼ 4.2σ. More data are expected to be analyzed by Fermilab in the coming years aiming to reduce
the uncertainty by a factor of 4 compared to the Brookhaven result. If the experimental result
persists then we expect to observe a ∼ 7σ inconsistency with the SM prediction.

There has also been an improvement in the measurement of the fine-structure constant which
points towards a deviation in the electron anomalous magnetic moment from its theoretical esti-
mate by a negative 2.4σ. Although both the above results have significant room for NP, the op-
posite sign disparity between the two anomalous magnetic moments makes it quite difficult to
simultaneously explain them from a common BSM framework.

1.5 Objective of the Thesis

The source of the discrepancies in these low energy experiments may be attributed to some heavy
scale physics belonging to a dark sector. The main purpose of this thesis is to explore some
BSM models that can simultaneously accomodate the low energy observables, like data from B-
factories, muon anomalous magnetic moment and the LFV data as well as give rise to a stable DM
candidate whose relic abundance is generated by the correct amount. To achieve this we have ex-
tended the particle content in the minimal possible way such that FCNCs can be generated at the
one loop level. We have also investigated the possibility of neutrinomass generation in some of our
works. The predictability of our models can be attributed to the different and unique observable
collider signals at present and future high luminosity LHC runswhich have been investigated. The
direct impact of precisely determined flavour observables, such as the CKM elements, on simple
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dark matter models have also been studied. DM interactions with SM quarks is important for its
direct detection throughnuclear recoil in scattering experiments. But, such interactionswould also
be subject to stringent constraints from flavour changing charged current decays. Such constraints
on the DM parameter space have never been considered before and therefore, it is important to
re-examine the parameter space of such models.
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Chapter 2

Methodology

In this chapter we would look into some of the concepts, tools and methods which will be widely
used throughout the rest of the thesis. In particular we would explore the weak effective Hamilto-
nian for the semileptonic B-decays and mixing, the use of statistical methods for constraining SM
and BSM parameters in a model-independent way and study the boltzmann equation useful for
the thermal freeze-out of dark matter.

2.1 Theoretical Framework

2.1.1 Effective Field Theory for B-decays and Mixing

Effective field theory (EFT) is an extremely useful tool to incorporate physics at high energy scales
(short distances) into the lower energy scale (long distance) by integrating out the heavy degrees
of freedom, leaving an effective lagrangian that can be expressed as a dimensional expansion

L = L0 +
L1

Λ
+
L2

Λ2
+ ....+

Ln
Λn

(2.1)

where L0 contains all renormalizable interactions while Ln, n ≥ 1, is a combination of non - renor-
malizable operators of dimension n+ 4 suppressed by n-th power of the new physics energy scale
Λ. The separation of scales makes the theory simpler by removing irrelavant degrees of freedom
and extracting useful information of physical processes that are relevant at that low scale. The
Fermi theory of beta decay is by far the best example of an EFT where the W-boson mass is inte-
grated out in order to express the decay as a four-point interaction. Other examples include the
effective theory of low energy QCD or the chiral perturbation theory (CPT), the theory of hadrons
described by the heavy quark effective theory (HQET) etc. A very useful lecture note on EFT can
be found in [129].

The EFT approach has been extensively used in studying the B-meson decays at the scale of
the bottom quark mass since it is much smaller than the top mass and weak interaction scale.
However, since QCD is inherently involved in the meson decays, the theoretical formulation of
the interplay of QCD with weak interactions become complicated. Two tools that come to our
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rescue in this endeavour are the operator product expansion (OPE) [130] and renormalization
group [131]. Using OPE one can write the amplitude of any weak meson decay process as

A =
∑

i

Ci(µ) 〈Oi(µ)〉 (2.2)

where Ci’s are the Wilson coefficients (WCs) containing the information about the short-distance
effects, 〈Oi(µ)〉 are the matrix elements of the local operators consisting of long distance contri-
butions and µ is the factorization scale. Fields which are heavier than the factorization scale (for
example, W, Z bosons, top, exotic heavy particles etc.) are integrated out and their information
get embedded in theWilson coefficients. Therefore, using OPE, one can separate the problem into
two parts such that we can interpret

∑
iCiOi as the effective Hamiltonian of the process under

consideration withOi as the effective vertices and Ci the corresponding coupling strengths. Since
quarks are confined [132], it is only possible to probeweak interactions in a hadronic environment.
So the matrix elements are sensitive to long-distance QCD effects which are not perturbative and
calculable [133–138]. Alternative techniques are used to estimate the hadronic parameters such as
Lattice QCD, light-cone sum rules (LCSR), 1/N expansion, HQET etc which are beyond the scope
of this thesis. For more details refer to the following books/reviews [139–150]. The WCs in the ef-
fective theory are calculated using perturbations theory. However, the scale of the hadronicmatrix
elements are much lower (in case of B-meson decays it is the b-quarkmassmb) than the weak scale
at which the Wilson coefficients are calculated. Due to the presence of such vastly different scales,
large logarithms appear in the calculation which destroy the validity of the perturbation theory.
This issue is tackled by summing up large logarithmic terms upto all orders in perturbation theory
using renormalization group (RG). So the matching of an effective theory onto a full theory is first
done at the high energy scales (corresponding to the scale of each particle that is integrated out)
and then the Ci’s are evolved down to lower energy scales using renormalization group equations
for application to low-energy processes such as B meson decays. In the following sections we are
going to elaborate on the effective Hamiltonians of the b→ s`` and b→ c`ν̄` transitions.

b→ s`` Transitions : The effective Hamiltonian for the b→ s transitions at low energy can be
written as [151–153]

Hb→seff = −4GF√
2
VtbV

∗
ts


 ∑

i=1...6

CiOi +
∑

i=7,8,9,10,S,P

(CiOi + C ′iO′i)


+ h.c. (2.3)

Here, the twice Cabibbo-suppressed contributions (∝ VubV
∗
us) have been safely neglected com-

pared to the ones mentioned above. Oi and O′is are the dimension six effective operators which
are given as below,

O1 = (s̄αcβ)V−A(c̄βbα)V−A, O2 = (s̄c)V−A(c̄b)V−A,

O3 = (s̄b)V−A
∑

q

(q̄q)V−A, O4 = (s̄αbβ)V−A
∑

q

(q̄βqα)V−A,
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Figure 2.1: Quark level Feynman diagrams for the SM effective operators corresponding to the b→ s transition.

O5 = (s̄b)V−A
∑

q

(q̄q)V+A, O6 = (s̄αbβ)V−A
∑

q

(q̄βqα)V+A,

O7 =
e

g2
mb(s̄σµνPRb)F

µν , O′7 =
e

g2
mb(s̄σµνPLb)F

µν ,

O8 =
1

g
mb(s̄σµνT

aPRb)G
µν , O′8 =

1

g
mb(s̄σµνT

aPLb)G
µν ,

O9 =
e2

g2
(s̄γµPLb)(l̄γ

µl), O′9 =
e2

g2
(s̄γµPRb)(l̄γ

µl),

O10 =
e2

g2
(s̄γµPLb)(l̄γ

µγ5l), O
′
10 =

e2

g2
(s̄γµPRb)(l̄γ

µγ5l),

OS =
e2

16π2
(s̄PLb)(l̄l), O

′
S =

e2

16π2
(s̄PRb)(l̄l),

OP =
e2

16π2
(s̄PLb)(l̄γ5l), O

′
P =

e2

16π2
(s̄PRb)(l̄γ5l), (2.4)

where α and β denote the color indices and the labels (V ± A) refer to γµ(1 ± γ5). The operators
O1,2, O3,..,6, O7, O8 and O9,10 are the current-current, QCD penguin, electromagnetic penguin,
chromo-magnetic penguin and semileptonic operators respectively. The Feynman diagrams lead-
ing to these operators are shown in Fig. 2.1. They appear in the SM effective theory, as well as
in specific BSM scenarios, while the rest (scalar operator OS , pseudoscalar operator OP and all
primed ones) will appear only in NP models. The Wilson coefficients corresponding to the SM
effective operators can be found in [151]. In this case the Wilson coefficients are calculated at a
matching scale µ = mW in a perturbative series expansion of the strong coupling constant αs and
then evolved down to the scale µ ≈ mb.

Another important rare decay mode that plays a crucial role in constraining new physics sig-
nals is Bs → µ+µ−. In the operator basis of Eqn. (2.4), the expression for the branching fraction,
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in presence of BSM contributions, is given by

B(Bs → µ+µ−) = τBsf
2
Bsm

3
Bs

G2
Fα

2

64π3
|VtbV ∗ts|

√
1−

4m2
µ

m2
Bs

[
m2
Bs

m2
b

(
1−

4m2
µ

m2
Bs

) ∣∣∣CS − C
′
S

∣∣∣
2

+

∣∣∣∣
mBs

mb
(CP − C

′
P ) + 2

mµ

mBs

(C10 − C
′
10)

∣∣∣∣
2 ]
.

(2.5)

We have alreadymentioned in the previous chapter, cf. equations (1.54) and (1.56), that the experi-
mental observation and theoretical prediction of the above branching fraction are highly consistent
with each other within the error bars. Hence, the operators, C(′)

S and C(′)
P , are tightly constrained

by the data on B(Bs → µ+µ−). Therefore, the contributions from the scalar and pseudoscalar op-
erators can not explain the observed anomalous results inRK(∗) [154, 155]. The operators relevant
for the decay b → s`+`− are given by O(′)

9,10. Model-independent analysis with b → s global data
suggests that O9 is the only one operator scenario that can simultaneously explain all the data in
b → s decays [116–120, 156, 157] and there is almost no room left for NP in O10. However, there
are a few two or three operator scenarios which can best explain the data at the moment, and that
includes the combination O9 and O10. The expression for the decay rate in the operator basis of
Eqn. (2.4) can be found in [152].

b→ c Transitions : The most general effective Hamiltonian governing the b→ c`ν̄` transitions
is given by

Hb→ceff =
4GF√

2
Vcb

[
(δ`` + C`V1)O`V1 + C`V2O`V2 + C`S1

O`S1
+ C`S2

O`S2
+ C`TO`T

]
(2.6)

where C`X (X = V1, V2, S1, S2, T ) are the Wilson coefficients corresponding to the operator basis

O`V1 = (c̄Lγ
µbL)(¯̀

LγµνL),

O`V2 = (c̄Rγ
µbR)(¯̀

LγµνL),

O`S1
= (c̄LbR)(¯̀

RνL), (2.7)

O`S2
= (c̄RbL)(¯̀

RνL),

O`T = (c̄Rσ
µνbL)(¯̀

RσµννL).

The flavour of the neutrino is not determined experimentally in B decays and so all neutrino
flavours (ν = νe, νµ, ντ ) are considered. Also the operator basis is constructed by assuming that
neutrinos are left-handed. There is only one dimension six effective operator that appears in the
SM i.e O`V1 . The SM contribution comes from the term δ`` and all other Wilson coefficients (C`X )
are zero.

Babar, Belle and LHCb collaborations have collected sufficient data on B → D(∗)`ν̄` decay
mode which includes RD(∗) , tau polarization Pτ , D∗ polarization FL(D∗) and forward-backward
asymmetry AFB . The decay distributions in presence of NP can be found in [158, 159].
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2.2 Numerical Framework

2.2.1 Boltzmann Equation for Dark Matter Freeze-Out

A WIMP dark matter which was in thermal and chemical equillibrium with the hot SM bath in
the early Universe is known to achieve its relic density through thermal freeze-out mechanism.
During thermal equillibrium the production and annihilation rate of the DM particles are same.
As the temperature of the Universe drops due to its adiabatic expansion, the interaction rate, Γ,
of DM starts to reduce due to increased dilution in the number density of DM and at a certain
epoch, it falls below the expansion rate of the Universe H (the Hubble rate) i.e Γ . H . When this
happens, the DM particles decouple or freeze out of the thermal bath and their number density
asymptotically reaches a constant valuewhich is called the relic density. The present day relic den-
sity of the DM in our Universe is found to be Eqn. (1.43). The accurate description of decoupling
can be found out by solving the Boltzmann equation which governs the microscopic evolution of
the phase space distribution function.

The evolution of the number density of DM, nχ, in the expanding Universe is described by the
following Boltzmann equation

dnχ
dt

= −〈σv〉ann(n2
χ − n2

χ,eq)− 3Hnχ (2.8)

where H is the Hubble constant, 〈σv〉ann is the thermally averaged annihilation cross-section and
nχ,eq is the equillibrium number density of the DM which is given by

nχ,eq =




g
(
mχT
2π

)3/2
e−

mχ
T mχ >> T

g
(
T 3

π2

)
mχ << T

(2.9)

when the temperature of the thermal bath is T . Here g denotes the number of internal degrees
of freedom of the DM and mχ is its mass. The thermally averaged cross-section 〈σv〉 is usually
expressed in terms of partial waves

〈σv〉 = a+ b〈v2〉+ d〈v4〉.... (2.10)

where a,b,d are the leading s-wave, p-wave and d-wave contributions to the cross section respec-
tively. The first term on the RHS of Eqn. (2.8) is the collision term that accounts for the DM reaction
ratewhile the second term accounts for the dilution due to the expansion of theUniverse. It ismore
convenient to express the Boltzmann equation in terms of the DM yield Y = nχ/swhere nχ is the
comoving number density and s is the total entropy density per comoving volume given by

s =
2π2

45
g?s(T )T 3 (2.11)
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Figure 2.2: The evolution of the number density of dark matter per unit comoving volume as a function of x or time.
Figure taken from [9].

with
g?s(T ) =

∑

i=bosons

gi

(
Ti
T

)3

+
∑

i=fermions

7

8
gi

(
Ti
T

)3

. (2.12)

It is also convenient to rewrite Eqn. (2.8) in terms of a new time variable x =
mχ
T which sets the

scale for DM freeze-out. The Boltzmann equation as a function of x is given by

dY

dx
= −xs〈σv〉ann

H(mχ)
(Y 2 − Y 2

eq) (2.13)

where the Hubble parameter is given by H(x) = H(mχ)/x2 with H(mχ) = 1.66
√
g?ρ

m2
χ

MPl
, g?ρ =

∑
i=bosons

gi

(
Ti
T

)4
+

∑
i=fermions

7
8gi

(
Ti
T

)4
andMPl ≈ 2.4× 1018 GeV is the reduced Planck mass. The

equillibrium distribution can be expressed as

Yeq = 0.145
g

g?s
x3/2e−x (2.14)

Finally, we need to solve Eqn. (2.13) numerically in order to obtain the freeze-out of DM. Fig. 2.2
shows the evolution of a WIMP comoving number density over time. Let us understand the dif-
ferent features of this Boltzmann equation. At very high temperatures x << 1, the particles are
relativistic and the DM interactions aremuch larger than the expanion rate of the Universe. There-
fore the DM yield follows the equillibrium distribution until the time when the temperature of the
Universe ' DM mass i.e x ' 1. For x > 1, the equilibrium yield is exponentially suppressed and
annihilations become so scarce that the DM particles will not be able to maintain the equillibrium
abundance. This is the onset of freeze-out. When the temperature falls much below the DMmass,
the DM freezes out at x = xf = mχ/Tf where Tf denotes the freeze-out temperature. Once the
asymptotic yield Y (x∞) is obtained, we can use it to calculate the relic abundance of dark matter
as [42, 160]

Ωh2 =
ρ

ρc
=

mχs0
√
g?

3H2
0M

3
Pl0.26g?s

Y (x∞) (2.15)

TH-2853_166121012



30 Chapter 2. Methodology

Here, x∞ denotes a large enough value of x after decoupling and s0 is the present entropy density
of the Universe which is ≈ 3000 cm−3. For all practical purposes, one can obtain the approximate
analytical solution for relic density as [161] :

Ωh2 =
mχnχ
ρc

≈ 10−27cm3s−1

〈σv〉 . (2.16)

WIMPs generally freeze out at xf ≈ {20− 30}which can be obtained from the relation:

xf = ln
0.038gMPlmχ < σv >

g
1/2
? x

1/2
f

, (2.17)

that is derived from the equality condition of DM interaction rate Γ = nχ〈σv〉 with the rate of
expansion of the Universe H ≈ g1/2

?
T 2

MPl
(i.e, the freeze-out condition).

The thermally averaged annihilation cross section 〈σv〉 is given by [162]

〈σv〉 =
1

8m4
χTK

2
2 (mχ/T )

∫ ∞

4m2
χ

σ
√
s(s− 4m2

χ)K1(
√
s/T )ds , (2.18)

where Ki’s are modified Bessel functions of order i. Eqn. (2.16) denotes the relic abundance for
a single component dark matter particle. But in general, there may be more than one dark mat-
ter particle in a model. In that case we have to solve coupled Boltmann equations for the dark
matter evolution and depending upon the mass splitting between the different SM particles, co-
annihilation processes may play an important role in the dynamics of the evolution. In presence
of co-annihilation, the effective cross section can be expressed as [163]:

σeff =
N∑

i,j

〈σijv〉rirj

=
N∑

i,j

〈σijv〉
gigj
g2
eff

(1 + ∆i)
3/2(1 + ∆j)

3/2e

(
−xf (∆i+∆j)

)
, (2.19)

where ∆i =
mi−mχ
mχ

for i = 2, 3...., N number of DM components with masses mi. Total number
of effective DOF is given by:

geff =

N∑

i=1

gi(1 + ∆i)
3/2e−xf∆i . (2.20)

The thermally averaged cross section then reads:

〈σijv〉 =
xf

8m2
im

2
jmχK2((mi/mχ)xf )K2((mj/mχ)xf )

×
∫ ∞

(mi+mj)2
dsσij(s− 2(m2

i +m2
j ))
√
sK1(

√
sxf/mχ). (2.21)
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Figure 2.3: A schematic diagram showing the different methods od dark matter detection. Figure taken from [10].

Hence, the relic density boils down to the approximate analytical solution:

Ωh2 =
2.4× 10−10

σeff
GeV−2. (2.22)

2.2.2 Direct Detection of Dark Matter

There are three ways of detecting dark matter particles in complementary experimental setups
when they interact with the visible sector as depicted in Fig. 2.3. In this thesis we mostly concen-
trate on the direct detection (DD) possibilities of different DMmodels and hence we briefly review
the subject here.

We know that DM particles are electrically neutral and hence cannot be seen directly. But their
presence can be felt when they scatter off a target and produce a detectable recoil of the atomic
nucleus. Such a possibility of detecting WIMP DMwas first pointed out by Goodman andWitten
[164]. Therefore direct detection experiments were setup underground to protect the detector
from noise. The differential recoil rate per unit recoil energy for a DM of massmχ scattering with
a target nucleus of massmT is given by

dR

dER
= NTnχ

∫
dσ

dER
vf(v)d3v (2.23)

where, NT is the number of nuclei per unit target mass, nχ = ρχ/mχ is the local DM number
density, σ is the scattering cross-section of the DM with SM particle and f(v) is the DM velocity
distribution in the detector frame. The typical velocity of DM in our local DM halo ∼ 10−3.

The maximum recoil energy is given by

EmaxR =
|~q|2max
2mT

=
2µ2

Rv
2

mT
(2.24)

where, ~q is the momentum transferred to the recoiling nucleus and µR is the reduced mass of the
DM-nucleus system

µR =
mχmT

mχ +mT
. (2.25)
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Figure 2.4: Summary of the WIMP–nucleon spin-independent cross section limits from some current and proposed
direct detection experiments. The orange thick dashed line shows the background limit from solar, atmospheric and
diffuse supernovae neutrino scattering. Figure credit [11].

Typically, for a WIMP DM in the mass range ∼ (10 − 103) GeV scattering off a Xenon nucleus
(mT ∼ 131 GeV), say for example, the maximum recoil energy would range from ≈ (1− 200) keV.

The scattering cross-sectionmay vary depending uponwhether theDM-SM interaction is spin-
dependent or independent. In general, the largest scattering rate can be achieved in case of the
spin-independent scenario. The spin independent scattering cross-section is given by [165]

σSI =
4µ2

R

π
(Zfp + (A− Z)fn)2 (2.26)

where (Z,A) denotes the atomic and mass numbers of the target nuclei and fp, fn are the effec-
tive couplings of DM to protons and neutrons respectively. The spin-dependent cross-section, for
scattering against a target nuclei of spin J , is given by [165]

σSD =
32µ2

RG
2
F

π

J + 1

J
(ap〈Sp〉+ an〈Sn〉)2 (2.27)

where GF is Fermi’s constant, ap, an are the effective couplings of DM to protons and neutrons
respectively and 〈Sp,n〉 = 〈N |Sp,n|N〉 are the expectation values of the proton/neutron spin oper-
ator.

At present, the best limits on the spin-independent cross-section is put by XENON 1T [18]
which rules out spin independent WIMP-nucleon interaction cross section above 7.7× 10−47 cm2

for DM mass of ∼ 35 GeV, but the bounds are more relaxed for higher DM masses. This limit
improves upon the earlier upper bounds fromLUX [166]. TheXENONnT [167] andDARWIN [168]
are some of the proposed future direct detection experiments. The limits on the spin-dependent
cross sections are weaker compared to the spin-independent ones. The most recent upper bound
on the cross-section is 4.1 × 10−41 cm2 at 90% confidence level for mχ = 40 GeV/c2 reported by
the PANDA-II collaboration [169] while other similar bounds are also reported by LUX [170].
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2.2.3 χ2 Analysis

One of the most useful method of parameter estimation of a model based on experimental data is
the χ2-analysis. The chi-square (χ2) is a statistical quantity which is a function of the parameters of
a model and is used to test whether any given data are well described by the model hypothesis.
Such a method is known as the chi-square test for goodness of fit. In this section we will briefly
describe the basics of this technique. For a comprehensive book/review on the introduction to
statistical data analysis read [171, 172].

Let us suppose that N independent variables xi are normally distributed with a mean µi(xi;θ)

and variance σ2
i . Then the chi-square of the unknown fit parameters θ is defined as

χ2(θ) ≡ (x1 − µ1(x1;θ))2

σ2
1

+
(x2 − µ2(x2;θ))2

σ2
2

+ ...+
(xN − µN (xN ;θ))2

σ2
N

=
N∑

i=1

(xi − µi(xi;θ))2

σ2
i

.

(2.28)
Considering the fact that the values of xi randomly fluctuate about the mean µi, each term is close
to unity. Therefore, the value of the chi-square would be approximately equal to N when the
data are well described by our hypothized function which, in this case, is the mean xi. If the chi-
square is much larger than N, then one can conclude that the data are not well described by our
hypothesized set of µi. This is the very general idea of the chi-square test. It is conventional in the
literature to quote the reduced chi-square which is defined as χ2/nd where nd is the number of
degrees of freedom (dof). Hence for a model with only one free parameter, the reduced chi-square
is approximately equal to 1 for a good fit and greater than 1 otherwise.

The chi-square, in a sense, gives the probability of an observed outcome given a set of param-
eter values and therefore is regarded as the “likelihood” of the set of parameter values given the
observed outcome. Hence, the chi-square is related to the log-likelihood function as

χ2(θ) = −2lnL(θ) + constant (2.29)

where the constant represents terms that do not depend on the parameters. The set of parameter
values (θ̂) which minimize the chi-square is considered to be the best fit to the data. It is interest-
ing to note that the values of the parameters which minimize the chi-square are also those that
maximize the likelihood L. The value of the χ2 at its minimum (χ2

min) is a measure of the level
of agreement between the data and fitted curve and can therefore be employed as a goodness-of-
fit statistic to test the hypothesis. It can be shown that if the hypothesis is correct then the χ2

min

follows a probability distribution function given by

f(z;nd) =





z
nd
2 −1e−

z
2

2
nd
2 Γ(

nd
2

)
, z > 0

0, otherwise.
(2.30)

The goodness of fit can also be determined by the p-value of a hypothesis. The p-value is used
to determine whether there is evidence to reject the null hypothesis or our initial claim and is
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defined as
p =

∫ ∞

χ2

f(z;nd)dz (2.31)

where Γ(x) denotes the Euler gamma function. This gives the probability of obtaining a χ2
min as

high as the onewe obtain using θ̂, or higher, if the hypothesis is correct. The term significance level
is used to refer to a pre-chosen probability and if the p-value is less than the chosen significance
level then we reject the null hypothesis. In most cases the pre-specified probability is taken to be
5%. Hence, if p < 0.05, we reject our initial claim and go for an alternative hypothesis.

TH-2853_166121012



Chapter 3

Correlating the anomalous results in
b→ s decays with inert Higgs doublet
dark matter and muon (g − 2)

3.1 Introduction

We have already argued that the low energy observables inB decays andBq−B̄q (q = d,s) mixings
play an important role in the indirect detection of newphysics. In this regard, the FCNCprocesses,
such as b→ s, are unique in a sense that in the SM they contribute at the loop level thereby keeping
their contributions suppressed, in general. For the last couple of years, the semileptonic decays
b → s`+`− (` = µ, e) have gained a lot of attention. The measurements of the lepton universality
ratios RK(∗) by the different experimental collaborations have opened up an alternate avenue for
the search for new physics since the observed data indicate a possible violation of lepton univer-
sality. Although there is a clear hint of physics beyond the SM, the new physics does not manifest
itself as a large effect. In order to explain the observed discrepancies, one needs to develop a new
mechanism that will generate lepton universality violation (LUV) either at the tree level or via
loops. There have been plenty of analysis on the NP explanations of the observed discrepancies,
which we are not going to elaborate here. On the other hand, the fact that we do not have a suit-
able DM candidate in the SM which satisfies the requirements as given in [39], has led to several
BSM proposals which can successfully explain DM in the Universe. Since the WIMP dark matter
scenarios involve additional physics around the electroweak scale, it is tempting to speculate if the
same new physics can have plausible explanations for the observed flavour anomalies like RK(∗) ,
∆aµ mentioned earlier. Within such unified framework, one needs to find out the allowed NP pa-
rameter space consistent with flavour data as well as the requirements for a DM candidate. Also,
it is necessary to check that the required NP parameter spaces are consistent with all the other
relevant measurements which are not anomalous. In this chapter, we will look for a NP model
which is capable of addressing simultaneously both the above mentioned excesses [173]. There
have been several attempts along this direction, some of which can be found in [174–178] and
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references therein. Apart from being consistent with all these observations, it is also important
for such a scenario to be predictive at different experiments like direct detection of dark matter,
collider searches and so on.

Here, we consider the inert Higgs doublet model (IDM), which is a simple extension of the
SM by an additional scalar field Φ2 transforming as doublet under SU(2)L gauge symmetry and
has hypercharge Y = 1. The model has been introduced in [179], and later studied extensively by
several groups in the context of DM phenomenology [61, 180–188]. In this model, an additional
discrete Z2 symmetry is introduced in order to prevent the coupling of this scalar field to the SM
fermions. Under thisZ2 symmetry, the additional scalar field transforms asΦ2 → −Φ2 whereas all
SM fields are even. If the lightest component of Φ2 is electromagnetically neutral, it can be stable
and hence a good DM candidate. Being inert in nature, IDM will not contribute to the decay
b → s``. Hence, we have extended this model by considering three generations of vector like
SU(2)L singlet down type quarks and charged leptons, odd under the same Z2 symmetry so that
they can couple to the SM quarks and leptons only through the inert scalar doublet. The lightest
component of Φ2 remains the lightest Z2 odd particle of the model and hence the DM candidate.
We have shown that apart from explaining the DM abundance of the Universe, the model can also
explain the observed pattern in RK(∗) . This model has family non-universal Yukawa couplings
between Φ2, vector like fermions and the SM fermions. Hence, it will contribute to b→ s`` at one
loop level. Now, if we consider a hierarchical structure between the Yukawa couplings of electron
and muon with the new vector like fermions, then we can expect to get RK(∗) 6= 1. The additional
vector like fermions can also contribute to the relic abundance, aswell as direct detection scattering
rates of DM in this model, giving us a complementary probe of the model parameters in both DM
and flavour experiments.

In the pure IDM there exists two mass ranges where DM relic abundance can be satisfied: one
in the low mass regime below theW boson mass threshold (MDM < MW ) and the other around
550 GeV or above. In our extended IDM, there will be additional annihilation channels of DM.
Therefore, it is important to rescan the parameter space for both the pure and the extended IDM.
The direct detection scattering in pure IDM is primarily mediated by the SM Higgs and faces the
strongest constraints from the direct detection experiments in the low mass regime. For example,
the latest data from the LUX experiment rules out DM-nucleon spin independent cross section
above around 2.2×10−46 cm2 for DMmass of around 50 GeV [166]. On the other hand, the results
from the XENON-1T experiment rules out spin independent WIMP-nucleon interaction cross sec-
tion above 7.7 × 10−47 cm2 for DM mass of 35 GeV [18, 189]. These strong bounds reduce the
allowed DM masses in the low mass regime to a very narrow region near the SM like Higgs res-
onanceMDM ≈ mh/2. Although the direct detection limits can be somewhat relaxed in the high
mass regime (MDM ' 550 GeV), the production of DM at colliders will be suppressed compared
to the low mass regime. In the presence of additional vector like quarks, there are additional dia-
grams which will contribute to the spin independent direct detection cross section. We in fact find
that, compared to the pure IDM, the presence of new vector like fermions can keep the darkmatter
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direct detection rates closer to the experimental upper bound for some choices of parameters.
The mediators of our model couples to SM quarks and leptons, therefore interesting collider

signature are expectedwith leptons and/or jets in the final statewithmissing energy. We study the
final states containing (`+`−+ /ET ), (jj+ /ET ) and (`+`−+jj+ /ET ) to unravel themodel in the large
hadron collider (LHC). These final states are already explored in supersymmetry (SUSY) searches,
and important constraints have been obtained on the parameter space [190, 191]. There have also
been some studies on collider signatures of pure IDM, for example see [192–194]. In our model,
we prepare few benchmark scenarios by choosing points from the new parameter spaces which
are allowed by flavour data and overcome bounds from the DM searches. We have predicted
the kinematical distributions of our signal events and compared them with the respective SM
backgrounds. We find that at the high luminosity LHC the model may be observed for a few
benchmark scenarios at more than 5σ significance. We also check the perturbative unitarity of the
model for the chosen benchmark points.

The chapter is organised as follows: in Sec. 3.2 we discuss the particle content and possible
interactions, followed by the dark matter phenomenology of the model in Sec. 3.3; constraints
from muon (g − 2) and lepton flavour violating decays are discussed in Sec. 3.4; contributions
in b → s transitions are studied in Sec. 3.5; results from DM and flavour analysis are discussed
Sec. 3.6 and some benchmark points are also chosen for further collider study; we then discuss the
fate of this model at the LHC in Sec. 3.7, pointing out the possibility of probing it in future higher
luminosity; the RGE runnings are discussed in Sec. 3.8 and finally we summarize in Sec. 3.9.

3.2 IDM with Vector Like Fermions

Asmentioned earlier, the IDM is an extension of the SMby an additional global discreteZ2 symme-
try under which a newly incorporated scalar doublet Φ2 transforms as Φ2 → −Φ2, while the usual
SM fields are even underZ2. The requirement of keeping theZ2 symmetry unbroken prevents the
neutral component of the second Higgs doublet from acquiring a non-zero vacuum expectation
value (vev). Since the same discrete symmetry prevents any coupling of Φ2 with the SM fermions,
it automatically makes the lightest component of Φ2 stable and hence a good DM candidate. The
scalar potential of the model involving the SM Higgs doublet Φ1 and the inert doublet Φ2 can be
written as

V (Φ1,Φ2) = µ2
1|Φ1|2 + µ2

2|Φ2|2 +
λ1

2
|Φ1|4 +

λ2

2
|Φ2|4 + λ3|Φ1|2|Φ2|2

+ λ4|Φ†1Φ2|2 +

{
λ5

2
(Φ†1Φ2)2 + h.c.

}
.

As the electroweak symmetry has to be broken by the vev of Φ1, we assume µ2
1 < 0. Also, µ2

2 > 0

is assumed so that Φ2 does not acquire a vev. Writing the scalar fields in terms of components and
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Particles SU(3)c × SU(2)L × U(1)Y Z2

QL =

(
uL

dL

)
(3, 2, 1

6) +

uR (3, 1, 2
3) +

dR (3, 1,−1
3) +

LL =

(
νL

eL

)
(1, 2,−1

2) +

eR (1, 1,−1) +
Φ1 (1, 2, 1

2) +
Φ2 (1, 2, 1

2) -
DL,R (3, 1,−1

3) -
EL,R (1, 1,−1) -

Table 3.1: Particle content of the extension of IDM by vector like fermions.

expanding the field Φ1 about the non-zero vev, we have

Φ1 =




0

v+h√
2


 ,Φ2 =




H±

H0+iA0
√

2


 (3.1)

in unitary gauge. Here v is the vev of the neutral component of Φ1. After electroweak symmetry
breaking (EWSB), the masses of the physical scalars, at tree level, can be written as

m2
h = λ1v

2,

M2
H± = µ2

2 +
1

2
λ3v

2,

M2
H0 = µ2

2 +
1

2
(λ3 + λ4 + λ5)v2 = M2

H± +
1

2
(λ4 + λ5) v2,

M2
A0 = µ2

2 +
1

2
(λ3 + λ4 − λ5)v2 = M2

H± +
1

2
(λ4 − λ5) v2. (3.2)

Here mh ≈ 125 GeV is the mass of the SM Higgs, MH0 ,MA0 are the masses of the CP even and
CP odd scalars of the inert doublet whileMH± being the mass of the charged scalar. Without any
loss of generality, we consider λ5 < 0, λ4 + λ5 < 0 so that the CP even scalar is the lightest Z2 odd
particle and hence a stable dark matter candidate.

Apart from the Z2 odd scalar doublet Φ2, we consider additional vector like charged fermions
too, which are odd under the same Z2 symmetry. The particle content of the model is shown in
Table 3.1. HereD is the down-type vector like quark andE is the vector like lepton. This allows the
coupling of the inert doublet scalar with the SM fermions through the vector like fermion portal.
The relevant Yukawa Lagrangian can be written as
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L = (yu)ijQ̄iΦ̃1uRj + (yd)ijQ̄iΦ1dRj + (ye)ijL̄iΦ1eRj + (λD)ijQ̄iΦ2DRj + (λE)ijL̄iΦ2ERj

+MDiD̄LiDRi +MEiĒLiERi + h.c. (3.3)

where Φ̃1,2 = iτ2Φ∗1,2 and λE,D are the Yukawa couplings associated with the vector fermion in-
teractions. Also, i and j are the generation indices. 1

3.3 Dark Matter Phenomenology

3.3.1 Relic abundance of DM

In the present model, discussed in the previous section, we consider one of the neutral component
of the scalar doubletΦ2 namelyH0, as theDMcandidate for our analysis. This is similar to the inert
doubletmodel of darkmatter discussed extensively in the literature [61, 180–186]. We have already
discussed the methodology of calculating the relic abundance of a single component WIMP dark
matter is section 2.2.1. In the low mass regime (MH0 ≡ MDM ≤ MW ), the annihilation of DM to
the SM fermions (through s-channel Higgsmediation) dominates over other channels. As pointed
out in [183], the annihilation H0H0 → WW ∗ → Wff̄ ′ also plays a role in the MDM ≤ MW

region. Depending on the mass differences MH± − MH0 (≡ ∆MH±),MA0 − MH0 (≡ ∆MA0),
co-annihilation of H0, H± and H0, A0 become important in determining the relic abundance of
the DM. Typically, when the heavier components of the inert scalar doublet have masses close
to the DM mass, they can be thermally accessible at the epoch of DM freeze-out. Therefore, the
annihilation cross section of DM in such a case gets additional contributions from co-annihilations
between the DM and the heavier components of the scalar doublet Φ2.

3.3.2 Dark matter direct search

H0 H0

h

q q

H0
H0

D̃

q q

q

q

D̃

H0

H0

Figure 3.1: The Feynman diagrams contributing to the direct search of H0. Here, D indicates the
contributions from down type vector like quarks (all the three generations).

As mentioned earlier, there are severe constraints on spin independent DM-nucleon scattering
rates from ongoing experiments [18, 166, 189]. In the pure IDM, the tree level DM-nucleon elastic
scattering can arise through the SM Higgs mediation and the current bounds on direct detection

1Note that even if we consider CKM-like flavourmixing of the down-type vector-like quarks, then the new couplings
(say λD

′

ij) would just be (λD)ij multiplied by the mixing parameter V
′
CKM and thus just a re-definition of the old

couplings. This will not change the phenomenology discussed in this work.
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cross section can rule out some portion of the parameter space satisfying relic specially in the low
mass regimeMDM ≈ mh/2 where bounds are stronger. The elastic DM nucleon scattering in the
present model gets additional contributions from exotic quarkD, as depicted in Fig. 3.1 where the
first diagram corresponds to the usual SMHiggs mediated one. The additional contributions will
come from the rest of the two diagrams. There is another possible diagrammediated by Z-boson,
even in the pure IDM, but that has already been excluded by recent direct search data. Therefore,
in order to forbid the Z-mediated channel, the mass of A0 has to be kept higher than that of H0

by a non-zero value, higher than typical kinetic energy (O(100 keV)) of a DM particle so that H0

can not scatter inelastically intoA0. The chosen mass splitting in our analysis satisfy this bound as
well as the ones from LEP II data [195]. Hence, in this model we have three direct search graphs
corresponding to t-channel Higgs and exotic quark mediation and another s-channel diagram
mediated by the vector like quark. Due to these additional diagrams, the direct detection rates
of the extended IDM can be more promising compare to the pure IDM, as we will discuss later.
In the limit of very large exotic quark masses or very small couplings of exotic quarks to DM, the
direct detection rates will converge towards the ones known for pure IDM.

3.4 Muon (g − 2) and the lepton flavour violation (LFV) decays

The effective vertex of photon with any charged particle is given by:

ū(p′)eΓµu(p) = ū(p′)

[
eγµF1(q2) +

ieσµνq
ν

2mf
F2(q2) + ...

]
u(p). (3.4)

The factor gµ ≡ 2(F1(0)+F2(0)), and the anomalousmagneticmoment is given as aµ ≡ F2(0) 6=
0 (since F1(0) = 1 at all order). Similarly, the amplitude for the LFV decays `i → `jγ can be written
as:

Mγ = ū`j (p
′)
[
ALq

2γµPL + iARm`iσµνq
νPR

]
u`i(p). (3.5)

The associated branching fraction can be expressed as:

B(`i → `jγ) =
ατ`i

4
m5
`i
A2
R, (3.6)

where τ`i is the life time of the lepton `i and α = 1/137 is the fine structure constant.
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Figure 3.2: Feynman diagrams contributing to muon anomalous magnetic moment aµ (left) and
lepton flavour violating decays (right). Here, E (= E1/E2/E3) is the vector like lepton.
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In our model, the leading contributions in aµ and the LFV decays like τ → µγ, µ → eγ and
τ → eγ are obtained from the diagrams in Fig. 3.2. In the loop, we have either H0 or A0 and the
vector like lepton E (which could be either of E1, E2 or E3). The diagram on the left hand side
will contribute to aµ, which is given by [196–198]

aµ =
∑

i

λE2iλ
E
2i
∗
m2
µ

16π2

[
1

M2
H0

(
ξ1(rH

0

Ei )− ξ2(rH
0

Ei )

)
+

1

M2
A0

(
ξ1(rA

0

Ei − ξ2(rA
0

Ei )

)]
, (3.7)

with rXEi = m2
Ei
/M2

X (X = H0 or A0). Here, mEi is the mass of i-th generation vector like
lepton and λE2i is the corresponding coupling to muon as expressed in Eqn. (3.3). Note that in
the Yukawas of the vector like fermions, the first index corresponds to the SM fermion generation
while the second index represents that for vector like fermions. The functions ξ1 and ξ2 are given
by:

ξ1(r) =
−3 + 4r − r2

2(1− r)3
− ln r

(1− r)3

ξ2(r) =
1

6(1− r)4
[−11 + 18r − 9r2 + 2r3 − 6 ln r]. (3.8)

The contributions to the decay `i → `jγ will be obtained from the RHS diagram of Fig. 3.2,
which is given as [197, 198] :

AR =
∑

k

λEikλ
E
jk
∗
m`i

16π2

[
1

M2
H0

(
ξ1(rH

0

Ek
)− ξ2(rH

0

Ek
)

)
+

1

M2
A0

(
ξ1(rA

0

Ek
)− ξ2(rA

0

Ek
)

)]
. (3.9)

In this section we have only shown the analytical expressions of various contributions in aµ
and B(`i → `jγ), the numerical results are presented in section 3.6.

3.5 NP contributions in b→ s decays

3.5.1 b→ s`+`− decays (` = µ, e)

In our model, the diagrams that will contribute to the process b→ s`` are shown in Fig. 3.3, where
X/X ′ can be either ofH0 orA0. As one can see from Eqn. (3.3), the new couplings (λE,Dij ) carry the
generation indices of the SM fields (first index) as well as that of the vector like fermions (second
index). Therefore, depending on the type of vector like fermion in the loop, there will be several
contributions to the decay amplitude. This will be function of the new Yukawa couplings and
the masses of the new particles. However, for the simplicity of the analysis, we have followed the
hierarchy: λE,Dij << λE,Dii (i, j = 1, 2 and 3), i.e, the off diagonal Yukawas are suppressed with
respect to the diagonal terms. Also, since one of our goals is to explain the RK(∗) anomaly, which
requires lepton universality violation, we have further assumed λE,D33 >> λE,D22 >> λE,D11 . In this
simplified picture, the box diagramwithD3 andE2 (in the loop) will have the dominant contribu-
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Figure 3.3: Feynman diagrams contributing to b→ s`` process. Here X and X ′ can be either of
H0 or A0. The box diagrams with X = X ′ = H0/A0 will also contribute to b→ s`` processes.

tion to the process b→ sµ+µ−. Since the dominant contribution to all the observables mentioned
above occur via the third generation of down-type vector like fermionD3 (due the to hierarchy in
the couplings), we will from now on talk only about the mass ofD3. In general, the contributions
from the penguin diagrams are dominant over that of the box diagrams. However, the penguin
diagrams alone can not explain R(K(∗)) anomaly, as they contribute equally to the decay rates of
B → K(∗)µµ and B → K(∗)ee. Perhaps it is possible to explain the observed data by considering
contributions from the new box diagrams alone. In such cases, the interference of the SM Wil-
son coefficient with that obtained from the box diagrams will play the leading role in explaining
the observed pattern in RK(∗) data. If we add the contributions from the penguin diagrams, then
there will be interference of the WC obtained from the box and the penguin diagrams. Hence, de-
pending on the size of the individual contributions, the interference of the new box and penguin
diagrams could also play an important role in the explanation of the observed data. For complete-
ness, in our analysis we have considered the contributions from all types of diagrams which are
shown in Fig. 3.3.

The most general expression for the box diagram with two different scalars X and X ′ in the
loop is given by :

iMBox =
iπ2λD3i

∗
λD2iλ

E
2j
∗
λE2j

(2π)4
A Oeff , (3.10)

where the loop factor is given by [197]

A =

[
M4
X′

(M2
X −M2

X′
)(M2

Di
−M2

X′
)(M2

Ej
−M2

X′
)
ln
(
M2
X

M2
X′

)

+
M4
Di

(M2
Di
−M2

Ej
)(M2

Di
−M2

X
′ )(M2

Di
−M2

X)
ln
(
M2
Di

M2
X

)

+
M4
Ej

(M2
Ej
−M2

Di
)(M2

Ej
−M2

X′
)(M2

Ej
−M2

X)
ln
(
M2
Ej

M2
X

)]
.

(3.11)
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We have also added the contributions of the box diagrams with only one type of scalar (H0,
A0) in the loop. The expression for this can be found from Eqn. (3.11) by taking the limiting case
X → X

′ .
The effective operator is given by

Oeff = [b̄γµ(1− γ5)s][l̄γµ(1− γ5)l]

= [b̄γµ(1− γ5)s][l̄γµl]− [b̄γµ(1− γ5)s][l̄γµγ5l]

= O9 −O10 (3.12)

where O9,10 are the semileptonic operators introduced in Eqn. (2.4). For simplicity, from now on
we will rewrite the couplings λD33 ≡ λb, λD23 ≡ λs and λD13 ≡ λd . On the other hand, we write
λE11 ≡ λe, λE22 ≡ λµ and λE33 ≡ λτ to simplify our notations. Thus Eqn. (3.10) can be written as

iMBox ∼ i[CNP
9 O9 + CNP

10 O10], (3.13)

where,

CNP
9 = −CNP

10 = −
(
λbλsλ

2
µA

32π2

)
, (3.14)

which has to be normalized with a factorN = −
( √

2
4GFV

∗
tbVts

× 4π
α

)
so that the operators are at par

with those given in Eqn. (2.4).
The amplitude of the photon exchanged penguin diagrams can be written as

Mγ = [b̄(ALq
2γµPL + iARmτσµνq

νPR)s]
e2

q2
[¯̀γµ`], (3.15)

where q is the photon momentum. The dominant contribution will come from D3, therefore, the
form-factors AL and AR are induced by the product λsλb coupling. The contribution to C9 will
come only from AL, whose approximate form is given by:

AL =
λsλ

∗
b

32π2M2
X(′)

ξ(rD3)

3
, (3.16)

with
ξ(rD3) =

1

6(1− rD3)4
[−11 + 18rD3 − 9r2

D3
+ 2r3

D3
− 6 ln rD3 ]. (3.17)

and rD3 = M2
D3
/M2

X(′) .
The Z-mediated penguin amplitude for the process b→ s`` can be written as

MZ = [b̄FLγµPLs]
1

M2
Z

[¯̀γµ(a`LPL + a`RPR)`], (3.18)

where
afL =

g

cos θW
(tf3 −Qf sin2 θW ), afR =

g

cos θW
(−Qf sin2 θW ). (3.19)
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Figure 3.4: The Feynman Diagram contributing to the Bs-meson mixing in our model with X,X ′
denoting either H0 or A0. All other possible symmetric diagrams have also been considered
during computation. The dominant contributions will come from D3.

From the diagrams of Fig. 3.3 we obtain

FL =
g

cos θW

λsλ
∗
b

32π2

[
aD3
R

(
1

2
− 2C

)
+ aD3

L rD3ξ0(rD3) + asLB

]
. (3.20)

The finite parts of C, ξ0 and B are given by

C =
1

2

∫ 1

0
dx(1− x) ln[xM2

X(′) + (1− x)M2
D3

],

ξ0(rD) =

∫ 1

0
dx

1− x
x+ (1− x)rD3

B =
1

2

∫ 1

0
dxx ln[xM2

X(′) + (1− x)M2
D3

]. (3.21)

The details of the above calculations can be seen from [197]. TheZ-mediated penguin diagrams
will contribute to bothC9 andC10. Therefore, the total contributions toC9 andC10 can be extracted
from

M =MBox +MZ +Mγ . (3.22)

The numerical analysis is done in the next section (3.6).

3.5.2 Bs −Bs Mixing

The ∆F = 2 process Bs−Bs mixing may play a crucial role in constraining the parameters of our
model relevant for b → s transitions. In this case the important observable is the mass difference
∆MBs , which is defined as

∆MBs = 2|MBs
12 |. (3.23)

In the SM, the dominating contributions to MBs
12 will come from the dispersive part of the box

diagram amplitude with W boson and the top quark in the loop. The mathematical expression
for it is given by

MBs
12

∣∣∣∣
SM

=
G2
F

12π2
f2
BsB̂BsMBsM

2
W (V ∗tbVts)

2ηBS0

(
m2
t

M2
W

)
, (3.24)
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S0 is the Inami-Lim function:

S0(x) =
4x− 11x2 + x3

4(1− x)2
− 3x3 log x

2(1− x)3
. (3.25)

The detail of the SM calculations can be seen from [199].
In the presence ofNP therewill be additional contributions toMBs

12 . In ourmodel the dominant
contributions will come from the box diagram as shown in Fig. 3.4, which is given by

MBs
12

∣∣∣∣
NP

=

(
4λ2

bλ
2
s

32π2

)
f2
BsB̂BsMBsSNP (3.26)

where,

SNP =

[
M2
D3

(M2
X′
−M2

D3
)(M2

D3
−M2

X)
+
M4
D3

(M2
X +M2

X′
)− 2M2

D3
M2
XM

2
X′

(M2
X′
−M2

D3
)2(M2

D3
−M2

X)2
ln

(
M2
D3

M2
X

)

−
M4
X′

(M2
X′
−M2

D3
)2(M2

X′
−M2

X)
ln

(
M2
X′

M2
X

)] (3.27)

There will be several such diagrams with H0 and/or A0 in the loop. Our loop factor can be com-
pared with that given in [200].

In the SM, the Bs mixing phase is negligibly small, also in our analysis we are assuming real
Yukawa couplings. Hence, we can express the mixing amplitude as

∆MBs = (∆MBs)SM + (∆MBs)NP = (∆MBs)SM
(
1 + ∆Mix

)
, (3.28)

with ∆Mix =

(
∆MBs

)
NP(

∆MBs

)
SM

. In this ratio, the bag factor and the decay constant will cancel which

are the major sources of uncertainties in the SM predictions of the oscillation frequency. ∆Mix is
sensitive to theNP parameters and using Eqn. (3.28) we can find out themaximum allowed ranges
of this observable. Using the latest data on ∆MBs [12] and the following inputs for decay constant
and the bag factor [77, 201]

fBs = 0.2284± 0.0037 GeV, and BBs = 1.327± 0.034, (3.29)

we find that ∆Mix could be as big as 15% if we consider the 1σ allowed ranges of all the relevant
inputs. This could be even 20% if one uses the projected lattice results as given in ref. [201]. The
Bd − Bd mixing data allows sizeable NP contributions (≈ 30%)[202]. In our model, the contribu-
tions to Bd −Bd mixing will come from the diagram in Fig. 3.4, with the strange quarks (s) in the
external legs replaced by down (d) quarks. The dominant contribution will thus be proportional
to (λbλd)

2. Therefore, following our assumption of the hierarchical structures of the newYukawas,
the contributions will be highly suppressed. The same argument is also true for K-K mixing in
which the NP contribution due to our model is proportional to (λdλs)

2. Actually, for all practical
purposes, we can set λd ≈ 0. This assumption does not have any impact on our final results since
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Figure 3.5: Variations of relic abundance with the DMmassMH0 for different values of the
couplings in the (a) low mass and (b) high mass regions of the DM. The plots show that as we
switch on the leptonic and/or quark portal couplings, new annihilation channels open up,
lowering the relic abundance for a fixed DMmass. In Fig.3.5a, the black-dashed and red-dashed
lines overlap and hence not visible. This is due to the fact that when λτ is large, small variations
in λµ does not affect the relic abundance. Similarly, the black and red dotted lines are also
overlapped. See text for more details.

we are mostly interested in the observables which do not have dominant contributions from λd.

3.6 Results: DM and flavour

In this section we discuss the results obtained from the analysis of the DM and flavour sector of
our model. We scan the NP parameter space using the constraints from flavour data, relic density
and direct detection bounds. In the context of our model, the relevant free parameters are: λb, λs,
λµ, λτ ,MH0 ,MA0 ,MH± ,ME3 ,ME2 ,ME1 , andMD1 = MD2 = MD3 = MD

2 .
In order to simplify the analysis, amongst them we have fixed few of the couplings, such as

λs = 0.01 and λe = 0.001. Also, we choose λb < 1, λµ < 1.5 and λτ ≈ 1.5. The rest of the free
parameters are constrained from theRK(∗) , B(Bs → µµ), ∆aµ and relic data. With these choices of
the couplings, we can easily overcome the present constraints on flavour changing b→ sprocesses,
like Bs − B̄s mixing, B(B → Xsγ) etc. We will explicitly show this for Bs − B̄s mixing. We have
checked that in our model within the chosen benchmark points given in Table 3.2, the new physics
contribution to the branching fraction B(B → Xsγ) will be of order O(10−6) which is suppressed
with respect to the corresponding SM branching fraction by two order of magnitude.

First, we will discuss the effects of different parameters of our model on DM relic abundance.
As mentioned earlier, in pure IDM, there exists two distinct regions of DMmass which satisfy the
relic abundance criterion. In Fig. 3.5 we have shown the variations of DM relic abundance with
MH0 in two different DM mass regions (low and high) for different new couplings and masses
of the exotic vector like fermions. In Fig. 3.5a, we have kept ∆M = 60 GeV and varied MH0

between 50 GeV and 75 GeV (low DM mass region). In this region, with the variation of our new
2Though in our case the significant contributions will come fromMD3 = MD .
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Figure 3.6: The plots in the top panel (3.6a,3.6b) and the bottom left plot (3.6c) shows the
variations of relic abundance with the mass splitting ∆M = MH± −MH0 = MA0 −MH0 for the
DMmassMH0 = 70 GeV. Here, different benchmark points are chosen for the other new
parameters. The similar correlations in the high DMmass region (MH0 = 600 GeV) is shown in
the bottom right plot (3.6d).

parameters, the allowed values of MH0 do not change significantly from that obtained in pure
IDM case. In Fig. 3.5b, we have kept ∆M = 2 GeV andMH0 > 500 GeV (high DM mass region).
Here, the same mass splitting between different components of the inert scalar doublet namely,
∆M = MH± −MH0 = MA0 −MH0 are considered. In this region, the deviation from pure IDM
scenario is significant.As expected, for the fixed values of the masses of the vector like fermions,
the new couplings and the associated allowed values of MH0 are positively correlated. For the
pure IDM scenario, in the low mass region, the allowed values ofMH0 is not strongly correlated
with the choice of ∆M , while in the high mass region the relic abundance is only satisfied when
∆M is very small, or in other words when the inert scalars are nearly degenerate. Also, in Fig.
3.5a, the black-dashed and red-dashed lines overlap with each other. This shows that the DM
mostly annihilates to τ+τ− pairs through vector-like lepton E3 and the annihilation to muon pair
is sub-dominant since the coupling λτ is much larger than λµ. Hence small changes in λµ does not
affect the relic abundance when λτ is large for universal vector-like lepton masses.

For simplicity, in the low DM mass region, we have fixed MH0 at 70 GeV for the rest of our
analysis. In Fig. 3.6, we have shown the variations of the relic abundance with the mass splitting

TH-2853_166121012



48
Chapter 3. Correlating the anomalous results in b→ s decays with inert Higgs doublet dark

matter and muon (g − 2)

ME2
= 200 GeV

ME2
= 250 GeV

ME2
= 300 GeV

ME2
= 350 GeV

0.0 0.5 1.0 1.5
0

10

20

30

40

50

60

70

λμ

Δ
a
μ
×

1
0

1
0

MH
0 = 70 GeV, ΔM = 110 GeV,

ME3
= 350 GeV, λE

23 = 0.01, λE
21 = 0.001

(a)

ME2
= 200 GeV

ME2
= 250 GeV

ME2
= 300 GeV

ME2
= 350 GeV

0.0 0.2 0.4 0.6 0.8 1.0 1.2 1.4
0

1

2

3

4

5

6

λμ

B
ra

n
ch

in
g

F
ra

ct
io

n
o

f
τ
→

μ
γ
×

1
0

8

MH
0 = 70 GeV, ΔM = 110 GeV, ME3

= 350 GeV,

λτ = 1.5, λE
32 = λE

23 = 0.01, λE
31 = λE

21 = 0.001

(b)

Figure 3.7: The left plot shows the variations of ∆aµ (muon (g − 2)) with the coupling λµ for
different values ofME2 . In these plotsMH0 has been taken as 70 GeV. The red dashed and dotted
lines represent the 1-σ and 3-σ bands of the ∆aµ, respectively. The right plot shows that with the
same benchmark values of the NP parameters the decay width for τ → µγ is well below the
present experimental limit [12].

∆M for different benchmark values of the new couplings and masses. From Fig. 3.6a, 3.6b and
3.6c we note that, as the new parameters are switched on, the relic abundance decreases compared
to pure IDM scenario due to the increase in annihilation cross section. Also, the required mass
splitting ∆M will be less in our model compared to that in pure IDM. Since we have assumed
λτ > λµ the dominant contributions to the relic abundance will come from the annihilation to
τ+τ−, which can be seen from Fig. 3.6a where the variations are almost independent of the choices
of λµ. The sensitivity of the relic abundance to the mass splitting in the high mass region is shown
in Fig. 3.6d. With the increase in λµ, themass degeneracies are becoming tighter compared to pure
IDM scenario. Similar trend is also expected with the variation of λb as well.

In section 3.4, we have discussed various diagrams and their contributions to muon (g−2) and
LFV decays `i → `jγ. There will be contributions from penguin diagrams with vector like leptons
E3, E2 or E1 in the loop. However, since we are assuming hierarchical structure for the couplings:
λE21 < λE23 << λE22(= λµ) <∼ λE33(≡ λτ ), the diagrams with E3 and E1 in the loop will not give
significant contributions to∆aµ. However for completeness, we consider all those contributions in
our analysis. The dominant contributionwill come from the penguin diagramwithE2 in the loop.
The variations of ∆aµ with the new coupling λµ for different values ofME2 are shown in Fig. 3.7a.
We note that if we restrict ourselves to the values of λµ < 1.5, then it will be difficult to explain
the excess in muon (g − 2) within its 1-σ range, unless we consider vector like lepton mass <∼ 200

GeV. However, the excess can be succesfully explained within its 3−σ range for values of λµ <∼ 1.5

and we restrict ourselves to this limit only. Especially, higher masses prefer higher values of the
coupling λµ. In future with more precision measurements, the tension between the predicted and
measured values may reduce i.e the data may become more SM-like. In such situations, the data
on aµwill not put strong constraints on ourmodel parameters. In the opposite situations, onemay
need to consider values of λµ >∼ 1.5. On the other hand, the contribution from all the vector like
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Figure 3.8: Variation of ∆Mix with λb for four different values of the vector-like quark mass
MD(= MD3), since the dominant contribution will come from D = D3. The black dashed line
indicates the maximum allowed value of ∆Mix if we take all the inputs in Eqn. (3.28) within their
respective 1σ confidence interval.

fermions will be relevant for the LFV decays. However, since in our framework the off-diagonal
elements are small compared to the diagonal elements, the contribution to the branching fraction
will not be significantly large. As an example, we have chosen λE32 = λE23 ≈ 0.01. With this choice,
the branching fraction τ → µγ will be much below the current experimental limit, even if we
choose λµ or λτ roughly ∼ O(1) (Fig. 3.7b). Here, we have not discussed the LFV τ− → µ−µ+µ−

decay. In our model, the leading diagram for this decay is same as τ → µγ , with a virtual photon
converting into a muon pair 3. It is expected that for the same set of NP parameters the branching
fractionB(τ → µ−µ+µ−)will be small compared toB(τ → µγ); as an example see [197]. Therefore,
our NP parameters will be safe with respect to present limit B(τ → µµµ)(≈ O(10−8)) [12]. The
LFV decays and ∆aµ are insensitive to the coupling λb. However, observables like RK(∗) and DM
relic abundance are sensitive to all the relevant couplings and masses of the model.

In the case of Bs − B̄s mixing, in Fig. 3.8 we have shown the variations of ∆Mix with λb for
different values of the masses ofMD3 . The black dashed line indicates the 15% allowed range in
∆Mix, the solid lines represent our model predictions for different values of the vector-like quark
mass. The other relevant parameters are fixed as before. We note that for MD3 ≥ 500 GeV, the
allowed value of λb could be as big as 1. However, for lower values ofMD3 higher values of λb will
be disfavoured, as an example we can see that for MD3 = 300 GeV, λb >∼ 0.7 will not be allowed.
Here, we would like to point out that the major uncertainties in the theory prediction is associated
with the decay constant. Therefore, if we consider the errors within their 1σ confidence limit (CL)
ranges, then that will give us a conservative estimate of the allowed NP. We would like to stress
that data will still allow a NP contribution up to 30-40% at the 3σ CL [202].

As mentioned earlier, the branching fraction for the rare decay Bs → µ+µ− is consistent with
its SM prediction within 1σ confidence level. Therefore, the data on B(Bs → µ+µ−) is expected to

3There will be one additional box diagram, the contribution of which will be suppressed compared to that of the
penguin diagram.
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put tighter constraints on the parameters of anyNPmodel in the decay b→ sµµ. More importantly
if we see the current data, the measured value is below that of SM prediction and our model has
the potential to accommodate it. Although we are not considering it seriously, we have to wait
for more precise data and lattice inputs to conclude it further, but at the moment one can not
rule out this possibility. The main source of error in Bs → µµ is the decay constant fBs whose
different lattice predictions have different errors (for detail see ref. [77]). Therefore, in order to be
conservative, the errors in themeasured value have been taken in their 2σ confidence level allowed
ranges to constrain the NP parameters.

Fromphenomenology point of view according to the lowandhighDMmass regions, wedivide
our analysis into two parts: in one part, we chooseMH0 = 70 GeV (lowDMmass), and in the other
we have considered MH0 = 600 GeV (high DM mass). These will be discussed in the following
sections.

3.6.1 Low mass DM

In this section we show our main results for a light dark matter of mass 70 GeV and mass splitting
∆M = 110 GeV. Keeping in mind all the relevant correlations between the different parameters
shown above, we do amulti-parameter scan to find out the common parameter space that satisfies
all relevant flavour constraints i.e. RK(∗) , B(Bs → µ+µ−), muon magnetic moment anomaly in
∆aµ as well as the correct relic abundance and direct detection bounds of dark matter as shown in
Fig. 3.9. To generate these plots we assumed, for simplicity, that all generations of the vector-like
leptons have the same mass i.eME1 = ME2 = ME3 = ME . More regions on the parameter spaces
of λµ andME2 will be allowed if we relax thismass degeneracy. We allow bothME andMD to vary
between 200 and 1000GeV instead of keeping themfixed. In these plotsλτ has been varied between
1.0 − 1.5, while we have kept λµ < 1.5 and λb < 1. As mentioned earlier, the major constraints
on the new parameters are mainly coming from the flavour data, in particular from B(Bs → µµ).
The blue scattered points satisfy the data on RK , RK∗ and B(Bs → µµ) in their respective 2σ
confidence intervals which shrink to the green points when we also consider ∆aµ as a constraint.
Here, we have considered the excess in ∆aµ within its 3-σ range. The red regions represent the
bound on the NP parameters from the relic density and direct detection cross section of DM. An
interesting feature here is the presence of two distinct regions in the parameter spaces of λµ, λb and
MD (Fig. 3.9a and 3.9b). These two regions correspond to high and low values of λb, respectively.
In both the allowed regions, λµ can take moderate values > 0.5. However, its magnitude can not
be very high (>> 1) when λb >∼ 0.7. On the other hand when λb is small, the common parameter
spaces are obtained in regionswhere λµ ≈ 1.5, which could be relaxed and the values λµ <∼ 1.5will
be allowed if we lift the mass degeneracies of the vector like leptons, for example see Fig. 3.10a4.
Hence, for completeness we have analysed both these regions in the collider searches as will be

4If we lift the mass degeneracies in the vector like leptons than for higher masses of ME3 the DM will mostly an-
nihilate to τ+τ− and this channel will contribute maximally to the relic abundance. Hence, their won’t be any strong
constraints on the parameter spaces ofME2 and λµ from relic abundance which can also be understood from the ob-
servations made in Fig. 3.6a and 3.6c.
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(a) (b)

(c) (d)

Figure 3.9: Correlation between different NP parameters for a Low Mass DM atMH0 = 70 GeV.
The blue points satisfy all relevant flavour constraints within their 2σ confidence intervals except
muon (g-2) anomaly. When we further apply the muon anomalous magnetic moment bounds
then the allowed region shrinks as depicted by the green points(see text). The red region satisfy
the relic and direct search constraints when we consider degenerate vector-like fermion masses.

discussed later. Also, we note that λµ > 0.4 forME
<∼ 800 GeV and λb > 0.7 in the whole range of

MD are allowed by all data. Note that muon (g−2) is not sensitive to λb orMD. Also, we see a nice
correlation betweenME andMD, for the higher values ofMD (≥ 500 GeV) the relic density prefer
ME ≤ 400 GeV. We have checked that this constraint can be relaxed if we assume non degenerate
vector like fermion masses for all the generations, for example see Fig. 3.10b.

Following the above discussions, from the allowed parameter spaces we have chosen seven
benchmark points (BPs), listed in Table. 3.2, for collider analysis elaborated in Sec. 3.7. Also, we
have checked that the values of the Wilson coefficients CNP9 and CNP10 in all these benchmark
scenarios are consistent with those obtained from the global fit [157], in particular the scenario
with CNP9 = −CNP10 . We have focussed on both the allowed regions of couplings as shown in
Fig. 3.9a, so that we can phenomenologically distinguish them from each other. BP1 to BP5 have
the characteristics of high λb and intermediate λµ while a low λb and high λµ characterize BP6 and
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(a) (b)

Figure 3.10: Similar plots as given in 3.9a and 3.9d. In addition, we have considered the caseME2

6= ME3 which is represented by cyan region. This region satisfies the relic and direct detection
constraints when we assume the non-degenerate vector-like lepton masses.

BP MD (GeV) λb ME2 (GeV) λµ ME3 (GeV) λτ Ωh2 RK RK∗ ∆aµ × 1010 B(τ → µγ)× 109 B(Bs → µµ)× 109

1. 500 0.9 150 0.5 350 1.5 0.120 0.769 0.760 3.15 5.98 1.95

2. 750 0.9 250 0.7 250 1.2 0.117 0.777 0.769 2.8 5.71 2.49

3. 750 0.9 200 0.7 350 1.5 0.122 0.758 0.749 4.01 5.39 2.55

4. 850 0.9 250 0.7 250 1.2 0.118 0.808 0.800 2.81 5.71 2.59

5. 900 0.9 350 0.8 350 1.5 0.119 0.803 0.796 2.07 2.67 2.69

6. 800 0.1 300 1.5 350 1.5 0.121 0.908 0.903 9.5 6.03 1.89

7. 800 0.1 180 1.5 500 1.5 0.121 0.885 0.880 4.62 5.35 1.84

Table 3.2: Model prediction of different relevant observables corresponding to our chosen
benchmark points.

BP7. Here wewould like to mention that there is an existing lower limit on pair-produced charged
heavy vector-like leptons from LEP [203] : mL±

>∼ 101.2 GeV. Our benchmark points satisfy this
limit.

In pure IDM, the electroweak precision observables (EWPO) like S and T , play an important
role in constraining the mass splitting ∆M between the inert scalars [180]. We have already taken
care of this constraintwhile scanning the newparameter spaces. Ourmodel contains singlet vector
fermions which do not mix. Hence, there will not be any additional significant contributions in S,
T andU parameters, although therewill be diagrams that contribute toZ → µµ̄ andZ → bb̄decays
at one loop level. However, we have checked that within our chosen model parameters those
contributions are highly suppressed. Therefore, the EWPO will not put any stringent constraint
on our model parameters.

Before moving on to the collider analysis, we show, for illustrative purpose, the variation of
spin-independent direct search cross section (per nucleon) with the DMmass in Fig. 3.11 for some

TH-2853_166121012



3.6. Results: DM and flavour 53

xenon1T

pure IDM

BP1

BP3

BP5

20 40 60 80 100
10-50

10-48

10-46

10-44

MH
0(GeV)

σ
D

D
(c

m
2
)

Figure 3.11: The plot shows the variation direct detection cross section with DMmass in direct
search plane. The black lines correspond to different BPs, where the DMmass has been varied,
while the dots correspond to specific choices of the DMmass (see text for details), the red line is
the exclusion limit from recent XENON-1T data and the blue line is the direct search limit from
pure IDM case.

of the chosen BPs in Table. 3.2. For a comparison, the similar correlation for pure IDM is presented
in the same figure. The solid red line is the exclusion limit from recent XENON-1T data [189]. The
black dots on each black line refer to particular point corresponding to a fixed MH0 , satisfying
constraints from relic density, direct search (as they lie below the experimental exclusion limit)
and flavour bounds (which we have discussed in Sec. 3.4 and Sec. 3.5.1). As pointed out earlier,
and can now be seen from these plots, the presence of exotic quarks increases the direct detection
rates compared to the pure IDM keeping it more promising for observing at ongoing direct search
experiments.

3.6.2 High Mass DM

We analyze the high DM mass region of the IDM in context of our extended framework. As dis-
cussed earlier, we need to consider degenerate masses for the IDM scalars (as we need to resort on
co-annihilation channels in order to satisfy relic density) and also tune λL(= λ3 + λ4 + λ5), which
involves the DM-Higgs interaction, to an appropriate value. So the masses of vector-like leptons
(Ei) and the vector-like bottom partner (D) will have to be greater than the masses of A0 orH± to
maintain the stability of the DM. We consider a mass splitting of 2 GeV between the inert scalars
and set λL to 0.0001.

The parameter space which are allowed by flavour data are shown in Fig. 3.12a and Fig. 3.12b.
We have kept the value of the DMmass fixed atMH0 = 600 GeV. It is interesting to note that, in this
case, wewill be able to explain theRK(∗) anomaly only for higher values of λµ (≈ 3 or 4). However,
for the same masses, such high values of λµ will not allow us to achieve right relic abundance (see
Fig. 3.12c). Hence, it is not possible to obtain a common parameter space that satisfies both relic
abundance and flavour constraints simultaneously. When we add new interactions, new annihi-
lation channels open up and they make the DM under-abundant. So in order to make the effects
of NP minimal, we require the couplings to be small but masses to be large (Fig .3.5b). However,
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Figure 3.12: Top Left (3.12a): Variation of RK with λµ for fixed values of DM mass and λb, for
three different values ofME2 . The yellow band shows the 1σ experimental range of RK . Top
Right (3.12b): Same for 1σ experimental range of RK(∗) . Middle (3.12c): Variation of relic
abundance with λµ for the same chosen parameters as in 3.12a and 3.12b, the orange band shows
the Planck-observed relic density bound.

if we also want to explain the flavour anomalies for such high values of the vector like fermions
masses, we need very high values of couplings as well (λµ >∼ 3) . So it is impossible to achieve
solution in this region of DM mass and hence we discard further investigations for this case.

3.7 Collider Phenomenology

Our goal is to investigate the implications of our model on collider searches at the LHC. As men-
tioned earlier, we have expanded the contact interaction of the DM with the SM and included the
vector like fermions (mediators) as propagating degrees of freedom of the theory. Also, it is clear
from the above discussions that themediators have decay channels to the SM fermions. In this sec-
tion, we will analyze the prospects for detecting our model at the LHC through various channels.
Due to the presence of the exotic vector like leptons and quarks, the model gives rise to several
tantalizing collider signatures. Here, we have discussed a few of them:
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Figure 3.13: Feynman diagrams for the production of (`+`− + /ET ) final state at a hadron collider like LHC
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• Opposite sign dilepton (OSD) with missing energy (`+`− + /ET )5.

• Dijet with missing energy (jj + /ET ), there are cases where the b-jets have been tagged sep-
arately.

• Dilepton with dijet and missing energy (`+`− + jj + /ET ).

All these three final states could be tested at the LHC. The corresponding Feynman diagrams
for the final states (`+`− + /ET ), (jj + /ET ) and (`+`− + jj + /ET ) are given in figures 3.13, 3.14 and
3.15, respectively. In all these diagrams, the proton (p) is considered a multiparticle composed of
both quarks and gluons. Hence, all possible initial states with quarks and gluons have been taken
into account. We note that amongst all the diagrams, some will appear only in pure IDM case.
Therefore, it is important to test whether it is possible to discriminate the signatures of our model
from that of pure IDM at the LHC.

As mentioned earlier, from the common parameter space satisfying flavour constraints, relic
density of DM and direct detection bound, we have chosen our benchmark points (BP), which are
given in Table 3.2. All other parameters are fixed at the values: MH0 = 70 GeV, ∆M = 110 GeV,
mh = 125 GeV, λL = 0.0001, λ2 = 0.1, λd = 0.001, λs = 0.01, λe = 0.001.

BP σ`+`−+ /ET (fb) σjj+ /ET (fb) σ`+`−+jj+ /ET (fb)

1. 588 278 0.31

2. 54 181 2.91

3. 173 177 2.73

4. 54 172 2.75

5. 17 173 2.98

6. 20 174 2.88

7. 307 174 1.00

Table 3.3: Production cross-sections for the different signals corresponding to the chosen
benchmark points.

3.7.1 Object reconstruction and simulation strategy

We implemented themodel in FeynRule [204]. The parton level events are generated in MADGRAPH [205],
which are further showered through PYTHIA [206]. All the events are generated at

√
s = 14 TeV

using CTEQ6l [207] as the parton distribution function. All the leptons and jets are reconstructed
in order to mimic the LHC environment using the following criteria:

5Hadronically quiet dilepton with missing energy

TH-2853_166121012



3.7. Collider Phenomenology 57

• Lepton (l = e, µ): Leptons are identified with a minimum transverse momentum pT > 20

GeV and pseudorapidity |η| < 2.5 such that they are in the central part of the detector. Two
leptons are distinguished as isolated objects if their mutual distance in the η − φ plane is
∆R =

√
(∆η)2 + (∆φ)2 ≥ 0.2, while that separation between an isolated lepton and a jet is

given by ∆R ≥ 0.4.

• Jets (j): The cone jet algorithm PYCELL has been used to build jets inside PYTHIA. All the
partons within ∆R = 0.4 from the jet initiator cell are included to form the jets. We require
pT > 20 GeV for a clustered object to be considered as jet. Jets are isolated from unclustered
objects for ∆R > 0.4.

• Unclustered Objects: All the final state objects which are neither clustered to form jets, nor
identified as isolated leptons, belong to this category. All particles with 0.5 < pT < 20 GeV
and |η| < 5, are considered as unclustered.

• Missing Energy (/ET ): The transverse momentum of all the missing particles (those are not
registered in the detector) can be estimated from momentum imbalance of the visible parti-
cles in the transverse direction. Thus, missing energy (MET) is defined as:

/ET = −
√

(
∑

`,j

px)2 + (
∑

`,j

py)2, (3.30)

where the sum runs over all visible objects that include the leptons and jets, and the unclus-
tered components.

• HT : We have used another observable for collider searches which is the scalar sum of all
isolated lepton/jet transverse momentum:

HT =
∑

`,j

pT (3.31)

The dominant SM backgrounds have been generated in MADGRAPH and then showered through
PYTHIA. Also appropriate K-factors were used to match them with the Next-to-Leading order
(NLO) cross section. We have identified dominant SM backgrounds as: tt̄, W+W−, W±Z, ZZ,
Wj, Zj and Drell − Y an for the chosen signal regions. The discovery potential of the the model,
in terms of signal significance, are shown for only those cases where the signal can be clearly dis-
tinguished from the SM background. In each case, we have also shown the status of pure IDM
scenario for comparison purpose. Once again we would like to remind the readers that the pur-
pose of the collider phenomenology in our context is not to search for signals of the VLFs, but to
look for the signature of the model itself. In that sense, our choice of observables and cuts are
different from that of dedicated experimental searches done at the LHC or LEP.
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(a) (b)

Figure 3.16: Invariant dilepton mass (M``) distribution for the signals (in red), with SM
backgrounds for (`+`− + /ET ) channel.

(a) (b)

Figure 3.17: HT distribution for the signals (in red), with SM backgrounds (`+`− + /ET ) channel.

3.7.2 Dilepton with missing energy final state

In Fig. 3.16 and 3.17, we have shown respectively the dilepton invariant mass (M``) andHT distri-
butions for the signal, in comparison with the relevant SM background for final states containing
opposite sign dilepton and MET. As one can see from Fig. 3.16, the primary difference in theM``

distribution between the signal and the background lies in the fact that we observe a long tail
in case of signal, which is not present in the background. The reason being, in case of signal,
the source of the leptons in the final state are the heavy new particles apart from the SM gauge
bosons. Since these particles are heavier than the SM gauge bosons, hence the leptons in this case
are much boosted than those coming only from the SM gauge bosons. As a result, we see a flatter
distribution forM`` for the signal compared to the SM background (Fig. 3.16). As an example in
Fig. 3.13, we see that for signal, the leptons in the final state arise not only from SM Z or W but
also from the decay of heavy new particles e.g, E+ → H0`+. The same arguement holds for HT ,
where a flatter signal distribution (Fig. 3.17) arises because of the less boosted leptons in the final
state.

From M`` distributions shown in Fig. 3.16 we can see that a cut: M``
>∼ 300 GeV can help us

to get rid of the SM background completely for all BPs except BP1, retaining the signal intact. For
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Benchmark σproduction σOSD

Points (pb) (fb)

BP1 0.58 11.98

BP2 0.05 M`` > 200 GeV 3.05

BP3 0.16 HT > 280 GeV 8.77

BP4 0.05 3.04

BP5 0.01 0.45

BP6 0.02 0.48

BP7 0.30 0.85

Pure IDM 0.16 0.03

Table 3.4: Final state signal cross-section with M`` > 200 GeV and HT > 280 GeV for OSD + /ET final state. All
simulations are done at

√
s = 14 TeV.

Benchmark σproduction σOSD

Points (pb) (fb)

tt̄ 81.64 48.78

WW 99.98 M`` > 200 GeV 36.99

WWZ 0.15 HT > 280 GeV 0.06

ZZ 14.01 0.14

Drell-Yan 2272.80 0.14

Table 3.5: Final state SM background cross-section withM`` > 200 GeV andHT > 280 GeV forOSD+ /ET final state.
All simulations are done at

√
s = 14 TeV.

BP1, on the other hand, such a cut kills the background along with the signal as well. Similar kind
of trend is also observed in the HT distribution. In order to determine the signal significance We
have usedM`` > 200 GeV and HT > 280 GeV cuts for BP1-5.

For all the benchmarks, final state cross-section with all the above mentioned cuts imposed
are tabulated in Table 3.4. Corresponding cross-sections for dominant SM backgrounds are also
shown in Table 3.5. Inspite of the fact that such a cut kills most of the signals for BP1, due to its
high production cross section (as shown in Table 3.3) it shows a very high significance along with
BP3. Similarly, /ET > 200 GeV and HT > 320 GeV have been used to compute the significance of
BP6 and BP7 and a similar excess is seen in case of BP7 due to its high production cross section.
Therefore,the benchmarks BP1, BP3 and BP7 are prone to be eliminated in ongoing LHC runs, if
no excess is being found in those channels.

The significance plots for OSD + /ET channels are shown in Fig. 3.18. From the plot we can
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(a) (b)

Figure 3.18: Significance plot for dilepton plus /ET final state for the different BPs. The dashed
blue line shows the significance for the pure IDM scenario for comparison. The thick red and the
dashed red lines are respectively showing the 3σ and 5σ confidences. Note that we have used
M`` > 200 GeV and HT > 280 GeV cuts to compute the significance of BP1 to BP5 (left plot)
while /ET > 200 GeV and HT > 320 GeV have been used to compute the significance of BP6 and
BP7 (right plot).

infer that:

• So far at LHC, we have not seen any excess in `+`− + /ET channels, therefore, our model
parameters in BP1 and BP7 are most likely to be ruled out by LHC.

• There is still a possibility that BP3 and BP6 might be probed in the future run of LHC at a
luminosity L ∼ 60 fb−1 and 200 fb−1 respectively.

• Due to identical masses of the vector like leptons (and hence same production cross section
for dilepton final state), the significance of BP2 and BP4 are exactly the same. Both of them
reach a discovery potential of 5σ at very high luminosity (L ∼ 700 fb−1).

• It will be very hard to distinguish BP5 from pure IDM and seems almost impossible to be
probed within the future limit of LHC luminosity.

Therefore, from the collider searches of the (`+`− + /ET ) final state, it is hard to rule out the
model parameters entirely for some specific choices of BPs. What we see is that, vector like leptons
with masses <∼ 200 GeV are prone to be ruled out by LHC at present luminosity. But vector like
leptons with masses of >∼ 250 GeV and above are yet to be probed by the future high luminosity
runs. In the future runs the non-observance of any excess in the data will help us to rule out higher
mass regions of the vector like leptons.

3.7.3 Dijet plus /ET final state with and without b-tagging

We have used /ET andHT as observables in order to distinguish the jet final state signal from that
of the SM backgrounds. For the SM, the only source of /ET are the SM neutrinos, which can be
approximately taken to be massless at the colliders. As a result, the peak of the /ET distribution
for the background lies at a very low value of /ET . For signal, on the other hand, we can see from
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(a) (b)

Figure 3.19: Missing energy ( /ET ) distribution for the signals (in red), with SM backgrounds for
dijet+ /ET channel. We note that in the left plot, it is hard to distinguish the distributions of the
benchmark scenarios BP2 and BP3 from each other. Similarly in the right plot all the signal
distributions almost overlap with each other.

(a) (b)

Figure 3.20: HT distribution for the signals (in red), with SM backgrounds for dijet+ /ET channel.
We note that in the left plot, it is hard to distinguish the distributions of the benchmark scenarios
BP2 and BP3 from each other. Similarly in the right plot all the signal distributions for BP4 and
BP5 almost overlap with each other.

Fig. 3.19 and Fig. 3.20 that except for BP1, in all the other benchmark scenarios it is extremely diffi-
cult to separate the signal of our model from the SM background and also from pure IDM signal.
This is due to fact that in our model the dominant contributions to missing energy are coming
from the diagrams in Fig. 3.14, where final states contain both SM neutrinos and the DM. Hence
the shape of the distribution is not just dictated by the massive DM, but the massless neutrinos
as well. The final state cross-sections are listed in Table 3.6 for the signal where we can see that
the cross-section for BP1 is significantly large, while for other benchmarks they are almost the
same. For the SM backgrounds corresponding cross-sections are also tabulated in Table 3.7. Note
that, due to hadronic final state, the backgrounds are more vigorous here, making the signal less
significant than that of leptonic final state.

In Fig. 3.21, we have shown the significance of different BPs for dijet final state with (left) and
without (right) b tagging. For BP1, a significant excess can be seen in all the distributions and it
shows a very high significance for present LHC luminosity, which are very likely to be ruled out
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(a) (b)

Figure 3.21: Left: Significance plot for dijet+ /ET final state for different BPs. Right: Same when
only b-jets are considered. In both the plots, the dashed blue line shows the significance for pure
IDM scenario; the thick red and the dashed red lines are respectively showing the 3σ and 5σ
confidences. We have refrained from showing the significance plots for BP6 and BP7 because
they were similar and very close to BP3-5, making the plot look messy.

Benchmark σproduction σjj(σbb)

Points (pb) (fb)

BP1 0.27 7.62 (1.87)

BP2 0.18 1.27 (0.09)

BP3 0.16 /ET : 240-280 GeV 1.22 (0.08)

BP4 0.17 1.29 (0.06)

BP5 0.17 1.15 (0.05)

Pure IDM 0.16 1.14 (0.03)

Table 3.6: Final state signal cross-section with /ET : 240 − 280 GeV for dijet + /ET final state. The numbers in the
parenthesis is the corresponding cross-section for exclusive b-jet final state . All simulations are done at

√
s = 14 TeV.

Benchmark σproduction σjj(σbb)

Points (pb) (fb)

tt̄ 814.64 317.71 (24.43)

WW 99.98 12.99 (0.00)

WWZ 0.15 /ET : 240-280 GeV 0.14 (0.00)

ZZ 14.01 11.76 (0.28)

Table 3.7: Final state signal cross-section with /ET : 240 − 280 GeV for dijet + /ET final state. The numbers in the
parenthesis is the corresponding cross-section for exclusive b-jet final state . All simulations are done at

√
s = 14 TeV.

by LHC data. So far, no excess has been found in the present LHC run [208]. For inclusive dijet
search, all other BPs reach a 5σ significance for a luminosity L ∼ 600 fb−1, as shown in the LHS
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Figure 3.22: Running of the NP Yukawa couplings of our model with energy scale µ (in GeV) is
shown here. The magenta lines represent the evolution of λµ, the blue ones represent that of λτ
while the orange ones are for λb. The solid, dashed, dotted and dotdashed styles for the legends
are used to represent the running for benchmarks points 2, 4, 5 and 6 respectively. Note that the
solid and dashed lines overlap (due to similar variation of the couplings) and hence are
indistinguishable. Also the magenta and blue dot-dashed lines for BP6 overlap due to similar
coupling strengths.

of Fig. 3.21. It is also impossible to distinguish BP5 from pure IDM scenario, while all other BPs
(except BP1) lie very close to each other because of comparable production cross sections. On the
other hand, for exclusive b-tagged final states, although the BPs can be distinguished from pure
IDM case, but none of them reach a discovery limit even at very high luminosity. This makes the
model impossible to be probed at the LHC for final states containing b-jets. Thus, we can infer that,
at the present LHC luminosity the non-observation of any excess rules out the vector like quark
with masses ≤ 500 GeV (BP1). However, MD in between 700 GeV and 900 GeV are still allowed
which can further be constrained if we do not see any excess in the dijet plus /ET signal at high
luminosity LHC runs. We have also noted that MD

>∼ 900 GeV can not be ruled out at the LHC
even at very high luminosity run. This makes the model difficult to be probed in dijet plus /ET

final state even at high luminosity LHC runs.
In passingwewould like tomention that dilepton plus dijet withmissing energy final state has

production cross-section lower than that of other final state signatures we discussed so far (as tab-
ulated in Table. 3.3) which will result in very low signal significance over background. Therefore,
we refrain from elaborating the fate of such final states at the LHC.

3.8 RenormalizationGroup Equation (RGE) Running of the Couplings

Any finite coupling is expected to hit a Landau pole at some scale. The Landau pole is the scale
where the couplings become infinite. We check the high scale validity of our model by solving
the RGEs using PyR@TE 2 [209]. The RG equations for pure IDM has been studied extensively
before [210], but the addition of vector-like particles will modify the gauge, quartic and Yukawa
couplings. We have considered the running of the SM Yukawas and gauge couplings at two loop
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level as furnished in Appendix A.2. The running of all the new couplings are considered at one
loop level which can be seen from Appendix A.1.

In Fig. 3.22, we have shown the variation of the Yukawa couplings in ourmodel for the allowed
benchmark scenarios. We note that, the Landau pole is reached at ∼ 107 GeV for both BP2 and
BP4, for BP5 the Landau pole is reached at >∼ 106 GeV, while for BP6, it is reached at 105 GeV. We
note that the cut-off scale is dependent on the initial value of our NP couplings. The cut-off scale
is higher if any one of the couplings are small as in BP2 (here the smaller one being λµ = 0.7 while
the largest one being λτ = 1.2) while for BP6 in which both λµ and λτ equal 1.5 and λb = 0.1, the
Landau pole is reached at 105 GeV. Thus the Landau pole is mainly driven by the smaller coupling
and since we have chosen λτ to be high in all the cases, the perturbativity of our theory is mostly
determined by the value either λµ or λb, whichever is smaller.

3.9 Summary

In this chapter we have studied an extension of the inert Higgs doublet model with SU(2)L singlet
vector like fermions. The model offers a DM candidate same as that in pure IDM, while the vector
like fermions act as mediators between the dark sector and the visible sector in addition to the
usual SM Higgs portal interactions. Due to the presence of the Yukawa interaction and family-
dependent couplings, we have interesting FCNC and LFV processes, which can explain anomalies
inRK(∗) data and also have the potential to incorporate the observed data on muon (g− 2). At the
moment, satisfying all the other constraints, our model can comfortably explain the lower limit
of the observed discrepancy in muon (g − 2). We have studied the parameter space of the model
in detail considering bounds from DM relic density, direct detection, as well as from flavour data
for both low and high mass region of the DM. Apart from change in allowed DM mass values
from relic density requirements, due to the existence of new interactions mediated by vector like
fermions, we also find more promising direct detection rates compared to pure IDM, for chosen
benchmark points.

From the resulting constrained parameter space, we have chosen a set of benchmark points for
further collider studies. Because of the presence of the exotic particles, this model gives rise to
several interesting signals in collider consisting of: hadronically quiet dilepton channel (`+`− +

/ET ), dijet channel (jj + /ET ) and dilepton plus dijet channel (`+`− + jj + /ET ), along with missing
energy. Final states containing two leptons with two jets plus missing energy provide a very small
production cross-section, and we refrain from analyzing such signals in our work. Of the other
two channels, hadronically quiet dilepton final state shows a 5σ significance in few of our chosen
benchmark scenarios (BP2 and BP4) withME2 andME3

>∼ 200 GeV forM`` > 200 GeV and HT >

280 GeV, and the required luminosity is ∼ 700 fb−1. BP6 is also likely to be probed at the future
run of the LHC when the luminosity reaches ∼ 200 fb−1. We note that the vector like lepton
masses <∼ 200 GeV are very likely ruled out by LHC data since they have not seen any excess in
the abovementioned final states at the present luminosity. Similar boundswere also later reported
by Bißmann et al. [211] from a more sophisticated analysis of multi-lepton signatures of vector-
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like leptons at
√
s = 13 TeV LHC. For inclusive dijet plus /ET final state, on the other hand, a 5σ

discovery can be claimed in couple of benchmark scenarios with MD
>∼ 600 GeV for luminosity

≥ 600 fb−1.
To summarize, the vector-like fermion extension of IDM is capable of explaining anomalous

results like RK(∗) and muon (g − 2); the required new parameter spaces are allowed by other
flavour data like the rare and radiative Bq (q = d, s) decays, Bq − B̄q mixing and the LFV decays
like τ → µγ, µ → eγ etc. The DM of the model satisfies Planck-observed relic density, obeying
bounds from recent direct search data. The model can also be probed in the LHC experiment for
a higher luminosity for some particular final states satisfying all the constraints mentioned above.
We also check the perturbative unitarity of the model and find that for the chosen benchmark
points the model can remain perturbative up to an energy scale 105 − 107 GeV.
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Chapter 4

Phenomenology of a Light Leptophilic
Z′ in the context of Dark Matter,
Neutrino Mass and Flavour Anomalies

4.1 Introduction

GaugedU(1)X extensions of the SM are quite popular in the phenomenological studies pertaining
to dark matter and neutrino mass. In some cases, these models also provide an explanation to the
discrepancies in the LFUV observables RK(∗) and muon anomalous magnetic moments. Readers
may refer to these studies present in the literature [175, 176, 212–218] and the references therein.
In this chapter, we consider a U(1)X gauge extension of the SM whose symmetry is determined
from low energy b → s data and ∆aµ. The resulting gauge group of the model will be SU(3)c ×
SU(2)L × U(1)Y × U(1)X which is an extension of SM by an abelian factor. For a review of such
Abelian gauge extension of SM, see [219].The advantage of such an extension is that it introduces a
minimal set of free parameters. The other most important feature of the new gauge symmetry we
adopt here is that it is leptophilic in nature i.e. only the leptons will be charged under U(1)X , not
the quarks. For an explanation of the above mentioned anomalous results, the lepton generations
must have different charges under U(1)X . The degree of fermion non-universality should explain
the observed discrepancies in RK(∗) and muon anomalous magnetic moment. In this minimal
modelwithGeV scalemass ofU(1)X gauge boson, we can not explainRD∗ and the data on electron
anomalous magnetic moment.

However, charging the fermions under this new gauge group in the absence of additional chi-
ral fermions generally leads to triangle anomalies which must be cancelled in order to validate
the gauge theory at the quantum level. Hence, in order to cancel the gauge anomalies, we need
to introduce additional degrees of freedom into our model, in terms of chiral fermions. Here, fol-
lowing the constraints from gauge anomaly cancellation, we discuss only two different possible
scenarios in which we can explain the existing data on DM and neutrino oscillation. In extended
version of such minimal model with more particle and interactions, there will be additional Feyn-
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Particles SU(3)c × SU(2)L × U(1)Y U(1)X

QL =
(
uL
dL

)
(3, 2, 1

6) 0
uR (3, 1, 2

3) 0
dR (3, 1,−1

3) 0(
νe
e

)
L

(1, 2,−1
2) n1

(
νµ
µ

)
L

(1, 2,−1
2) n2

(
ντ
τ

)
L

(1, 2,−1
2) n3

eR (1, 1,−1) n1
µR (1, 1,−1) n2
τR (1, 1,−1) n3

Table 4.1: U(1)X charges of the SM fermions.

man diagrams which will contribute to RD∗ and ∆ae that help us to explain the observed data.
While such models with heavy U(1)X gauge boson have been extensively studied, there have

been very few studies on low mass regions [220–224]. However, our working model is very much
different compared to the ones discussed in the references mentioned above and we also correlate
the flavour anomalies with origin of neutrinomass and darkmatter. Both the scenarios we discuss
here consider the viability of a leptophilic U(1)X gauge symmetry in a way that it is anomaly free,
predicts lepton flavour non-universality and the origin of light neutrino masses while the stability
of DM candidate is ensured by an additional Z2 symmetry which also plays a non-trivial role in
neutrino mass generation for one of the models.

This chapter is organised as follows. In section 4.2 we briefly discuss our overall framework
followed by the corresponding analysis of flavour anomalies in section 4.3 by considering only
the SM particle spectrum along with a massive leptophilic and family non-universal U(1)X gauge
boson. We then move onto the discussions of the complete models in sections 4.4, 4.5 covering
the details of flavour anomalies, dark matter and neutrino mass. In section 4.6 we discuss about
different Higgs invisible and charged lepton flavour violating decays and also comment on other
possible ways to probe our model at the LHC and finally summarise our findings in section 4.7.

4.2 Our Framework

As mentioned before, our goal is to extend the SM by an Abelian U(1)X symmetry with a corre-
sponding massive gauge boson X . We restrict our study to only low mass regime (GeV scale) of
this additional gauge boson and allow only the leptons to couple to it. The charge assignments
of the different SM particles under the different gauge groups are listed in Table. 4.1 and the NP
interaction Lagrangian is given by

LNP
int = i

3∑

i=1

nigX(¯̀L
i γ

µ`Li + ēRi γ
µeRi )Xµ −

1

4
XµνX

µν +
ε

4
BµνX

µν , (4.1)
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where gX is the gauge coupling of the U(1)X group, i represents the lepton generation and ni

are the charges of the lepton families under U(1)X which we want to constrain from anomaly
cancellation requirements as well as flavour phenomenology. Here, in the above Lagrangian, `Li
is the left-handed lepton doublet while eRi is the right-handed singlet with same gauge charge ni.
While writing the above Lagrangian, we have assumed that the U(1)X charges for the right and
left-handed leptons are same, leading to a vector type interaction. In Eqn. (4.1), Bµν and Xµν are
the standard U(1)Y and U(1)X field stress tensors, respectively, and the factor ε represents the
kinetic mixing between them. We assume that the leptophilic X mixes kinetically with the SM Z

boson with a strength ε. This mixing will be helpful to get contributions in various low energy
observables like RK , RK∗ through penguin diagrams with the lepton vertex dominated by the
above interaction and the one-loop quark vertex modified by the mixing parameter ε. In muon
or electron anomalous magnetic moments or in other lepton flavour violating (LFV) decays, at
leading order, this mixing parameter does not have any specific role.

As mentioned before, assigning charges to the SM fermions under a generic U(1)X symmetry
leads to non-zero contributions to the one-loop triangle diagrams and makes the model anoma-
lous. Therefore in order to realise a anomaly-free renormalisable model, one needs to put addi-
tional chiral fermions into the model which may also provide a natural candidate for DM. At the
same time the additional chiral fermions required for anomaly cancelation could be made useful
for neutrino mass generation as well. For similar construction of Abelian gauge extended models
in the context of DM and neutrino mass generation, see [225–233] and references therein.

The equations that govern the anomaly cancellation requirements in our setup are given by :

(A) [SU(2)]2[U(1)X] :
(

1

2

)
× 2× n1 +

(
1

2

)
× 2× n2 +

(
1

2

)
× 2× n3 −

(
1

2

)
× 1× n1 −

(
1

2

)
× 1× n2

−
(

1

2

)
× 1× n3 =

1

2
(n1 + n2 + n3)

(4.2)

(B) [U(1)Y]2[U(1)X] :
(
− 1

2

)2

× 2× n1 +

(
− 1

2

)2

× 2× n2 +

(
− 1

2

)2

× 2× n3 − (−1)2 × n1 − (−1)2 × n2

− (−1)2 × n3 = −1

2
(n1 + n2 + n3)

(4.3)

(C) [U(1)Y][U(1)X]2 :
(
− 1

2

)
×2×n21 +

(
− 1

2

)
×2×n22 +

(
− 1

2

)
×2×n23− (−1)×n21− (−1)×n22− (−1)×n23 = 0 (4.4)

(D) [U(1)X]3 :
n3

1 × 2 + n3
2 × 2 + n3

3 × 2− n3
1 − n3

2 − n3
3 = n3

1 + n3
2 + n3

3 (4.5)

(E) [U(1)X] :
n1 + n2 + n3 (4.6)
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From the above set of conditions (A-E) one can infer that :

• n1 + n2 + n3 = 0 ensures anomaly cancellation of all the anomalies except Eqn. (4.5).

• In order to ensure Eqn. (4.5) is also zero, we can add N extra fermions with U(1)X charges

(m1,m2, ... etc.) such that
N∑
i=1

mi = 0 and
N∑
i=1

m3
i = −

(
3∑

i=1

n3
i

)
.

The one way of cancelling the anomaly without adding more fermions is to consider equal and
opposite charges for any two generations of leptons and let the charge of the third generation be
zero. These are the symmetries like U(1)Le−Lµ , U(1)Lµ−Lτ which has been discussed earlier in the
references [176, 215, 218, 234]. However, if we want to consider non-zero charges for all the three
lepton generations, then we need to have additional chiral fermions in our model for anomaly
cancellation. So without choosing random charges and adding fermions in an ad-hoc manner,
we can try to constrain the possible values of n1, n2 and n3 from the available low-energy data.
Note that n1 and n2 will be sensitive to the observables like RK(∗) as well as electron and muon
anomalous magnetic moments. There will not be any contributions to the lepton flavour violating
decays and the rare decays like Bs → µµ or Bs → ee. Also, depending on the lepton in the final
state, the b → c`ν` decays (with ` = e, µ, τ ) will be sensitive to the charges as mentioned above.
However, due to the lowmass ofX , the new contributions inB → D(∗)`ν` decays aremuch smaller
as compared to the corresponding SM counterpart. Therefore, effectively we can get constraints
on n1 and n2 using the available data on b → s`` decays (for ` = µ, e) and anomalous magnetic
moments; however, due to unavailability of sufficient data, n3 can not be constrained. We then look
for possible solutions for the charges (n1, n2, n3) such that n1+n2+n3 = 0. Such a prescription also
allows us to constrain the mass of X and the kinetic mixing parameter effectively. The detailed
analysis is described in the next section.

Note that for general U(1)X charges of leptons, one can have a general structure of charged
lepton mass matrices. One can have non-diagonal terms in charged lepton mass matrix even with
vector-like couplings of leptons to X (equal charge of left-handed doublet and right-handed sin-
glets). This is because of the equality of U(1)X charges across multiple fermion generations or in
case we extend our model with additional Higgs doublets with appropriate U(1)X charges. In
such a case, the charged lepton mass matrix has to be diagonalised using a bi-unitary transforma-
tion as follows

Ml = VLM
diag
l V †R

where Mdiag
l = diag(me,mµ,mτ ). As will be discussed later, the PMNS mixing matrix will get

additional contribution from charged lepton sector via UPMNS = V †LUν where Uν diagonalises
the complex symmetric Majorana light neutrino mass matrix Mν = UνM

diag
ν UTν with Mdiag

ν =

diag(m1,m2,m3).
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Figure 4.1: Dominant diagrams contributing to b→ s`+`− decay.

4.3 Analysis

In the following subsection, we will discuss different observables which will be useful to constrain
various model parameters like U(1)X charges of leptons ni, new gauge coupling gX , new gauge
boson massMX , and the kinetic mixing parameter ε.

4.3.1 Exclusive b→ s`` (with ` = e, µ) decays

The measured value ofRK(∗) by LHCb can be found in eqs. (1.65),(1.66). In our model, the leading
contributions to the Wilson coefficients will come from the diagrams shown in Fig. 4.1, and we
will have contributions only in C9 due to the vectorial coupling of theX to the leptons. There will
be contributions in both b → sµ+µ− and b → se+e− decays. As can be seen from Eqn. (4.1), due
to the absence of axial-vector coupling of X to the leptons, we do not have contributions to C10.
Therefore, at the leading order, the newWC is given by

C`,NP
9 =

(
M2
Wn`gXε

CWSW

)(
1− 4

3
S2
W

)(
1

q2 −M2
X + iΓXMX

)
× C(xt) (4.7)

with
C(xt) =

xt
8

[
6− xt
1− xt

+
3xt + 2

(1− xt)2
ln(xt)

]
, xt =

m2
t

M2
W

. (4.8)

Here,mt andMW are the top quark andW -boson masses, respectively. The sine of the Weinberg
angle is defined as SW = sin θW and CW =

√
1− S2

W . Also, n` ≡ (n1, n2) depending upon the
lepton flavour it contributes to.

Asmentioned earlier, to build aUV complete theory, gauge anomalies should cancel, for which
we need to introduce new heavy fermions in our theory in addition to theX boson. It is important
to note that there can be an additional contribution to C9 due to the anomalous coupling of the
longitudinal mode ofX boson with SM gauge bosons [235, 236]. Depending on the masses of the
heavy fermions, the contributions can be significant. However, such contributions from the Wess-
Zumino terms will only occur if the new fermions have vectorial coupling with the SM gauge
bosons and chiral coupling with the U(1)X gauge boson. As we will see later, in our construction
of the toy models, we have added only three right-handed neutrinos which do not couple to the
SM gauge bosons. We do not have any other exotic fermions in our models. Hence, we will not
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have any such contributions as mentioned above from the longitudinal mode of X boson.
Note that we are working in a model with the mass of X in the GeV or sub-GeV range, in par-

ticular, we are focusing in the regionMX > 2mµ. On the other hand for B → K(∗)`` decays, the
allowed values of q2 lie in the range 4m2

` < q2 < (MB−MK(∗))2. In such a situation, one cannot Tay-
lor expand theX propagator in powers of q2/M2

X . Therefore, the newWC, as shown in Eqn. (4.7)
will have explicit q2 dependence and in general, could be complex. Note that for theX-boson, we
have introduced the Breit Wigner (BW) propagator. In this form of the propagator, we will get a
finite analytic expression for the amplitude at the resonance region. This is because, around the
mass of X , the zeroth-order propagator vanishes and the higher-order effects are leading, which
is given by the imaginary part proportional to theX decay width. The imaginary part will receive
contributions from every particle into whichX can decay. In general, without a priori knowledge
of all the decay channels of X , it is hard to predict its total decay width. However, we have con-
sidered a leptophilicX , and its primary decay channels are the dilepton final states, like `+`− and
νν̄ with ` = e, µ. Hence, one needs to estimate the decay width ΓX ≈ Γ(X → ``) + Γ(X → νν̄).

In this model, there are free parameters which need to be constrained using the existing data.
In particular, the constraints from low energy experiments, like neutrino trident production (NTP)
bound, rare kaon decay K+ → νµµ

+X(→ νν̄), BaBar 4µ channel search etc. along with cosmo-
logical observations of BBN are important. As can be seen from [237–239], the current data al-
low a gauge coupling n`gX ∼ 0.0018 for MX ∼ 0.5 GeV and it could be >∼ 0.003 for MX

>∼ 1.0

GeV1. Depending on the values of the lepton charges the upper limits on gX would scale accord-
ingly. For example, for n` = 2, gX as large as 0.001 is allowed for MX = 0.5 GeV, and it will be
≈ 0.0015 forMX = 1 GeV2. On the other hand, the kinetic mixing parameter ε is constrained from
neutrino-electron scattering experiments like CHARM-II, GEMMA and TEXONO, for details see
[241]. Mixing strength >∼ 10−3 is ruled out for gauge bosons of mass around the electroweak (EW)
scale. For keV scale bosons, the bound is even tighter O(10−6). LEP II has put a lower bound on
the ratio of new gauge boson mass to the new gauge coupling to beMX/gX ≥ 7 TeV [242]. How-
ever, since we are interested in the low mass of the gauge boson, bounds from hadron colliders
like ATLAS and CMSwill not be very relevant. Similarly, LEP bound is also not applicable in such
low mass regime3. With all these inputs, the X decay width as mentioned above, will be of order
O(10−9-10−7) GeV for gX ∈ (10−4, 10−3), which is much smaller than MX . In the limit ΓX

MX
→ 0

(narrow-width approximation (NWA)), the BW becomes a delta distribution: δ(q2 −M2
X).

LHCb has done a dedicated search for light hidden-sector bosons by measuring the branching
fraction B(B0 → K∗0χ(µ+µ−)) = B(B0 → K∗0χ)×B(χ→ µ+µ−). Here, χ is the light boson in the
hidden sector similar to X in our case. Depending on the lifetime τ(χ), LHCb has put bounds on
the above mentioned branching fraction for a given mass range of χ [244]. One can refer to Fig.7

1Note that the experimental bounds exist on the combined quantity (n`× gX) and therefore a proper rescaling with
the lepton charge is required in order to correctly infer the bound on gX .

2Note that depending on themassMX , the bound obtained on the coupling gX in the refs. [237–239] and fromBaBar
4µ channel search [240] will be little more relaxed in our case. The obtained bound depends on the assumption that the
Z′ couples with all the charged leptons and neutrinos with the same strength, while in our case coupling strengths are
not the same.

3As an example, one could see at the ref. [243] for a detail of the direct search bounds on such a light gauge boson.
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Figure 4.2: Variation of B(B0 → K∗0χ(µ+µ−))/B(B0 → K∗0µ+µ−) as a function of the massMX for different values
of (a) the mixing parameter ‘ε’ and (b) the U(1)X charge ni. From Figs. (b) and (c), we can check the dependence of the
above ratio on the coupling gX .

of the supplemental material of reference [244] in which the ratio B(B0 → K∗0χ(µ+µ−))/B(B0 →
K∗0µ+µ−) has been plotted as a function of m(χ) (with 214 ≤ m(χ) ≤ 4350 MeV) for different
values of τ(χ) including τ(χ) = 0. Here, the branching fraction B(B0 → K∗0µ+µ−) is defined
for 1.1 < m2(µ+µ−) < 6.0 GeV2. Note that if we choose the lifetime τ(χ) = 1000 ps, which
corresponds to a very small decay width ofX , the ratio as mentioned above could be of order one.
However, the bounds on the same ratio will be ≤ O(10−2) (at 95% CL) for τ(χ) = 10 ps, which is
even the case in the limit τ(χ) → 0. The width ΓX ≈ 10−9 GeV corresponds to a lifetime ≈ 10−4

ps which is close to zero.
In our model, we have estimated B(B0 → K∗0X(µ+µ−))/B(B0 → K∗0µ+µ−) within the ac-

cessible ranges of MX . The normalisation B(B0 → K∗0µ+µ−) has been measured by LHCb for
1.1 < q2 < 6.0 GeV2 [245], which is given by (1.6 ± 0.3) × 10−7. The dependences of this ratio on
different model parameters like ε, the charge n2 and the coupling gX are shown in Fig. 4.2. A close
inspection of Figs. 4.2b and 4.2a suggests that if we choose ε <∼ 10−4, for values of n2 as large as
5, the constraints from LHCb will be satisfied within the accessible ranges ofMX . However, even
though for gX = 10−3, n2 ∼ 5 is allowed by the LHCb constraints as shown in Fig. 4.2c, it will not
be able to satisfy other low energy experimental bounds mentioned previously. To satisfy the low
energy bounds for n2 = 5, we need gX <∼ 0.5 × 10−4. In the rest of our analysis, we will consider
ε ≈ 10−4. Note that even for a relatively large gauge coupling (∼ 10−3) we can still be able to
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Figure 4.3: Diagram contributing to the anomalous magnetic moment of charged leptons.
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Figure 4.4: The dependencies of the muon anomalous magnetic moment (∆aµ) on the different new physics model pa-
rameters. The red-dashed and solid lines represent the 3σ lower limit of the measured values of ∆aµ given in eqs.(1.71)
and (1.72) respectively.

satisfy the upper bound provided by LHCb.

4.3.2 Anomalous Magnetic Moments

Another important observable which could be useful to put tight constraints on the model param-
eters is the anomalous magnetic moments of muon or electron. As one can see from Eqn. (4.1),
since we do not have lepton-flavour violating couplings ofX , the gauge boson mediated diagram
will not contribute to decays like τ → µγ, µ→ eγ etc.

The effective vertex of photon with any charged particle is given by:

ū(p′)eΓµu(p) = ū(p′)

[
eγµF1(q2) +

ieσµνq
ν

2mf
F2(q2) + ...

]
u(p). (4.9)

The factor gµ ≡ 2(F1(0) +F2(0)), and the anomalous magnetic moment is given as aµ ≡ F2(0) 6= 0

(since F1(0) = 1 at all order). In our model, the diagram that will contribute to muon and electron
anomalous magnetic moments is given in Fig. 4.3. In our model, the contribution to ∆a` is given
by

∆a
(X)
` =

n2
`g

2
X

8π2

m2
`

M2
X

∫ 1

0
dx

2x2(1− x)

(1− x) + x2r`(x)
(4.10)

where r`(x) =
(
m2
`

M2
X

)
, ` ≡ e, µ and n`(= ni) denotes theU(1)X charge of the lepton. Our analytical

expression can be compared with the one obtained in [198]. Note that the contributions in ∆a` for

TH-2853_166121012



74
Chapter 4. Phenomenology of a Light Leptophilic Z ′ in the context of Dark Matter, Neutrino

Mass and Flavour Anomalies

both ` = µ and e are positive; however, in the case of electronmagnetic moment, the expectation is
negative. Also, as compared to the requirement, the contribution in electron anomalous magnetic
moment is negligibly small. The dependences of ∆aµ on various model parameters are shown in
Fig. 4.4. We can easily explain the excess in ∆aµ for values of gX of order O(10−3), and the data
prefers a value of MX

<∼ 1 GeV. In such situation, the value of n2 need not be >> 1. However, if
we choose gX ≈ 10−4 then in order to explain the excess in muon (g−2), we need relatively larger
values of n2(>> 1).

We have already pointed out in the introduction that the current measurement of the fine
structure constant poses a negative ∼ 2.4σ deviation in anomalous magnetic moment of electron
from its theory prediction [246]:

∆ae = −8.8(3.6)× 10−13. (4.11)

In electron anomalous magnetic moment, the contribution from the diagram in Fig. 4.3 will be
positive and is given by

∆a(X)
e = 2.11× 10−15 (4.12)

forMX = 1 GeV, gX = 0.001 and n1 = 1. Hence, we can not explain the current trend of data in
∆ae with only an additional U(1)X gauge boson.

4.3.3 Combined parameter spaces

In this subsection, we discuss the constraints obtained on the model parameters from a simulta-
neous analysis of the observables in b → s`` decays and ∆aµ. As we can see from eqs. (1.66),
data are available in two different q2 regions, one for q2 ∈ [0.045, 1.1] GeV2 (low-q2) and the
other for q2 ∈ [1.1, 6] GeV2 (high-q2). In our analysis, we have considered the inputs from RK(∗) ,
B(B → K(∗)µ+µ−) (in both the q2 regions) and ∆aµ. For RK(∗) , we have considered the LHCb
data in their 2σ CL and ∆aµ has been considered in its 3σ CL interval.

As mentioned earlier, the mixing parameter ε plays a crucial role in constraining the other
relevant new parameters. We have noted that when ε ≈ 10−4 the allowed regions of the other
parameters are more relaxed than the one obtained for ε ≈ 5× 10−4. We scan the parameters over
the following intervals: 0.5 ≤MX ≤ 1.5 (in GeV), −5 ≤ n1 ≤ 5, −5 ≤ n2 ≤ 5, 0.1 ≤ gX(×103) ≤ 3.
Here, wewould like to mention that the lowmass regions 0.22 < MX < 0.5 (GeV) are also allowed
by the data as discussed above; in the next section, we will show it in a specific scenario. The
allowed parameter spaces for ε = 1 × 10−4 are shown in Fig. 4.5. Note that n2 and n1 have a nice
correlation, higher positive values of n2 prefers higher negative values of n1. Also, within our
chosen parameter values, only negative values of n1 are allowed. For a fixed value of n2, a wide
range of values of n1 is allowed. However, as expected, the scenario n1 = n2 is excluded. Here,
we have shown only the positive values of n2, which are allowed by the data. The allowed values
of n2 are symmetrically distributed about the origin along the n2-axis. In addition, we see that for
ε ≈ 1× 10−4, within the given range ofMX , the allowed values of the coupling gX lies in between
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Figure 4.6: Correlation betweenMX and gX constrained from all low energy flavour data and muon anomalous mag-
netic moment for n2 and n1 fixed at 2 and -1 respectively.

0.5 × 10−3 and 2 × 10−3. To be conservative, we have not considered values of gX larger than
2× 10−3 since other low energy observables constrain higher values, for details see [237–240].

4.4 The extension of U(1)X with additional degrees of freedom

Acertain combination ofn1, n2 would lead to a particular extension of the SMwith chiral fermions.
While such an extension is not unique, we stick to minimal possible extensions in order to address
the problems discussed earlier. Therefore we can now proceed towards making a specific choice
for these parameters in order to complete our model in a way that the extension is minimal. We
have already been able to constrain n1 and n2 from low energy data while n3 remains uncon-
strained. One can easily see that the minimal way to cancel the anomalies would be to add three
chiral singlet fermions with U(1)X charges n′1 = −n1, n′2 = −n2 and n′3 = −n3. This will make the
sum of the charges as well as sum of the cubes of the charges equal to zero. The three fermions
can be considered to be 3 right-handed neutrinos (RHNs). As a benchmark scenario we choose
(n1, n2, n3) = (−1, 2,−1) which is in good agreement with the flavour data as shown in Fig. 4.5.
For n2 = 2,n1 = −1, the correlation betweenMX and gX is shown in Fig. 4.6, here we have shown
the region 0.25 <∼MX

<∼ 1.0 (GeV). For these values of [n2, n1] and for gX = 0.001, within the al-
lowed ranges of q2 and MX the numerical values of the WCs ∆Cµ9 and ∆Ce9 will lie in between
[−0.827,−1.83] and [0.413, 0.91], respectively. These values of the WCs are consistent with the re-
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sult (within 2σ CI) obtained from a global fit to all the available data in b→ s`` decays considering
NP effects in both the muon and electron final states [247].

Since the light gauge boson also couples to SM neutrinos, our model will have contributions to
both exclusive and inclusive rare B-meson FCNC decay to invisible final states. The present upper
limits on such modes are [12]

B(B+ → K+νν̄) < 1.6× 10−5,

B(B0 → K0∗νν̄) < 1.8× 10−5.
(4.13)

In Table. 4.2, we have specified the SM and NP contributions to the branching fractions of these
rare decaymodes considering only central values of form factors and other decay parameters [248,
249]. Our choice of the light gauge boson mass and mixing modifies the SM prediction of the
branching fraction of the exclusive decay channels by ∼ (1 − 3)% only while the inclusive B →
Xsνν̄ branching is enhanced by upto ∼ 20%. At present, the predicted branching fractions are
well within the current experimental limit. Note that no experimental bounds are available on
B(B → Xsνν̄).

B(B+ → K+νν̄)× 106 B(B0 → K0∗νν̄)× 106 B(B → Xsνν̄)× 106

SM 3.90 9.12 28.11

MX = 0.3 GeV 4.02 9.39 34.07

MX = 0.6 GeV 3.94 9.15 28.51

MX = 0.9 GeV 3.95 9.49 35.23

Table 4.2: Predictions for the SM and NP branching fractions for the rare B-meson decay to a pair of neutrinos. The NP
branching fractions are mentioned for three different light gauge boson masses considering gX = 10−3, ε = 10−4 and
U(1)X charges as mentioned above.

One can make the fermion content richer by adding more chiral fermions with appropriate
charges that satisfy the anomaly cancellation requirements. However, we would like to have a
plausible explanation for the neutrino masses, and at the same time, we want to keep our model
minimal. Therefore, we extend our model with only three RHNs. All these fermions couple di-
rectly to SM leptons via SM Higgs (due to equal and opposite U(1)X charges of right and left
handed leptons while SM Higgs remains chargeless under it), and therefore we cannot consider
one of them to be our DM candidate. One can, of course, add a Dirac fermion on top of this which
will not contribute to any anomaly and assign this to be the DM. But such a scenario will be ad-hoc
and less motivating since the DM does not arise naturally from the anomaly cancellation require-
ments. Also, its mass remains a free parameter without being connected to the scale of U(1)X

symmetry breaking. Thus we need to look beyond this minimal solution by extending the particle
content further4. On the other hand, imposing a discrete Z2 symmetry on the new chiral fermions
(at least in one of them) will help us in forbidding their direct coupling to SM fermions and SM

4One can consider one of the RHNs to have very tiny Yukawa couplings with leptons and become a candidate for
sterile neutrino DM. We do not consider this possibility here, for details of such scenarios please refer to the review
article [250].
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Particles SU(3)c × SU(2)L × U(1)Y U(1)X Z2

QL =

(
uL
dL

)
(3, 2, 1

6) 0 +

uR (3, 1, 2
3) 0 +

dR (3, 1,−1
3) 0 +

L1 =

(
νe
e

)

L

(1, 2,−1
2) −1 +

L2 =

(
νµ
µ

)

L

(1, 2,−1
2) 2 +

L3 =

(
ντ
τ

)

L

(1, 2,−1
2) −1 +

eR (1, 1,−1) −1 +
µR (1, 1,−1) 2 +
τR (1, 1,−1) −1 +
H1 (1, 2, 1

2) 0 +
N1R (1, 1, 0) −1 -
N2R (1, 1, 0) 2 -
N3R (1, 1, 0) −1 -
H2 (1, 2, 1

2) 0 -
ϕ1 (1, 1, 0) 2 +
ϕ2 (1, 1, 0) 4 +

Table 4.3: Particle content for Toy model I.

Higgs. In non-minimal or UV complete version of such minimal scenarios, it is possible to realise
such Z2 symmetry as a remnant after spontaneous symmetry breaking of U(1)X [227–229, 231–
233]. Ourminimal setup herewill enable us to have aDM candidatewithout adding new fermions
apart from the RHNs. Under such a scenario, there are two possibilities with the different origin
of light neutrino masses but with almost the same DM phenomenology, which we discuss in the
following section.

4.5 Toy Models

In the following subsections, we discuss the toy models which have been built considering the
U(1)X charge assignments of the SM leptons and new chiral fermions as described in the previous
section i.e. (n1, n2, n3) = (−1, 2,−1) and (n′1, n

′
2, n
′
3) = (1,−2, 1). We consider the additional

fermions (namely,N1, N2 andN3) to be right-handed, hence, their U(1)X charges will be the sign-
flipped version of (n′1, n

′
2, n
′
3) i.e. (−1, 2,−1). Based on how we are imposing the Z2 symmetry

on the new chiral fermions, one can come up with different models, and here we will discuss two
such toy models.
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4.5.1 Toy Model I

Particle Content

In this scenario, we consider that all generations of the RHNs, Ni (i = 1, 2, 3), to be odd under a
discrete Z2 symmetry while all the SM particles are even. Thus to write a Yukawa term for the
RHNs with the SM leptons, we would require an additional Higgs doublet (H2) which is also odd
under this discrete symmetry. The unbrokenZ2 symmetry preventsH2 from acquiring a non-zero
vacuum expectation value (vev), and it remains inert. However, it plays a crucial role in neutrino
mass generation by the radiative seesaw mechanism [61], which has been described later. To give
Majorana masses to right handed neutrinos, we require at least two singlet neutral scalars with
non-zeroU(1)X charges. The particular choice of theU(1)X charge of the RHNsmentioned above,
automatically necessitates that the singlet scalars carry charge 2 and 4 respectively, allowing us to
right the Majorana mass terms for Ni . The lightest singlet neutral fermion can be a suitable DM
candidate since the Z2 symmetry protects its decay into other lighter particles. However, sinceN2

is unique from the other singlet fermions in terms of its U(1)X charge, so we consider this to be
our DM candidate and ensure that it is the lightest among all the Z2 odd fermions. In Table 4.3,
we have shown the entire particle content alongside with their respective charges with respect to
different symmetries of the model.

Lagrangian and Scalar Mass Spectrum

In the set up given above, the total Lagrangian can be written as

LTot = LSM + LS − LY +
i

2

3∑

i=1

N̄i/∂Ni + igX

3∑

i=1

[
ni (¯̀L

i γ
µ`Li + ēRi γ

µeRi ) + n′i N̄iRγ
µNiR

]
Xµ

− 1

4
XµνX

µν +
ε

4
BµνX

µν

(4.14)
where ni, n′i are the U(1)X charges of the SM lepton generations and RHN generations, respec-
tively. The relevant Yukawa interactions are given by :

− LY ⊃
∑

i,j

Y `
ijL̄iH1ejR +

∑

i,j

YijL̄iH̃2Nj + YkkL̄kH̃2Nk +
∑

i,j

Y ϕ
ij N̄

c
iNjϕ1 + Y ϕ

kkN̄
c
kNkϕ

†
2 (4.15)

where i, j, k are the generation indices with i, j = (1, 3), while k = 2 and H̃2 = iσ2H
∗
2 . The scalar

Lagrangian LS can be written as:

LS = (DµH1)†(DµH1)+(DµH2)†(DµH2)+(Dµϕ1)†(Dµϕ1)+(Dµϕ2)†(Dµϕ2)−V (H1, H2, ϕ1, ϕ2),

(4.16)
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where the covariant derivative is given by

Dµ =

(
∂µ + ig

τa

2
W a
µ + ig′Y Bµ − iGXXµ

)
. (4.17)

Here, GX = (gXX + g′εY ) and (Y,X) are the hypercharges related to U(1)Y and U(1)X gauge
groups respectively. In the above mentioned scenario, X = 4 and 2 for ϕ2 and ϕ1, respectively,
while X = 0 for H1 and H2. As defined earlier, ε is the kinetic mixing parameter. The scalar
potential V (H1, H2, ϕ1, ϕ2) is defined as

V (H1, H2, ϕ1, ϕ2) = µ2
1|H1|2 + µ2

2|H2|2 +
λ1

2
|H1|4 +

λ2

2
|H2|4 + λ3|H1|2|H2|2 + λ4|H†1H2|2

+

{
λ5

2
(H†1H2)2 + h.c.

}
+ µ2

3|ϕ1|2 + µ2
4|ϕ2|2 +

λ6

2
|ϕ1|4 +

λ7

2
|ϕ2|4

+ λ8(ϕ†1ϕ1)(ϕ†2ϕ2) + λ9|H2|2|ϕ1|2 + λ10|H2|2|ϕ2|2 + λϕ1 |H1|2|ϕ1|2

+ λϕ2 |H1|2|ϕ2|2 +

{
δ ϕ1ϕ1ϕ

†
2 + h.c.

}
,

(4.18)

with the doublet and singlet scalars after the electroweak symmetry breaking (EWSB) defined as

H1 =




w±

v+h
′
+iz√
2


 , H2 =




H±

H0+iA0
√

2


 , ϕ1 =

(
v1 + s

′
1 + iA

′
1√

2

)
, ϕ2 =

(
v2 + s

′
2 + iA

′
2√

2

)
. (4.19)

After spontaneous symmetry breaking, all the scalars apart fromH2 acquires a vev and is respon-
sible for givingmass to other particles. In order to spontaneously break the electroweak symmetry
as well as U(1)X , we must have µ2

1 < 0, µ2
3 < 0 and µ2

4 < 0. Also since the inert doublet does not
acquire a vev, µ2

2 > 0. Here, the term proportional to δ in the scalar potential (4.18) will play an
important role in determining the mass of pseudo-scalars like A′2. The potential minimization
conditions are given by

µ2
1 = −1

2

(
λ1v

2 + λϕ1v
2
1 + λϕ2v

2
2

)
,

µ2
3 = −1

2

(√
2v2δ + λ6v

2
1 + λ8v

2
2 + λϕ1v

2

)
, (4.20)

µ2
4 = −1

2

(
λ7v

2
2 + λ8v

2
1 + λϕ2v

2

)
+

(√
2v2

1δ

2v2

)
.

The gauge bosonmass term can be obtained from the kinetic terms in Eqn. (4.16) which is given
by

Lmass = M2
WW

+
µ W

−µ +
1

2
M2
Z0Z

0
µZ

0µ −∆2Z0
µX

µ +
1

2
M2
XXµX

µ, (4.21)
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with
M2
W =

1

4
g2v2,

M2
γ = 0,

M2
Z0 =

1

4
(g2 + g′

2
)v2,

∆2 =
1

4
v2g′ε

√
g2 + g′2,

M2
X =

1

4
g′

2
v2ε2 + 4g2

X(v2
1 + 4v2

2).

(4.22)

Note thatH2 does not acquire a vev; hence, it does not play any role in the mass generation of the
gauge bosons or fermions. We obtain the masses of W -boson, Z-boson and photon as in case of
SM. The X boson mass has been obtained as a combination of the vevs of the singlet scalars and
the vev of H1; the contributions from H1 is suppressed by the factor ε2.

In Eqn. (4.21), to obtain the masses of the neutral gauge bosons, we need to carry out the stan-
dard electroweak rotation as given below

W 3
µ = SWAµ + CWZ

0
µ (4.23)

Bµ = CWAµ − SWZ0
µ, (4.24)

where Aµ is the photon field. Note that after the symmetry breaking there will be a remaining
mixing between Z0

µ and Xµ, which can be written as:

M2
GB =



M2
Z0 −∆2

−∆2 M2
X


 . (4.25)

Here, we have neglected the mixing between the photon and the new gauge boson. The masses of
the physical heavy gauge bosons (Z,Z ′) can be obtained after diagonalising the above matrix by a
rotation, and the masses are given by

M2
Z =

1

2

(
M2
Z0 +M2

X +
√

(M2
Z0 −M2

X)2 + 4∆4

)
, (4.26)

M2
Z′ =

1

2

(
M2
Z0 +M2

X −
√

(M2
Z0 −M2

X)2 + 4∆4

)
. (4.27)

In the limit thatMX << MZ0 and mixing parameter ε << 1, we obtain the masses as

M2
Z ' M2

Z0 , (4.28)

M2
Z′ = M2

X −
(

∆4

M2
Z0

)
≈M2

X , since ∆4 ∝ ε2 (in our case, ε2 ≈ 10−8) (4.29)
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and the mixing angle is given by :

tan 2ζ =

(
2∆2

M2
Z0 −M2

X

)
. (4.30)

On the other hand, themassmixingmatrix for theCP even andZ2 evenneutral scalars (h
′
, s
′
1, s

′
2)

is given by :

M2
hs =




λ1v
2 λϕ1vv1 λϕ2vv2

λϕ1vv1 λ6v
2
1 + v2δ√

2
v1(
√

2δ + λ8v2)

λϕ2vv2 v1(
√

2δ + λ8v2) −
(√

2v21δ−2λ7v32
2v32

)




(4.31)

The physical scalars (h, s1, s2) are obtained after diagonalising the above mass mixing matrix and
they are related to the unphysical ones by an orthogonal transformation. We consider a general
real orthogonal 3 × 3 rotation matrix O as given in Appendix. B.1 with three mixing angles αij ,
(i, j = (1, 2, 3); i 6= j) and no phase, for diagonalising the above mentioned mass mixing matrix as




h

s1

s2




= OT




h
′

s
′

1

s
′

2




(4.32)

In order to make the notation simpler, we redefine the angles as α12 ≡ α1, α13 ≡ α2 and α23 ≡
α3. Another important variable is the ratio between the vevs v and v1 which we have defined as
tanβ = v1

v . In general, to keep the analysis simple, we can assume that themixing of s2 with s1 and
h are negligibly small. In such situation, we need to focus only on the mixing between s1 and h, i.e
sα1 or cα1 . There are studies on the singlet scalar extension of the SM, and bounds are available on
the respective model parameters like tanβ and sα1 ; for example, see [251–253]. These studies took
into account the bounds from various experimental measurements like the precision observables
S, T and U parameters,W -mass, LEP and LHC bounds. Alongside, they have considered various
theory inputs, like perturbative unitary constraints on scalar self-interactions, vacuum stability,
etc. All these studies suggest that for 300 ≤Ms1 ≤ 800 (in GeV), one can safely assume | sinα1| ≤
0.3 and tanβ > 1. Note that in our model, we have two singlet scalars, and as discussed above
we have more free parameters. In general, we can expect that the bounds as mentioned above
will be little more relaxed in case of our model parameters. However, to be on the safe side, we
have used these bounds in our analysis. This will help us to constrain a few of the other model
parameters. In our analysis, we have considered |sin α1| <∼ 0.2 and tanβ = 2.0 and Ms1 = 500

GeV [252, 253] which is evenmore conservative. The corresponding values ofMs2 can be obtained
after the evaluation of v2 from Eqn. (4.22).
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The mass mixing matrix for the CP odd and Z2 even neutral scalars (A
′
1, A

′
2) is given by

M2
AA =



−2
√

2v2δ
√

2v1δ

√
2v1δ −

(
v21δ√
2v2

)


 . (4.33)

After diagonalizing this matrix with an orthogonal transformation we will obtain one massless
goldstone (A1) corresponding to the gauge boson of U(1)X and another massive physical CP odd
scalar (A2) of mass

(
− 2

√
2v1δ
s2γ

)1/2. Here, sγ ≡ sin γ, where γ is the mixing angle between the
physical and unphysical CP odd scalars. It is evident from this expression that the dimensionful
coupling δ has to be negative. Also here, for simplicity, we can limit our discussion to the value
sγ << 1.

The masses of the neutral and charged inert scalars are given by :

M2
H0 =

1

2

(
2µ2

2 + λLv
2 + λ9v

2
1 + λ10v

2
2

)

M2
A0 =

1

2

(
2µ2

2 + λAv
2 + λ9v

2
1 + λ10v

2
2

)
(4.34)

M2
H± = µ2

2 +
1

2

(
λ3v

2 + λ9v
2
1 + λ10v

2
2

)

where λL = (λ3 + λ4 + λ5) and λA = (λ3 + λ4 − λ5). To summarise, in Appendix C.1, we have
presented various couplings in terms of the relevant physical masses, vevs and the mixing angles.
These are the most general relations from which one can obtain the approximate relations for
small mixing angle. The coupling strength of the interaction between H1 and H2 is defined by
λL = λ3 + λ4 + λ5. In an inert two Higgs doublet model (2HDM) where H0 is considered as a
suitable DM candidate, the bound on this type of coupling is given by λL <∼ 6 × 10−3 [254]. We
have not explored this possibility. In our study, the doublet H2 is relevant for the neutrino mass
generation and the required coupling is λ5 which we have treated as free parameter.

DM Phenomenology

We adopt the thermal DM paradigm where DM gets produced in the early Universe thermally
followed by its freeze-out from the thermal bath which decides its present day abundance. The
relic abundance of DM can be computed by solving the appropriate Boltzmann equation and the
model parameters can be constrained by comparing the calculated relic with observed abundance
which, in terms of density parameter Ω and h = Hubble Parameter/(100 km s−1Mpc−1), is con-
ventionally reported as [66]: Ωh2 = 0.120±0.001 at 68%C.L.We solve the Boltzmann equation nu-
merically using micrOMEGAs [255] where the model information has been supplied to micrOMEGAs

using FeynRules [204].
In our model, we choose N2 as the DM candidate which is supposed to be the lightest RHN.

Note that its U(1)X charge is different from the other two RHNs. The dominant contributions to
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Figure 4.7: Relic density vs dark matter mass (in GeV) for different values of Yukawa coupling Y22 (4.7a), Ms2 (4.7b),
mixing angle sα2 (4.7c) andmasses of inert scalars (4.7d). The solid black line in each figure denotes the Planck observed
relic abundance of DM. In Fig. 4.7a we have also shown the variation of the relic for sub-GeV masses of the DM in the
inset.

the relic abundance of DMwill come from the annihilation diagrams shown in Fig. D.1. There are
a few other diagrams which are shown in Fig. D.3 in Appendix D.2 whose contributions in the
DM relic abundance will be sub-leading5

In this model, apart from MX(≡ MZ′ ) and gX(≡ gZ′) the other parameters that are relevant
for DM phenomenology are MN2 , MH0 , MH± , MA0 , Y22, and Y ϕ

22 ≈
√

2MN2
v2

, respectively. The
co-annihilation diagrams in Fig. D.4 are sensitive to Yij (with i, j = 1 or 3). Therefore, the relic
density is almost insensitive to these parameters since the contributions from these diagrams are
suppressed. Considering the bounds from the low energy data in the rest of our analysis, we
have fixed the mass MZ′ at 1 GeV; also, we have set gZ′ ≈ 10−3. As mentioned earlier, with a

5See [230, 256] for scenarios where such contributions can be important. As we can see, the mediators of the DM
interactions are the following: X ≡ Z′, s2, H0, H± and A2. The scalar s2 does not interact directly with the SM
fermions, and it decays into them via mixing with the SM Higgs (h). In general, s2 can mix with s1 as well. However,
those diagramswill be highly (doubly) suppressed because s1 will decay to SM fermions or gauge bosons via its mixing
with h. Also, when the mass of the neutral inert scalars or the other RHNs are close to the mass of N2, there would be
several other co-annihilation channels that may contribute to the relic abundance as shown in Fig. D.4. However, we
have checked that those contributions are negligible compared to the one given by annihilation diagrams in Fig. D.1.
Note that in the low DM mass range of our interest, the efficient coannihilation processes will require the scalars from
inert Higgs doublet to be also in the low mass regime which is in tight constraints with LEP data.
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Figure 4.8: (a) The allowed regions of the DM mass satisfying the bounds on relic density and the spin-independent
direct detection cross section (σSI ) of DM fromXENON1T, please see the text for other details. The allowedDMmasses
nearMZ′/2 are not shown in this plot. (b) Dependencies of σSI on sα2 and sα3 within the allowed ranges ofMDM .

particular choice of tanβ one can fix the value of Ms1 since Mh is known. Once this is done the
allowed values Ms2 can be fixed from Eqn. (4.22). In this regard, the perturbativity of the scalar
couplings will also play an important role. Since we have chosen tanβ ≈ 2 andMs1 ≈ 500 GeV,
the corresponding values ofMs2 andMA2 will be limited to <∼ 200 GeV. Accordingly, the mass of
DM will be restricted because s-channel annihilations are the dominant annihilation process for
the DM.

In Fig. 4.7, we have shown the variation of the relic abundance withMDM = MN2 for different
choices of the other model parameters as mentioned above. The sensitivities of the relic abun-
dance to Y22, Ms2 , MH0(MH±) and sα2 are shown in Figs. 4.7a, 4.7b, 4.7d and 4.7c, respectively.
Note that with the increasing values ofMDM , the relic density decreases to a minimum value at
the resonances, and it starts increasing again as the DM mass moves away from the respective
resonances. In this model, we have a couple of such resonances; the first one is atMDM ∼MZ′/2

(Fig. 4.7a) which is the annihilation via the gauge boson Z ′. Notice that for values ofMDM close
to this resonance (on both sides) the relic density satisfy its measured value. The other resonance
peaks are atMDM ∼ Ms2/2 and ∼ Mh/2, respectively. Fig. 4.7b shows the pattern of the changes
in variations of relic density with MDM for different values of Ms2 . Note that for Ms2 < Mh the
bound on relic density is satisfied for DM masses close to, but less thanMs2/2. In such scenario,
the relic density is under-abundant at or nearMDM ∼ Mh/2. On the contrary, whenMs2 > Mh

the relic density is satisfied at a DMmass close toMh/2, providedwe assume that there is amixing
between h and s2, i.e sα2 6= 0.

As discussed earlier, we have restricted our analysis to the small values of sα2(≈ 0.01). Later
wewill see that such a restrictionwill be useful to evade stringent bounds on the direct detection of
Higgs portal DM from XENON-1T experiment [257]. However, we have shown the dependences
of the relic density on sα2 in Fig. 4.7c. As expected, in the no-mixing scenario, the resonance peak
due to the Higgs mass vanishes. In such situation, when Ms2 > Mh, the relic density will be
satisfied for values of DMmass close toMs2/2 instead atMh/2, which is the case for non-zero sα2 .
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Figure 4.9: Diagrams contributing to flavour changing charge current process b→ c`ν̄`.

Note that there will be another resonance peak at MDM ∼ MA2/2, at or around which the relic
density will be much lower than the existing bound. One can also see from the Figs. 4.7a and 4.7d
that the co-annihilations with inert scalars do not play much role since the relic abundance do not
change with change in the value of coupling Y22 and the masses MH0 or MH± . This is precisely
due to the fact that the scalar masses are much larger than DM mass making the coannihilation
processes inefficient.

In Fig. 4.8a, we have shown the allowed ranges of the DMmass obtained from a scan with the
constraints from relic density projected against the upper limit on direct detection cross-section
σSI (spin-independent) of DM from XENON 1T experiment [257]. To generate this plot we con-
sider tanβ = 2, and the values of the other relevant parameters are the following: sα1 ∼ 0.01, 0 <

sα3 < 0.01, 0 < sα2 < 0.01, 20 ≤ Ms2 ≤ 200 GeV and Ms1 ∼ 500 GeV. In this model, the spin-
dependent direct detection cross-section is highly suppressed; hence we have not considered it
for a numerical study. Note that the allowed values of the DM mass lies in between 5 and 90
GeV. It is evident that there will be an allowed region nearMZ′/2 which is not shown in this plot.
The dependencies of σSI on sα2 and sα3 are shown in Fig. 4.8b. As expected, the large values of
sα3 allows the relatively larger values of sα2 , however, we will stick to the low values of both like
sα2 ≈ sα3 = 0.01.

Additional contribution to b→ c`ν̄`

We have already argued that the observables RD(∗) are useful for the test of lepton universality.
For the last couple of years special attention has been given to these modes, both theoretically
and experimentally. Recall that the measured values of both RD and RD∗ are higher than the
respective predictions (Eqn. (1.68),(1.69)). Also, in both RD and RD∗ , the measured values are
higher than the respective predictions. At the moment the measurements of RD and RD∗ exceeds
the respective SM predictions by 1.4σ and 3σ, respectively. It could be little more if we consider
the experimental correlation between them which is−0.38. Therefore, in principle, we don’t need
a large new physics contribution to explain the current excesses.

We have noticed that due to the coupling of the Z ′ to the lepton families, there would be a
vertex correction diagram contribution to the channel b → cτ ν̄τ as shown in Fig. 4.9a. However,
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Figure 4.10: Variation of RD and R −D∗ with coupling R3 for two different values ofMH± andMN as shown by the
legends. The grey bands are the respective 1σ ranges of the world averages of these observables [13]. The dashed lines
are the similar 2σ ranges of the data. We have plotted these forMH0 = MH± and R1 = 0.2.

that contribution is not sufficient to explain the anomalies in RD(∗) . With the addition of the inert
scalar doublet and RHNs, we will have additional diagrams as shown in Fig. 4.9b. The lepton
vertex is modified due to the loop corrections coming from the scalarsH±, H0 andNi, (i = 1, 2, 3).
Hence one can obtain a bound on the Yukawa couplings Yij of Eqn. (4.14) and masses of H±, H0

and RHN from the semi-leptonic b→ c decays.
The diagram given in Fig. 4.9b will contribute to CV1 of Eqn. (2.6) which is the WC of the four-

fermion operator OV1 in Eqn. (2.8). The following is the corresponding mathematical expression
:

CiV1 =
Y 2
ij

32π2

∫ 1

0
dx

∫ 1−x

0
ln ∆j

WHH , (4.35)

and
∆j
WHH = xM2

Nj + (1− x− z)M2
H + zM2

H± . (4.36)

Here (i, j) denote the generation index of the lepton and RHN respectively andMH denotes the
mass ofH0 orA0 running in the loop. Hence depending on the generation of RHN running in the
loop, we would have different contributions to CV1 corresponding to each lepton flavour.

As shown earlier, N2 is our DM candidate, hence, the corresponding diagram will contribute
only to B̄ → D(∗)µν̄µ decays and will be proportional to Y 2

22. There will be other diagrams with
N1 and N3 which can contribute simultaneously to both B̄ → D(∗)τ ν̄τ and B̄ → D(∗)eν̄e decays.
Since the loop factor as mentioned above is sensitive to MNi , if we consider the masses of N1

and N3 equal, for simplicity, then the total NP WC for the tau mode would be proportional to
R2

3 ≡ (Y 2
31 + Y 2

33) while that for the electron mode would be proportional to R2
1 ≡ (Y 2

11 + Y 2
13). If

we assume that Y13 << Y11 or Y31 << Y33 then we can write down the following approximate
relations: R2

3 ≈ Y 2
33 and R2

1 ≈ Y 2
11. Since the semi-leptonic branching fractions of the B meson

into the light lepton channels are precisely measured [258, 259] and SM consistent, global fits of
the NP Wilson coefficients to RD, RD∗ data [96] is done by considering NP only in the τ decay
modes. However, since we have contributions to all semi-leptonic decay channels, we consider
NP in both the numerator and denominator of RD, RD∗ while also ensuring that the contribution
to the light lepton modes does not overshoot the experimental limits on their branching fractions.
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Figure 4.11: In the left plot, the region bounded by the points is the parameter space ofR1 andR3 that satisfiesRD, RD∗
and B(B̄ → D(∗)`ν̄`) constraints in their 2σ CL and B(Bc → τν) < 30% forMH± = 500 GeV (blue) andMH± = 1000
GeV (orange). The other relevant parameters have been fixed as shown in the plot label. The correlation between R3

andMN is shown in the right plot.

In Fig. 4.10 we have shown the variation of RD and RD∗ with the coupling R3 for two different
values ofMH± = MH0 andMN as shown by the blue and red legends. Since the measured value
of RD has a large error, a value of R3

>∼ 0.6 can easily explain the observed data in its 1σ interval.
On the other hand, to explain RD∗ within its 1σ range we need a value of R3

>∼ 1.2; however, to
explain the data at its 2σ range we need R3

>∼ 1.0. Note that in these plots, we have not included
the errors in the respective SM predictions.

We perform a parameter space scan of R1, R3 andMN (≡MN1 = MN3) by fixing Y22 = 0.1 and
themasses of the inert scalars as shown in Fig. 4.11. The blue and the orange points are the allowed
regions forMH± = 500 GeV and 1000 GeV respectively, when the RHNmasses are varied between
100 − 500 GeV. All these allowed points satisfy the experimental constraints on RD, RD∗ and the
branching fraction of B̄ → D(∗)`ν̄` at their respective 2σ confidence interval (CI). These parameter
spaces also satisfy the bound B(Bc → τν) < 30% and the corresponding expression in terms of
CV1 can be seen in [260]. From Fig. 4.11a it is evident that the data prefers R3 > R1. Also, as
expected, athough it is allowed, we don’t necessarily need large values for R1 and the data allows
a solution likeR1 ≈ 0 whileR3

>∼ 1. In our model, CV1 is positive; hence, the new contribution will
interfere constructively with the SM and increase the relevant branching fractions from their SM
predictions. Notice that there are minimal dependencies of RD(∗) onMH± andMH0 . However, as
can be seen from Fig. 4.11b, it is almost independent ofMN .

Similar type of diagrams as given in Figure 4.23 with the replacement c→ uwill contribute to
b → uτ ν̄τ processes like B± → τ±ντ , B̄0 → π+τ−ν̄τ decays. We have checked that the required
values of the parameters for an explanation of the data in b → cτ ν̄τ decays can accommodate the
current observationB(B± → τ±ντ ) = (1.09±0.24)×10−4 [12]. Similarly, ourmodelwill contribute
to s → uτ ν̄τ , c → sτ ν̄τ decays which will lead to semileptonic and purely leptonic decays of K
and D/Ds-mesons, respectively.

The readersmay note that in ourmodel the contributions to the semileptonic decaysmentioned
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Figure 4.12: Dependence of lepton flavour universality test ratio R(τ/µ) on parameter R3 for different values of scalar
and heavy neutrino masses as shown in the legends keeping Y22 fixed at 0.1.

above will modify theW -`-ν` vertex. Therefore, in this respect, the ratio R(τ/µ) = B(W→τντ )
B(W→µνµ) will

be a good probe for such kind of NP effects. The most recent measurement of this ratio by ATLAS
Collaboration [261]

R(τ/µ) = 0.992± 0.013, (4.37)

is by far most precise and is in well agreement with the SM expectation. Therefore, it is important
to ensure that our modification of the W-vertex does not overshoot this result. In Fig. 4.12, we
have shown the variation of this ratio with R3 for some fixed values of the inert Higgs and RHN
masses and Y22 = 0.1. If we consider the data withing its 1-σ CI then R3 > 1 is not allowed,
however within the 2-σ range of R(τ/µ) the values like R3 ≈ 1.4 is allowed. Therefore, we still
have some part of the parameter space shown in Fig. 4.11 which is not excluded by this lepton
flavour universality test; to conclude it further we have to wait for more precise data.

Anomalous Magnetic Moment and LFV

Magnetic moments :- In toy model-I, the additional contributions to anomalous magnetic mo-
ments will come from the type of diagram given in Fig. 4.13 (for i = j) with charged Higgs and
RHNs in the loop. The contribution is given by

∆a
(H±,NR)
` = −|Yij |

2

8π2

m2
`

M2
H±

∫ 1

0
dx

2x2(1− x)

x+ (1− x)(1− λ−2
j x)λ2

jr`(H
±)

(4.38)

where (i, j) denotes the generation of the lepton and RHN respectively, λj =
MNj

m`
and r`(H±)

= ( m`
MH±

)2. In case of muon anomalous magnetic moment, forMN2 = 40 GeV and Y22 = 0.1, we
will obtain the following from Eqn. (4.38)

∆aµ(H±) =





−1.10× 10−11, ForMH± = 200 GeV,

−1.86× 10−12, ForMH± = 500 GeV,

−4.70× 10−13, ForMH± = 1000 GeV,

(4.39)
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Figure 4.13: One loop charged Higgs contribution to lepton anomalous magnetic moment and τ → eγ.
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Figure 4.14: Plot shows the variation of the electronmagnetic moment with the mass of RHNs for three different values
of charged scalar mass MH± as denoted by the legends. We have plotted each curve for two different values of R1 :
R1 = 0.5 (solid) and R1 = 1.0 (dashed).

which are suppressed compared to the gauge boson mediated diagram for it, which is shown in
Fig. 4.3 (with X in the loop), by two or three orders in magnitude. On the contrary, as shown in
Eqn. (4.12), the contribution to electron anomalous moment from the same diagram is negligibly
small. Therefore, by extending the symmetry of the SM by an abelian U(1)X gauge group with-
out additional degrees of freedom, we cannot explain the observed discrepancy in the electron
magnetic moment.

Note that∆ae (Eqn. (4.11)) has a significant error, and at 3-σ CI it is consistent with zero. There-
fore, it would be too early to prejudge the potential impact of newphysics on this observable. Here,
we will show that our model has the potential to predict negative values ∆ae although it is diffi-
cult to explain the data in one or two-σ CI. From Eqn. (4.38) it is clear that ∆ae is sensitive to our
predefined variable R1 ≡

√
Y 2

11 + Y 2
13. In Fig. 4.14, we show the variation of ∆ae withMN for two

different values of R1 and three values ofMH± . The chosen values of R1, MN andMH± explain
the data on RD, RD∗ as previously shown in Fig. 4.11. From the plot we see that the contribution
is negative and small and we can not reach the present experimental limit within its 1 or 2-σ CI.
To get a large negative contribution we need small values of MH± and MN , and a large value of
R1 (R1 > 1). However, R1 >> 1 is not allowed by B(B → D(∗)`ν) data. Therefore, within the al-
lowed parameter space ofR1 andMN , we have a contribution to the electron anomalous magnetic
moment which is negative and of order O(10−14) and within the 3σ range of the experimental
data.
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Figure 4.15: Variation of B(τ → eγ) with the coupling combination |Y11Y31| for two different values of RHN mass
MN ≡ MN1 = MN3 (red and blue). For a fixed MN , we have also shown the variation with respect to the charged
Higgs massMH± by dotted and dashed legends. The black solid line is the experimental upper limit on the branching
fraction.

Lepton flavour violation:- The same one loop diagram given in Fig. 4.13 will also contribute to
the LFV process τ → eγ. Therefore, one must ensure that the contribution is within the current
experimental limit B(τ → eγ) < 3.3 × 10−8[12]. However, in our model there will not be any
contribution to τ → µγ or µ→ eγ. The expression for the partial decay width Γ(`i → `jγ) for the
diagram in Fig. 4.13 is given by [262] :

Γ(`i → `jγ) =
α

4

|Y ∗ifYjf |2
(16π2)2

m5
i

M2
H±
A(r)2 (4.40)

where,

A(r) =
2r2 − 5r − 1

12(r − 1)3
− r2log r

2(r − 1)4
(4.41)

and r ≡
(
M2
Nf

M2
H±

)
.

In the above expression for the decay width we have a combination |Y11Y31| or |Y33Y13| de-
pending on whether N1 or N3 runs in the loop. So we can constrain the allowed values of these
product couplings from the experimental upper limit on the branching fraction of τ → eγ. As we
have seen earlier, if we assume that the off-diagonal Yukawas are much smaller in value than the
diagonal ones, the data on B → D(∗)`ν` allow R3 ≡ Y33 ∼ 1 and R1 ≡ Y11 ∼ 1 for MN in the
range (100− 500) GeV or more. Therefore, in general, the magnitude of the product couplings as
mentioned above could be small even if we assume Y33 ∼ Y11 ≈ 1.

In Figs. 4.15a and 4.15b, we have shown the variation of B(τ → eγ) with the product coupling
|Y33Y13| for different values of MH± and MN . Also, these two figures are generated for two dis-
crete values of |Y11Y31|, which will be helpful to understand the dependence of B(τ → eγ) on this
coupling. Notice that for low values of the masses, both the product couplings are tightly con-
strained. Masses likeMH± ∼ 200 GeV andMN ∼ 200 GeV are allowed for values of the product
couplings about 0.2 or less which are perfectly consistent with all the other observations as men-
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Figure 4.16: One loop neutrino mass generation mechanism.

tioned earlier. For higher values of the masses more higher values of the the product couplings
are allowed.

Neutrino Mass Generation

The neutrino mass will be generated by radiative scotogenic mechanism in a way similar to the
original proposal of [61] as depicted in Fig. 4.16 andwill bemainlymoderated by themass splitting
between H0 and A0. The one-loop contribution is given by :

(Mν)ij =
∑

k

YikYjkMk

32π2

(
M2
H0

M2
H0 −M2

k

ln
M2
H0

M2
k

− M2
A0

M2
A0 −M2

k

ln
M2
A0

M2
k

)
(4.42)

where,Mk is the mass of the RHN Nk running in the loop. The Majorana mass matrix, however,
has the following texture :

MR =




v1√
2
Y ϕ

11 0 v1√
2
Y ϕ

13

0 v2√
2
Y ϕ

22 0

v1√
2
Y ϕ

31 0 v1√
2
Y ϕ

33



. (4.43)

From the expression of the inert scalar masses in Eqn. (4.35), one can immediately see that (M2
H0−

M2
A0) = λ5 v

2. Thus by tuning the parameter λ5, one can obtain the correct light neutrino masses.
However, it is important to ensure that the Yukawa couplings involved in the expression of light
neutrino mass are consistent with the upper bound on the sum of the light neutrino masses,
∑
i
mi ≤ 0.12 eV [66], as well as oscillation data on the neutrino mass squared differences and

mixing angles [263, 264]. Hence it is convenient to rewrite the Yukawa couplings in terms of the
light neutrino parameters in order to automatically incorporate the above constraints on the cou-
plings. One useful way of achieving this is through the Casas-Ibarra (CI) parametrisation [265]
extended to the radiative seesaw model [266] which enables us to express the Yukawa coupling
matrix as

Y = UD1/2
ν R†Λ1/2 (4.44)

where, U is the usual Pontecorvo-Maki-Nakagawa-Sakata (PMNS) mixing matrix,Dν is the diag-
onal light neutrino mass matrix, R is an arbitrary complex orthogonal matrix satisfying RRT = 1
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and Λ is a diagonal matrix with elements

Λi =
2π2

λ5
ζi

2Mi

v2
(4.45)

and ζi =

(
M2
i

8(M2
H0 −M2

A0)

[
Li(M

2
H0)− Li(M2

A0)

])−1

, (4.46)

where Li(m2) is the mass function defined as

Li(m
2) =

m2

m2 −M2
i

ln m2

M2
i

. (4.47)

Note that we are working in a basis where the charged lepton mass matrix is not diagonal. The
PMNS mixing matrix can be parametrised as

U = UPMNS =




c12c13 s12c13 s13e
−iδ

−c23s12 − s23s13c12e
iδ c23c12 − s23s13s12e

iδ s23c13

s23s12 − c23s13c12e
iδ −s23c12 − c23s13s12e

iδ c23c13



P, (4.48)

where cij = cos θij , sij = sin θij and δ is the leptonic Dirac CP phase. The diagonal matrix P =

diag(1, eiα, ei(β+δ)) contains theMajorana CP phases α, β that appears when ν is Majorana and are
not constrained by neutrino oscillation data but has to be probed by alternative experiments. This
leptonic mixing matrix is related to the diagonalising matrices of charged lepton and neutrino
mass matrices as U = V †LUν and as mentioned above, VL is not a unit matrix in our model. It
consists of a rotation in (1− 3) plane which can be parametrised as

VL =




cl13 0 sl13e
−iδl

0 1 0

−sl13e
iδl 0 cl13



, (4.49)

where cl13 = cos θl13, sl13 = sin θl13 and δl is an arbitrary phase which we assume to be zero for sim-
plicity. Using this and the above parametric form of PMNS mixing matrix U , one can parametrise
Uν which can then be used to parametrise the light neutrino mass matrix as

Mν = UνMν
(diag)UTν . (4.50)

In the above expression forMν , the diagonal light neutrino mass matrix is denoted byMν
(diag) =

diag(m1,m2,m3) where the light neutrino masses can follow either normal ordering (NO) or in-
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verted ordering (IO). For NO, the three neutrino mass eigenvalues can be written as

M
diag
ν = diag(m1,

√
m2

1 + ∆m2
21,
√
m2

1 + ∆m2
31)

while for IO, they can be written as

M
diag
ν = diag(

√
m2

3 + ∆m2
23 −∆m2

21,
√
m2

3 + ∆m2
23,m3)

Structure of this parametric form of light neutrino mass matrix can now be compared with the
structure of light neutrino mass matrix predicted by the model. Note that the model not only
predicts a specific structure of right handed neutrino mass matrix given by Eqn. (4.43), but also
predicts the Dirac Yukawa coupling matrix to have a similar structure

Y =




Y11 0 Y13

0 Y22 0

Y31 0 Y33



. (4.51)

Using the formula for light neutrino masses given in Eqn. (4.42), it can be shown that the above
mentioned textures of Dirac Yukawa coupling matrix Y and right handed neutrino mass matrix
MR lead to a very specific structure of light neutrino mass matrix with two independent zeros
namely, (Mν)eµ = (Mν)µe = 0, (Mν)µτ = (Mν)τµ = 0 where the equality (Mν)αβ = (Mν)βα results
due to Majorana nature of light neutrinos giving rise to a complex symmetric structure of mass
matrix.

We numerically solve these two texture zero complex equations in order to evaluate the un-
knowns namely, the lightest neutrino massm1 (NO),m3 (IO), leptonic Dirac CP phase δ as well as
twoMajorana CP phases α, β. The additional rotation angle in charged lepton sector θl13 is consid-
ered as a free parameter which can lie anywhere in (0, π/2). The other known parameters namely,
three mixing angles, two mass squared differences are varied in 3σ range [264]. We find that these
textures in light neutrino mass matrix predict a large value of the lightest neutrino mass, which is
in tensionwith Planck 2018 bound on sumof absolute neutrinomasses

∑
i
mi ≤ 0.12 eV [66] aswell

as bounds on absolute neutrino mass scale from laboratory based experiments like KATRIN [267].
Even if we consider a non-zero CP phase in charged lepton correction matrix VL, this conclusion
does not change. This is not surprising, given the fact that almost all possible two-zero textures in
diagonal charged lepton basis are ruled out by latest experimental data [268].

One possible way to make it consistent with neutrino data without changing the model sig-
nificantly is to change the U(1)X charge of the singlet scalar φ2 from 4 to 1. This results in a right
handed neutrino mass matrix having only one zero at (22) entry. While the lightest eigenstate of
singlet fermion mass matrix can still be a DM candidate, no zeros appear in the light neutrino
mass matrix even with the same Dirac Yukawa (4.51). Such a general structure of light neutrino
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mass matrix can be fitted with light neutrino data as there are sufficient free parameters, unlike in
the previous case with two texture zeros. It is very unlikely that such a setup will change our DM
and flavour physics results significantly. In the following subsection, we have added a discussion
on this modified scenario.

Modified Setup for Toy Model I

Asmentioned in the previous section, the light neutrinomassmatrix thatwe obtain in this scenario
violates the Planck 2018 bound on the sum of absolute neutrino masses. We also identified that a
possibleway out of this issue is by choosing theU(1)X charge of the singlet scalar φ2 to be 1 instead
of 4. In this subsection, we will briefly point out the changes that will occur in our theoretical
setup and how it might affect the other observables. First of all, the Yukawa interactions given in
Eqn. (4.15) will be modified as given below in Eqn. (4.52).

− LY ⊃
∑

i,j

YijL̄iH̃2Nj + Y22L̄2H̃2N2 +
∑

i,j=(1,3)

Y ϕ
ij N̄

c
iNjϕ1 +

∑

i=1,3

Y ϕ
i2 N̄

c
iN2ϕ2. (4.52)

Note that the first three terms of the Yukawa Lagrangian remain unchanged, however, the interac-
tion term involvingN2 andφ2 has changed. Also, therewill be a little change in the scalar potential,
the trilinear term in Eqn. (4.18) now becomes

{
δ ϕ2ϕ2ϕ

†
1 + h.c.

}
. Hence, the pseudoscalar mass,

which primarily depended on this trilinear term, modifies toMA2 =
(
− v22δ√

2v1s2γ

)1/2. Recall that the
gauge boson mass MX mass and gauge coupling gX are related to the singlet vevs (Eqn. (4.22)).
With the change in the U(1)X charge of ϕ2, the aboove relation changes to

M2
X =

1

4
g′

2
v2ε2 + g2

X(4v2
1 + v2

2), (4.53)

and for ε << 1, we obtain MZ′ ' MX = gX
√

(4v2
1 + v2

2). For simplicity, if we consider v1 = v2,
then from Eqn. (4.53), v1 ≈ 450 GeV for MX = 1 GeV and gX ' 0.001. Therefore the masses
of s1 and s2 will be restricted to be <∼ 450 GeV for the Yukawa and quartic couplings to remain
perturbative.

The analysis of relic abundance and the direct detection cross section will be in a similar line
as discussed in subsection 4.5.1. The annihilation via Z ′ remains the same. However, we can not
consider a pure N2 state as our DM candidate, since the the Yukawa Lagrangian does not have a
Majorana mass term for N2. Therefore, in principle, the lightest particle of N1 and N3 can be our
DM candiate, and the dominating contributions will come from the annihilation diagrams shown
in Fig. D.2. In such situation, as before, depending on the mass of s1, the relic abundance will
once again be satisfied near the resonances i.e. nearMDM ∼ Ms1/2. In the presence of s-channel
annihilation, the role of co-annihilations are expected to be sub-dominant as in the previous setup.

The possibility of mixing of the pure states N1, N2 and N3 can be considered by rotating the
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interaction basis Ni to a new basis N ′i by using a general unitary transformation as



N1

N2

N3




= OνR




N ′1

N ′2

N ′3




(4.54)

which will result in a mass matrix of the form



M ′1

M ′2

M ′3




= OνRMROTνR . (4.55)

In the rotated basis, the lowest mass eigenstate can be considered as the DM candidate which will
contribute via the annihilation diagram as given in Fig. D.2.

The Yukawa Lagrangian responsible for the RHNmasses also gets modified such that the Ma-
jorana mass mixing matrix now becomes

MR =




v1√
2
Y ϕ

11
v2√

2
Y ϕ

12
v1√

2
Y ϕ

13

v2√
2
Y ϕ

21 0 v2√
2
Y ϕ

23

v1√
2
Y ϕ

31
v2√

2
Y ϕ

32
v1√

2
Y ϕ

33



. (4.56)

This is in contrast to the mass matrix we obtained before in Eqn. (4.43). Since the mixing angles
(sνij) of OνR are completely arbitrary, we have full freedom of choosing them in a way such that
M ′2 < M ′1,M

′
3 and the Yukawa couplings are also perturbative.

It is important to note that the contributions to the other observables like anomalous magnetic
moments, LFV decays and RD(∗) remain unaltered. We have already seen that a charged Higgs
and RHNmediated diagram contributes to the magnetic moments of the leptons (cf. Fig. 4.13). In
the modified set-up, the changes occur in the Majorana- Yukawa interactions, which involves the
coupling Y φ

ij , and they do not contribute to ∆aµ,e, LFV decays or RD(∗) .

4.5.2 Toy Model II

Particle Content

In this toymodel, we have the sameparticle content as in the previous case, with the only difference
being that all particles except N2 are even under the discrete Z2 symmetry. This will once again
prevent it from interacting directly with SM leptons. However, in this scenario, the neutrino mass
generation mechanism will be different from the previous one. The particle content, along with
their respective gauge quantum number and charges, has been described in Table 4.4.
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Particles SU(3)c × SU(2)L × U(1)Y U(1)X Z2

QL =

(
uL
dL

)
(3, 2, 1

6) 0 +

uR (3, 1, 2
3) 0 +

dR (3, 1,−1
3) 0 +

L1 =

(
νe
e

)

L

(1, 2,−1
2) −1 +

L2 =

(
νµ
µ

)

L

(1, 2,−1
2) 2 +

L3 =

(
ντ
τ

)

L

(1, 2,−1
2) −1 +

eR (1, 1,−1) −1 +
µR (1, 1,−1) 2 +
τR (1, 1,−1) −1 +
H1 (1, 2, 1

2) 0 +
N1R (1, 1, 0) −1 +
N2R (1, 1, 0) 2 -
N3R (1, 1, 0) −1 +
H2 (1, 2, 1

2) −3 +
ϕ1 (1, 1, 0) 2 +
ϕ2 (1, 1, 0) 4 +

Table 4.4: Particle content for Toy model II.

Lagrangian and Scalar Mass Spectrum

In this scenario, the successful generation of charged lepton and light neutrino masses requireH2

to be charged under U(1)X . The relevant Yukawa interactions are given by:

−LY ⊃
∑

i,j

Y `
ijL̄iH1ejR +

∑

j

Y `
jkL̄jH2ekR +

∑

i,j

Y ν
ij L̄iH̃1NjR +

∑

j

Y ν
kjL̄kH̃2NjR

+
∑

i,j

Y ϕ
ij N̄

c
iRNjRϕ1 + Y ϕ

kkN̄
c
kRNkRϕ

†
2

(4.57)

where both i and j can take values (1, 3) and k = 2. Thus only the second generation of lepton
doublet couples toN1,3 via the second Higgs doubletH2. The scalar Lagrangian will be similar to
the one defined in Eqn. (4.16) with the scalar potential as given below:

V (H1, H2, ϕ1, ϕ2) = µ2
1|H1|2 + µ2

2|H2|2 + µ2
3|ϕ1|2 + µ2

4|ϕ2|2 +
λH1

2
|H1|4 +

λH2

2
|H2|4

+
λϕ1

2
|ϕ1|4 +

λϕ2

2
|ϕ2|4 + λ1|H1|2|H2|2 + λ2(H†1H2)(H†2H1)

+ λ3(ϕ†1ϕ1)(ϕ†2ϕ2) + λ4|H1|2|ϕ1|2 + λ5|H1|2|ϕ2|2 + λ6|H2|2|ϕ1|2

+ λ7|H2|2|ϕ2|2 +

{
δ ϕ1ϕ1ϕ

†
2 + h.c.

}
+

c

Λ2

{
(H†1H2)2(ϕ1ϕ2) + h.c.

}
.

(4.58)
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In this case, all the scalars acquire a vev and are given by :

H1 =




w±

v+h
′
+iz
′

√
2


 , H2 =




h±

u+H0
′
+iA0

′
√

2


 , ϕ1 =

(
v1 + s

′
1 + iA

′
1√

2

)
, ϕ2 =

(
v2 + s

′
2 + iA

′
2√

2

)
(4.59)

Under such a scenario, electroweak symmetry breaking of the scalars require µ2
i < 0 (i = 1, 2, 3, 4)

and the minimization conditions are given by:

µ2
1 = −1

2

(
u2(λv1v2 + λ1 + λ2) + λ4v

2
1 + λ5v

2
2 + λH1v

2

)
,

µ2
2 = −1

2

(
v2(λv1v2 + λ1 + λ2) + λ6v

2
1 + λ7v

2
2 + λH2u

2

)
,

µ2
3 = − 1

4v1

(
u2v2v2λ+ 2v1(2

√
2v2δ + λ3v

2
2 + λ4v

2 + λ6u
2) + 2λϕ1v

3
1

)
,

µ2
4 = − 1

4v2

(
u2v2v1λ+ 2v2

1(
√

2v2δ + λ3v2) + 2v2(λ5v
2 + λ7u

2 + λϕ2v
2
2)

)
, (4.60)

where λ = c
Λ2 ; the usefulness of this term will be discussed later in this subsection. The covariant

derivative can be defined in the same way as in the previous case Eqn. (4.17). From the kinetic
part of the scalar Lagrangian, we obtain the mass of the W-boson as :

M2
W =

1

4
g2(u2 + v2). (4.61)

One can rewrite the mass of W asM2
W = 1

4g
2v2
H where, v2

H = (u2 + v2) = (246)2 GeV2. We also
express the ratio of the two vevs as v

u = tan β. The neutral gauge bosons (W 3
µ , Bµ, Xµ) on the other

hand mix and the mixing matrix is given by :

M2
GB =




1
4g

2(u2 + v2) − 1
4gg
′(u2 + v2) − 3

2ggXu
2

− 1
4gg
′(u2 + v2) 1

4g
′2(u2 + v2) 3

2g
′
gXu

2

− 3
2ggXu

2 3
2g
′gXu2 g2X

(
9u2 + 4(v21 + 4v22)

)
.




(4.62)

After the usual Weinberg rotation as given in Eqn. (4.24), we obtain the masses of the physical
neutral gauge bosons as :

M2
γ = 0, (4.63)

M2
Z = M2

Z0 =
1

4C2
W

g2v2
H , (4.64)

M2
Z′ = M2

X −
(

∆4

M2
Z0

)
, (4.65)

whereM2
X = g2

X(4(v2
1 + 4v2

2) + 9u2)− 3g′gXu
2ε+O(ε2) and ∆2 = g

4C2
W

(
6gXu

2 − g′v2
Hε
)
. One can

immediately see that in the limit ε << 1,M2
Z′ = M2

X ' g2
X(9u2 + 4(v2

1 + 4v2
2) + 9u2).

In this model, none of the scalars are Z2 odd, therefore, in principle, both the CP even and CP
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odd neutral components mix to give two (4×4) mixing mass matrices; one for (h
′
, s
′
1, s

′
2, H

0
′
) and

the other for (z
′
, A
′
1, A

′
2, A

0
′
) as given below in eqs. (4.66) and (4.67), respectively. We also have a

(2× 2) mixing matrix for the charged scalars (w±, h±) as given in Eqn. (4.68).

M2
sc =



λH1v
2 1

2
λu2vv2 + λ4vv1

1
2
λu2vv1 + λ5vv2 uv(λv1v2 + λ1 + λ2)

1
2
λu2vv2 + λ4vv1 −λu

2v2v2−4λϕ1v
3
1

4v1

√
2v1δ + 1

4
λu2v2 + λ3v1v2 u( 1

2
λv2v2 + λ6v1)

1
2
λu2vv1 + λ5vv2

√
2v1δ + 1

4
λu2v2 + λ3v1v2 − 2

√
2v21δ+λu

2v2v1−4λϕ2
v32

4v2
u( 1

2
λv2v1 + λ7v2)

uv(λv1v2 + λ1 + λ2) u( 1
2
λv2v2 + λ6v1) u( 1

2
λv2v1 + λ7v2) λH2u

2


(4.66)

M2
pseudo =



−λu2v1v2
1
2
λu2vv2

1
2
λu2vv1 λuvv1v2

1
2
λu2vv2 − v2(8

√
2v1δ+λu

2v2)
4v1

√
2v1δ − 1

4
λu2v2 − 1

2
λuv2v2

1
2
λu2vv1

√
2v1δ − 1

4
λu2v2 − v1(2

√
2v1δ+λu

2v2)
4v2

− 1
2
λuv2v1

λuvv1v2 − 1
2
λuv2v2 − 1

2
λuv2v1 −λv2v1v2


(4.67)

M2
ch =

(v1v2λ+ λ2)

2

−u2 1
2
uv

1
2
uv −u2

 (4.68)

We therefore require two (4 × 4) rotation matrices (cf. Appendix B.2) to diagonalize the CP even
and CP odd Higgs which we denote by Rα and Rθ respectively (as shown in Eqn. (4.69)) and an
orthogonal rotation by angle γ for the charged scalars.




h

s1

s2

H0




= RTα




h
′

s
′

1

s
′

2

H0
′




,




Gz

Gz′

A2

A0




= RTθ




z
′

A
′

1

A
′

2

A0
′




and,



G±

H±


 = RTγ



w±

h±


 (4.69)

where Gz, Gz′ and G± are the massless Goldstones corresponding to the physical vector bosons
Z,Z ′ andW respectively. Notice that in the scalar potential in Eqn. (4.58), we have added a higher
dimensional symmetry breaking term proportional to λ(= c

Λ2 ) apart from the trilinear term. The
relevance of this term can be easily understood from the scalar mass matrix given in Eqn. (4.67).
In this matrix, the elements of the first and fourth rows and columns are proportional to λ; hence,
if we set λ = 0, the resulting mass matrix will be a 2 × 2 matrix with determinant zero, which
results in zero mass pseudo-scalar fields which can give rise to a long range force between the DM
and ordinary matter. However, such massless bosons are very tightly constrained by fifth force
searches. If the coupling of these pseudoscalars to SM is sizeable, then they can be produced in
the early universe giving rise to additional radiation or relativistic degrees of freedom which is
tightly constrained by BBN and CMB limits. Also, in absence of this higher dimensional term, the
U(1)X symmetry can be broken by the vev of H2 alone, and we don’t need the additional singlet
scalars.
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We denote the angles inRα(θ) byαij(θij). Thus, we havemany unconstrained terms in the rota-
tionmatricesRα,θ with at least 6mixing angles in each, and sowemake the following assumptions
to simplify the analysis:

(i) Themixing angles of hwith the singlet scalars are α12 ≡ α2 and α13 ≡ α3, respectively. Also,
we have not considered very large mixing scenarios.

(ii) For simplicity, the mixing angles of H0 with the singlet scalars are set to zero, i.e α24 =

α34 ≡ 0. Also, the possibility of mixing between the two singlet scalars has been neglected,
i.e α23 ' 0.

(iii) We denote the mixing of the h and H0 by α14 ≡ α.

A similar approximation is also considered for the rotation matrix Rθ. This helps us to eliminate
some of the mixing angles for each of the matrices. Therefore, we are left with the following free
parameters:

tanβ, v1,Mh,Ms1,s2,H0 ,MA0 ,MA2 ,MH± ,Mixing angles (α, α2, α3, θ, θ2, θ3, γ). (4.70)

The couplings expressed in terms of masses and mixing angles can be found in Appendix C.2.
These model parameters are constrained from both theoretical requirements of unitarity, vacuum
stability, perturbativity etc. and experimental data on electroweak observables, Higgs decays and
so on. We have assumed small values of α2 and α3 so that we can utilize the existing bound on
the parameters like α and β of a two Higgs doublet model (2HDM) scenario with and without
an additional singlet. For recent analyses of extended 2HDM see [269–273]. It has been shown
that large singlet doublet admixture is allowed by the LEP and LHC data [271]. However, a large
admixture does not allow a large value for | cos(β −α)| [269]. In our analysis, we have considered
the scenarios with tan β ≤ 5 and |cos(β − α)| < 0.1, also, we have assumed sin α2 ≤ 0.1 and
sin α3 ≤ 0.1.

We identify h to be the 125 GeVHiggs boson discovered at the LHC and restrict the parameters
in the following range :

1 < tan β < 5, cos (β − α) ∈ [−0.1, 0.1], v1 = 450 GeV,

MH0 ∈ [1, 100] GeV, Ms1 ∈ [150, 450] GeV, Ms2 ∈ [10, 100] GeV,

MH± ∈ [100, 300] GeV, MA0 ∈ [100, 300] GeV, MA2 ∈ [100, 300] GeV,

sin α2,3 ∈ [−0.1, 0.1], sin θ ∈ [−0.1, 0.1], sin θ2,3 ∈ [−0.1, 0.1], sin γ ∈ [−0.1, 0.1].

(4.71)

For the above range of masses, the scale Λ ∼ (300 − 600) GeV for c = −1. Note that tanβ > 1

allows only the scenarioMh > MH0 otherwise λH2 will pick up a very large value. One can have
the scenario Mh < MH0 when tanβ < 1, however, these choices will lead to the large values of
λH1 , and at the same time top-Yukawa yt >> 1.
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Figure 4.17: (a) The variation of relic abundance with the dark matter mass for different values of tan β and the mass
Ms2 . In the inset we have zoomed into the annihilation peaks of the DM for 30 < MDM (GeV) < 60. The black solid
line denotes the Planck observed relic of DM. (b) Same as in Fig. 4.17a for different values of sine of the mixing angle
α3.
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Figure 4.18: (a) The bounds onMDM from relic and the allowed limit on DM direct detection cross section (σSI ). (b)
The variation of σSI with sα3 for different allowed values ofMDM .

In this case, at the leading order, the contributions to the relic abundance and the direct de-
tection cross-section will come from similar type of annihilation diagrams, as shown in Fig. D.1.
Hence the true relic abundance is expected to be satisfied only around the resonances of the dif-
ferent scalar and vector mediators. There will be no coannihilations in this case. Apart fromMZ′

and gZ′ , the other model parameters which will have a dominant role in DM searches are given by
Ms2 , sα3 and Y ϕ

22 ≈
√

2MN2
v2

. The other parameters which will have a subdominant role are given
byMs1 ,MA2 , tanβ and sα2 . Therefore, we have fixed their values atMs1 = 400 GeV,MA2 = 200

GeV and sα2 = 0.1, respectively. In Fig. 4.17a, we have shown the variation of the dark matter
relic abundance with DM mass for two different values of tan β. The nature of the curve is sim-
ilar to the one observed in our toy model 1 (see Fig. 4.7a). When the DM mass is in the sub-GeV
range, the Z ′ mediated annihilation will be dominant similar to the previous case. As expected,
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Figure 4.19: The diagrams which will contribute to muon and electron magnetic moments.

the current bound on relic density will be satisfied at the DM masses close to the value MZ′/2,
and at a valueMDM < Ms2/2. There are different peaks forMDM > Ms2/2 which correspond to
the different resonance annihilation of the DM through the Higgs portal. In all the resonances for
MDM > Ms2/2, the relic is much below the present observed abundance. The allowed values of
DMmass are mostly limited in the sub-GeV to less than 50 GeVmass. Note that the relic is almost
insensitive to the value of tanβ. Also, as shown in Fig. 4.17b the sine of mixing angle α3 does not
have an impact on the allowed regions ofMDM . Although, we have chosen very small values of
sα3 , the situation will not change even for larger values of sα3 .

In Fig. 4.18a, we have shown the regions ofMDM allowed by relic density bound and the cur-
rent experimental limit on the DM direct detection cross section σSI from XENON 1T. To generate
this plot we consider tanβ = 2, and the values of the other relevant parameters are the following:
0 < sα3 < 0.01, and 10 ≤Ms2 ≤ 100 GeV. All the other relatively less relevant parameters are fixed
at the values as mentioned above. The maximum value ofMDM allowed by the data on the relic
and σSI is∼ 40 GeV. Note from Fig. 4.18b that the current limit on σSI put stringent bound on sα3 .
For example, for MDM ≈ 30 GeV the allowed value of sα3 can not be larger than 0.01. Here, we
have shown the plot for tanβ = 2; however, as shown above, the results will be similar for other
allowed values of tanβ. Like in the case of toy model-I, the contributions to spin-dependent direct
detection cross sections are negligibly small in this model as well.

Electron Anomalous Magnetic Moment and LFV

Magnetic Moments :- In this model, apart from the contribution from a U(1)X gauge particle
as has been discussed in sub-section 4.3.2, the contributions to the muon and electron magnetic
moment will come from the respective diagrams shown in Fig. 4.19. The contributions from these
diagrams from left to the right, respectively, are summarised in the following equations:

∆a(H)
e =

m2
e

8π2M2
H

|Y `
12|2
12

, with H ≡ (H0, A0), (4.72)

∆aνµ = −
m2
µ

8π2M2
H±

|Y `
32|2
12

, (4.73)

∆aNµ = −
m2
µ|R2|2

8π2M2
H±

∫ 1

0
dx

x2(1− x)

x+ (1− x)
M2
N

M2
H±

. (4.74)
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Figure 4.20: (a) Variation of ∆aνe with the relevant Yukawa coupling Y `12 for different values of MH0 and MA0 . (b)
Dependencies of ∆aνµ with Y `32.
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Figure 4.21: (a) The variation of ∆aµ with R2 ≡
√(

Y ν21
2 + Y ν23

2
)
for different values ofMN1 = MN3 = MN andMH+ .

(b) The total contributions in ∆aµ from the diagrams in Fig. 4.19 and 4.3. The grey horizontal line is the allowed 3-σ
lower limit [12], while the dashed grey line represents the 3-σ lower limit of a very recent estimate [14].

Here, we have defined |R2|2 ≡
(
(Y ν

21)2 + (Y ν
23)2

)
in the same way as we defined R1, R3 in the

previous toy model. To do so, we have assumed the same masses for N1 and N3. Note that the
contributions in ∆a

(H)
e is sensitive to the Yukawa coupling |Y `

12|, and the contributions in ∆aµ are
coming from the diagrams with ντ and N1/N3 in the loop, respectively.

The variations of ∆ae with |Y `
12| for different values ofMH0 andMA0 are shown in Fig. 4.20a.

Note that the contribution to ∆ae is highly suppressed and the values like Y `
12

>∼ 0.01 are allowed.
As can be seen from Fig. 4.20b, the contribution to ∆aµ from the diagram with ντ in the loop is
highly suppressed. In Fig. 4.21, we have shown the variation of∆aµwith |R2| for different values of
MH0 andMN . Note that the contributions in ∆aµ from the diagram with right-handed neutrinos
are significant and have negative values. We have already shown earlier that the contribution from
the diagramwithX with amassMX ≈ 0.5 GeV can accommodate the current discrepancy in ∆aµ.
The large negative contribution from diagrams with N1 or N3 (in the loop) will reduce the value
of ∆aµ obtained from a diagram with X . However, note that, for lower values of R2 i.e. R2

<∼ 0.5,
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Figure 4.22: (a) Higgs mediated diagram contributing to τ → 3µ process. (b) Variation of Bτ with the coupling Y `32
for different values of tanβ andMH0 . The constraint cos(β − α) = 0.1 has been used while calculating the branching
fraction. The gray line denotes the experimental upper bound on the branching fraction.

the effects are not that significant. Therefore, to explain ∆aµ we can restrict R2 to a low value. In
Fig. 4.21b, we have shown the variation of the total contribution to ∆aµ with R2 for the ultimate
choices of the other relevant parameters.

Lepton Flavour Violation :- In our second model, there won’t be any contribution to the pro-
cesses like τ → µγ, µ → eγ or τ → eγ. However, from Eqn. (4.57), one can see that the charge
lepton mass matrix is not diagonal and is given by

M` =




v√
2
Y `

11
u√
2
Y `

12
v√
2
Y `

13

0 v√
2
Y `

22 0

v√
2
Y `

31
u√
2
Y `

32
v√
2
Y `

33



. (4.75)

Due to the presence of off-diagonal terms in the charged lepton mass matrix, we have a contribu-
tion to the lepton flavour violating decay τ → 3µ as shown in Fig. 4.22a. Although the contribution
is mixing suppressed, the stringent limit on the branching fraction will put a direct constraint on
the Yukawa coupling Y `

32 since the process occurs at tree level. The upper bound on the branching
fraction from the Belle Collaboration [274] is

Bτ < 2.1× 10−8 (4.76)

at 90% CL. The amplitude for the process can be written in the form

Mτ = gsLL(µ̄LµR)(µ̄RτL) (4.77)
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Figure 4.23: Diagrams contributing to b→ c`ν̄` decays (` = e, µ, τ ).

where
gsLL =

(
Y `

32
∗
mµsα

vM2
H0

)
(4.78)

and the branching fraction is given by[275]

Bτ =

(
Tτm

5
τ |gsLL|2

128× 48π3

)∫ 1

0
dx

∫ 1

0
d(cosθ)

[
3x2 − 2x3 + x2cosθ − 2x3cosθ

]
(4.79)

where Tτ is the lifetime of the τ lepton, x = 2Eµ̄/mτ is the reduced energy of the antimuon, and
θ is angle between the polarization of the τ and the momentum of the antimuon.

In Fig. 4.22b, we show the variation of the branching fraction of τ → 3µ with Y `
32 for three

different values ofMH0 , and in each of these cases, we have chosen two different values of tanβ. It
is evident from the plot that experimental upper limit on B(τ → 3µ) restricts the allowed regions
of Y `

32 and MH0 , and the preferable choice is Y `
32

<∼ 0.005 for MH0
>∼ 50 GeV. The decay width is

also sensitive to the value of tanβ. Therefore, for all practical purposes it is convenient to set Y `
32

to a very small value, say 0.001, in order to evade this strong bound.

Additional contribution to b→ c`ν̄`

In this case, the diagrams that will contribute to b → c`ν̄` (with ` = e, µ and τ ) decays are given
in Figs. 4.23. The diagrams in Fig. 4.23a will contribute to b → cµν̄µ decays, whereas those in
Figs. 4.23b and 4.23c will contribute to b → ceν̄e and b → cτ ν̄τ decays respectively. The resulting
Wilson coefficient contributing to b→ cµν̄µ can be written as:

C(H)
V1

=
Y ν

2j
2

32π2
gHH−W+

∫ 1

0
dx

∫ 1−x

0
ln ∆j

WHH , with H ≡ (H0, h, s1, A
0, A2), (4.80)
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Figure 4.24: Variation of the branching fraction of B̄ → Dµν̄µ (Fig. 4.24a) and B̄ → D∗µν̄µ (Fig. 4.24b) with R2 for two
different values ofMN andMH± each. The other relevant parameters are kept fixed as shown in the plot labels. In both
the plots, the gray shaded band is the measured branching fraction of the B-decays in their 1σ CL respectively while
the dotted lines denote the 2σ allowed band.
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Figure 4.25: Variation of RD∗ (left) and RD (right) with R2 for different values of MN and MH± . The shaded gray
region is the experimental 1σ allowed region while the dotted lines denote the same in the 2σ CI. The shaded and
unshaded colored bands (red,blue,green) signify the theoretical uncertainty in the 1σ and 2σ CI respectively.

where the coupling gHH−W+ between the chargedHiggs,W-boson and the different neutral scalars
are given by :

gH0H−W+ =
g

2
(cγRα44 + sγRα14), ghH−W+ =

g

2
(cγRα41 + sγRα11),

gs1H−W+ =
g

2
(cγRα42 + sγRα12), gA0H−W+ =

g

2
(cγRθ44 + sγRθ14),

gA2H−W+ =
g

2
(cγRθ43 + sγRθ13),

(4.81)

where, Rαij is the (ij) element of the rotation matrix given that diagonalises the CP even mass
matrix given in Appendix B.2, and similarly for Rθij . The factor ∆j

WHH is given in Eqn. (4.36).
However, it is evident from the Lagrangian that the dominant contributions would come from the
diagrams containingH0 andA0 in the loop since their coupling with the neutrinos are not mixing
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suppressed unlike the other Higgses.
The contributions to b→ ceν̄e and b→ cτ ν̄τ from the diagrams asmentioned above are negligi-

bly small. The contributions come from the second term of the Yukawa Lagrangian in Eqn. (4.57).
TheWilson coefficients in these cases are sensitive to the off-diagonal Yukawas of the charged lep-
ton mass mixing matrix. Also, we have already obtained a direct bound on the coupling Y `

32 from
the branching fraction of τ → 3µ in the previous section and fixed it to 0.001. For such a small
Yukawa, the resulting WC will have a value of orderO(10−9) which is negligibly small and hence
it can safely be neglected. Note that even if we choose Y `

32 ≈ 0.01, the contributions to the WCwill
be of order O(10−7). Similar conclusion holds for the electron final state. Therefore, we will only
focus on the contribution to the muon channel.

If we assume, for simplicity, the masses of N1 and N3 are equal, then the Wilson coefficient
will be proportional to the parameter R2 which we have already defined in the previous sub-
section. We can then constrain the parameter space of R2 andMN ≡ MN1 = MN3 from the data
on RD, RD∗ and B̄ → D(∗)µν̄µ. In Fig. 4.24, we show the variation of the branching fractions of
B̄ → D(∗)µν̄µ with R2 for two different values of MN and MH± each, keeping the masses of the
neutral scalarsH0, A0 fixed. Also we keep tan β fixed at 2 and choose α such that cos(β−α) = 0.1.
We see that even for a large (∼ O(1)) R2, the branching fraction of B̄ → D(∗)µν̄µ remains within
the 2σ experimental range. Also, we have noted that the change in the branching fraction with
the mass of the charged scalar or the heavy neutrino is insignificant (the legends overlap in the
figure). We have also studied the impact on RD∗ and RD, and the results are shown in Figs. 4.25a
and 4.25b, respectively. Note that it is hard to explain RD∗ even if we take both the theory and the
measured errors within their 2σ confidence interval (CI)6. However, we can conveniently explain
the observation in RD even if we consider the data and theory at their 1σ CI. Also, even though
large values of R2 is allowed by the branching fractions to the muon mode, the data on RD(∗)

restricts the value of R2 to <∼ 0.5 for the entire range of RHN or charged scalar mass.

Neutrino Mass Generation

In this case the minimal seesaw mechanism will help us give rise to the neutrino mass. From the
Yukawa interactions in Eqn. (4.57), one can obtain the Dirac neutrino mass matrix MD and the
Majorana mass matrixMR to be :

MD =




v√
2
Y ν

11 0 v√
2
Y ν

13

u√
2
Y ν

21 0 u√
2
Y ν

23

v√
2
Y ν

31 0 v√
2
Y ν

33



, MR =




v1√
2
Y ϕ

11 0 v1√
2
Y ϕ

13

0 v2√
2
Y ϕ

22 0

v1√
2
Y ϕ

31 0 v1√
2
Y ϕ

33



. (4.82)

6It was discussed in refs. [96, 276] that at the moment, the predictions ofRD∗ depend too much on the experimental
results on B → D∗µνµ and B → D∗eνe decay, and with the changes in the data the predictions are changing. For a
prediction independent of any experimental inputs, we have to wait till the inputs from the lattice at non-zero recoil
angle of the outgoing meson are available.
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Thus the light active neutrino masses can be obtained from the seesaw formula given by:

mν = −
(
MT
DM

−1
R MD

)
. (4.83)

By using the structure ofMD,MR in the type I seesaw [46, 48, 50, 277] formula for light neutrino
masses mentioned above, we find a general structure of light neutrino mass matrix without any
textures unlike that found in toy model I. However, the light neutrino mass matrix has rank 2 pre-
dicting the lightest neutrino mass to be vanishing. While neutrino oscillation experiments can not
constrain such a scenario, other experiments like neutrinoless double beta decaywhich is sensitive
to absolute neutrino mass scale can shed more light on such scenario in future.

4.6 Possible Collider Signatures

4.6.1 Higgs Invisible decays

In anyNPmodel it is quite an exciting prospect to look into the non-standard or undetected decays
of the SM Higgs as a complementary search for BSM particles. The toy models that we discussed
above constitute of a dark matter particle that couple to the SM Higgs boson through its mixing
with singlet scalars. Also, there is a viable parameter space in both the models where the dark
matter mass is lighter than the Higgs. Under such a scenario, it would be a useful exercise to
study the model contribution to Higgs invisible decay and use the available data on it to further
constrain the model parameters. All the relevant diagrams contributing to the Higgs invisible
decay are shown in Fig. 4.26. From the figure it is almost clear that the dominating invisible decay
of Higgs would be to the DM N2 forMN2 < Mh/2 and the decay to 4ν via gauge bosons would in
general be suppressed compared to this tree level decay. However, since the new gauge boson in
our model, Z ′, is light (sub-GeV), the contribution mediated by Z ′ could also be quite significant.
The third decay, involving one heavy boson Z and a light Z ′, is in general suppressed by the very
small value of the gauge mixing parameter ε (∼ 10−4) that we considered. Hence, one can safely
neglect the contribution from this decaymode. Therefore wewill only consider the first two decay
modes in our calculation.

h s2

N2

N2

h

Z ′

Z ′

ν

ν̄

ν

ν̄

h

Z ′

Z

ν

ν̄

ν

ν̄

Figure 4.26: Invisible Higgs decay channels.

Both ATLAS and CMS have looked into such invisibly decaying Higgs mainly through its in-
clusive production in the vector boson fusion mode, as well as in the associated production of a
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Figure 4.27: Higgs invisible branching fraction as a function of MN2 for two different values of sα1 and sα2 each is
shown. The red solid line is the upper bound from ATLAS 2019 [15] while the red dashed line is the upper bound from
their recent announcement in April 2020[16].

Higgs with a Z boson. The constraint on the Higgs invisible decay branching fraction from the
ATLAS experiment at LHC is [15]

B(h→ Invisible) =
Γ(h→ Invisible)

Γ(h→ SM) + Γ(h→ Invisible)
≤ 26% (4.84)

while the recent ATLAS announcement [16] puts a more stringent constraint at 13%. The Higgs
decay to SM particles is known to be around 4 MeV. In the following two subsections, we will
discuss the impact of this upper limit on the model parameters, in particular the mixing angles.

Toy Model 1

The invisible decay width of Higgs to dark matter is given by :

Γ(h→ N2N2) =
1

8π

M2
N2

v2
2

Mh

(
1−

4M2
N2

M2
h

)3/2

(sα2 + c2
α2
sα1sα3)2. (4.85)

On the other hand, the decay of Higgs to SM neutrinos via XX , or equivalently via Z ′Z ′ is given
by :

Γ(h→ Z ′Z ′ → 4ν`) =
1

8π

g2
hZ′Z′

Mh

(
1− 4M2

Z′

M2
h

)1/2(
3 +

M4
h

4M4
Z′
− M2

h

M2
Z′

)
×
∑

`

[B(Z ′ → 2ν`)]
2 (4.86)

where ghZ′Z′ = 8g2
X(cα2sα1v1 + 4sα2v2) is the effective coupling of SM Higgs with Z ′ via mixing

with the singlet scalars. For ourmodel,
∑

` [B(Z ′ → 2ν`)]
2 ≈ 0.14 forMZ′ = 1GeV and gZ′ = 10−3.

Therefore, the total invisible decay width of Higgs is given by the sum of the decay widths as
mentioned above. In Fig. 4.27, we have shown the variation of the Higgs invisible decay with the
mass of dark matter for different values of the mixing angles. Note that only small mixing like
sα2 = 0.01, sα1 = 0.01 are allowed by the current limit for the entire mass range of N2. However,
sα3 could be as large as 0.1.
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Figure 4.28: The variation of Higgs invisible branching fraction with the DM mass for different values of the other
relevant parameters in toy model 2. The red solid and dashed lines have a similar description as given in Fig. 4.27.

Toy Model 2

In our second model, the contribution to the Higgs invisible decay width is given by

Γ(h→ N2N2) =
1

8π

M2
N2

v2
2

Mh

(
1−

4M2
N2

M2
h

)3/2

R2
31. (4.87)

Also, the decay of Higgs to SM neutrinos via Z ′Z ′ is given by :

Γ(h→ Z ′Z ′ → 4ν`) =
1

8π

g2
hZ′Z′

Mh

(
1− 4M2

Z′

M2
h

)1/2(
3 +

M4
h

4M4
Z′
− M2

h

M2
Z′

)
×
∑

`

[B(Z ′ → 2ν`)]
2 (4.88)

where ghZ′Z′ = 8g2
X(R12v1 +4R13v2) is the effective coupling of SMHiggs withZ ′ viamixingwith

the singlet scalars. Again, the sum of squares of branching fraction,
∑

` [B(Z ′ → 2ν`)]
2 ≈ 0.14 for

MZ′ = 1 GeV as mentioned before. In Fig. 4.28, we have shown the dependencies of the B(h →
invisible) with the DMmass and other relevant parameters in toy model 2, like sine of the mixing
angles and tanβ. Note that our chosen benchmark values like sα2 = 0.01, sα3 = 0.01 and tanβ = 2

or 4 are allowed by the current bound on B(h→ invisible).

4.6.2 LFV decays of Higgs

It is evident from theYukawa interactions in eqs. (4.15) and (4.57) that there exists lepton flavour vi-
olating decays of the Higgs (h) for both the Toymodels. However, there are notable differences be-
tween the allowed LFV channels in the twomodels. The U(1)X charge assignments of the charged
leptons are such that in both the models we will get the h→ τe decay, for example, see Fig. 4.29a.
However, only Toy Model II contributes to LFV h → µτ and h → µe decays via the mixing of the
hwith the H0 as shown in the Fig. 4.29b.

So far no excess have been observed in these channels at the LHC searches and the most recent
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Figure 4.29: Lepton Flavour Violating decays of Higgs boson.
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Figure 4.30: (a)Variation of B(h→ eτ) with off-diagonal Yukawa coupling y for two different values of tan β and other
mixing angles. The red line denotes the upper limit on the branching ratio. (b) Similar variation for B(h → µτ) is
shown.

upper limits on the lepton flavour violating branching fractions of the Higgs boson by CMS [278]
reads

B(h→ eτ) < 0.61%,

B(h→ µτ) < 0.25%.
(4.89)

These limits will be helpful to constrain the lepton flavour violating Higgs couplings Y `
ij where

(i, j = 1, 3) & i 6= j. The general expression for the branching fraction for the LFV Higgs decay is
given by

B(h→ `i`j) =

( |y|2
16πMhΓtot

h

)[(
1−

(
m`i +m`j

Mh

)2
)(

1−
(
m`i −m`j

Mh

)2
)]1/2

(M2
h −m2

`i
−m2

`j
)

≈
( |y|2Mh

16πΓtot
h

)
, for m`i ,m`j << Mh.

(4.90)
Here, Γtot

h = Γ(h → SM) + Γ(h → Invisible) and y denotes the effective LFV coupling. In most
of the allowed parameter spaces, we can expect Γ(h→ Invisible) << Γ(h→ SM); however, there
are regions where it might be relevant to consider. In both the models, for h → τe decays the

effective LFV coupling is given by y ≡
√
Y `

13
2

+ Y `
31

2. As mentioned earlier, there won’t be any
contribution to h → µτ or h → µe decays in Toy Model I. In Toy Model II, the expression for the
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braching fraction for h→ µτ decay is given by

B(h→ µτ) =

(
s2
α|Y `

32|2
2

)(
Mh

16πΓtot
h

)
, (4.91)

which in the limit α→ 0, gives us the corresponding expression for h→ eτ decay. We will obtain
the expression for B(h→ µe) after replacing Y `

32 by Y `
12 in Eqn. (4.91).

In Fig. 4.30a we have shown the variation of B(h→ eτ) with the effective coupling y. Since the
contributionwill be similar for both themodels, we have not shown it separately for the two. It can
be clearly understood from the plot that the coupling cannot be larger than∼ 0.005 irrespective of
the value of tanβ or other angles. There is very little dependence on sα2 or sα3 which is coming
from the contributions in Γ(h → Invisible) (see Eqn. (4.85)) in the denominator. For illustrative
purpose, we have shown the variation for MN2 = 20 GeV; however, we have checked that the
variation does not change significantly on changing the DMmass.

In Fig. 4.30b we show a similar variation of the branching ratio to the µτ mode with Y `
32 for

two different values of tan β and other mixing angles. As mentioned earlier, this decay mode
is specific for Toy Model II only. Since this process is mixing induced, both tanβ and Y `

32 are
tightly constrained from the data. As expected, the branching fraction is sensitive to both the
mixing parameters β and α. Note that for tanβ = 2, the allowed values of Y `

32 is Y `
32 < 0.01.

However, for tanβ > 2, more higher values of the Yukawa coupling are allowed. In general,
higher values of the tanβ prefers higher values of the Yukawa coupling. This is expected since the
constraint |cos(β − α)| = 0.1 implies smaller sin α for large tan β. Once again the conclusions are
not affected significantly by the DM mass. Also, we have noted that for values like tanβ = 2 and
sα2 = sα3 = 0.01, the branching fraction B(h→ µe) ≤ 0.4% for Y `

12 ≤ 0.01.

`+`− + /ET 4`

pp→ Z → Z s2 → `+`− /ET (Toy Model-I and II) pp→ `+`−γ → 4`

pp→ Z → Z′ s2 → `+`− /ET (Toy Model-I and II) pp→ `+`−Z′ → 4`

pp→ h→ h s2 → `+`− /ET (Toy Model-I and II) pp→ Z′Z′ → 4`

pp→ H+H− → µ+µ− /ET (Only in Toy Model-I)

Table 4.5: Collider signatures resulting in dilepton and 4-lepton final states for both Toy Models.

Sl.No. Benchmark point (BP) σ(pp→ H+H− → µ+µ− /ET ) (fb)
(A) MH± = 500 GeV,MN2 = 20 GeV, Y22 = 0.1 2.45
(B) MH± = 500 GeV,MN2 = 40 GeV, Y22 = 0.1 2.39
(C) MH± = 500 GeV,MN2 = 20 GeV, Y22 = 0.2 39.2
(D) MH± = 800 GeV,MN2 = 20 GeV, Y22 = 0.1 0.58

Table 4.6: Production cross-section of the dimuon + /ET final state generated from intermediate inert charged Higgses.
This production is exclusively for Toy model I.
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Sl.No. Benchmark point (BP)
σ2`+ /ET (fb) σ4` (fb)

Toy I Toy II Toy I Toy II

1. MN2 = 20 GeV,MZ′ = 1 GeV 0.10 0.074
25.54 25.54

2. MN2 = 40 GeV,MZ′ = 1 GeV 0.07 0.066

3. MN2 = 20 GeV,MZ′ = 0.5 GeV 0.10 0.074
25.57 25.57

4. MN2 = 40 GeV,MZ′ = 0.5 GeV 0.07 0.065

Table 4.7: Production cross-section of the dilepton + /ET (σ2`+ /ET ) and 4` (σ4`) final states for some specific benchmark
points of the two toy models. The intermediate channels that lead to such final states are listed in Table. 4.5. Please
note that the cross-section for the dilepton + /ET channel for Toy model I quoted here excludes the contribution from
the charged Higgs mediated diagram (which we have separately shown in Table. 4.6).

p

p

W±
H±

H0, A0

µ±

N2

N2

νµ

Figure 4.31: Feynman diagram for the production of µ± + /ET final state at LHC (Toy Model I).

4.6.3 Other Possible Signatures

In this subsection, we would like to briefly discuss some other possible collider signatures of our
Toy models at the LHC, in addition to the specific ones mentioned above. Here, we will only
mention a few exciting channels for the search at the LHC; a detailed analysis is beyond the scope
of this study. It is quite evident that the most notable collider signals would be the multi-lepton
final states with or without an associated missing energy ( /ET ). More importantly, the dilepton
(2`) + /ET channel which can be probed with excellent precision in the high luminosity colliders
in the near future, has the potential to discriminate the two Toy models. A few of the dominating
production channels are mentioned in Table 4.5. Note that the search for 4` final states will not
be a unique test of our toy models. This is because, in all the cases, the primary decay channels
are via the production of Z ′ which is very common in NPmodels with an additional U(1)X gauge
bosons. The details of the collider searches for such an extension with a sub-GeV MZ′ can be
seen from [243]. However, the search of (2` + /ET ) could be helpful to probe Toy model I since
the process is also mediated by the production and decay of the new scalars. In Table 4.5, we
have mentioned only the dominating production channels. We have noted that for the allowed
values of the model parameters, as discussed earlier, the production cross-section σ2`+ /ET in Toy
Model-I is much larger than that in Toy Model-II. This is due to the presence of an additional
channel pp → H+H− → µ+µ− /ET in Toy Model-I. The corresponding production cross-section
of this specific channel for some benchmark scenarios are given in Table 4.6. Here, the events are
generated in MADGRAPH [205] at

√
s = 14 TeV. Depending on the chargedHiggsmass and associated

coupling Y22, the cross-section can be quite large. For the rest of three channels as mentioned
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Sl.No. Benchmark point (BP) σ(µ± + /ET ) (fb)

1. MH± = 500 GeV,MH0 = 200 GeV, λ5 = 0.01,MN2 = 20 GeV, Y22 = 0.1 0.0044

2. MH± = 500 GeV,MH0 = 200 GeV, λ5 = 0.01,MN2 = 40 GeV, Y22 = 0.1 0.0041

3. MH± = 500 GeV,MH0 = 200 GeV, λ5 = 0.01,MN2 = 20 GeV, Y22 = 0.2 0.071

4. MH± = 500 GeV,MH0 = 200 GeV, λ5 = 0.01,MN2 = 20 GeV, Y22 = 0.5 2.77

5. MH± = 200 GeV,MH0 = 200 GeV, λ5 = 0.01,MN2 = 20 GeV, Y22 = 0.2 0.263

Table 4.8: Production cross-section of the monomuon + /ET final state in Toy Model I.

No. Benchmark Point σ(τ+µ−µ−e+) + σ(τ−µ+µ+e−) σ(ττµe) (fb)
(in fb)

1. MH0 = 50 GeV,MA0 = 100 GeV, Y `12 = Y `32 = 0.005 1.106 0.026
2. MH0 = 100 GeV,MA0 = 100 GeV, Y `12 = Y `32 = 0.005 0.008 1.85× 10−4

Table 4.9: Possible signature of Toy Model II with the corresponding production cross-sections.

in Table 4.5, the estimated production cross-sections for a few benchmark scenarios are given in
Table 4.7. As one can see, the production cross-sections are very small, which is expected since
the diagrams mentioned here are mostly mixing induced which we have assumed to be small.
Note that the cross-sections are insensitive to the mass of Z ′. We have checked that in both the
toy models, among these three channels the dominating contribution will come from pp → Z →
Z s2 → `+`− /ET . Therefore, this channel will not be helpful to discriminate the signatures of Toy
Model-I from that of Toy Model-II. However, as one can see that σ(pp → H+H− → µ+µ− /ET )

is much larger than the production cross-sections for the rest of three channels, therefore, at the
colliders a dedicated search for µ+µ−+ /ET signature could be helpful to probe ToyModel-I. Please
note than in order to obtain long-lived charged scalars whose decay length (cτ ) >∼ 0.1 mm, we
need Yukawa coupling of the order of ∼ (10−6 − 10−5). This will give very low production cross-
section of the final state and therefore techniques like displaced muon and kink vertex will not be
applicable. So we do not discuss it further.

Another interesting collider signature could be the production of (µ±+ /ET ) which is an exclu-
sive feature of Toy Model I and can be a smoking gun signal. It can be observed at a pp collider
like the LHC where the intermediate particles leading to such a final state are the inert charged
Higgs (H±) and inert neutral scalars (H0, A0) as shown in Fig. 4.31. The readers may recall that
the inert Higgs couples to muon along with the dark matter. Due to electroweak interaction, it is
possible to have sizeable production ofH+-H0 which then decay to give a mono-muon plus miss-
ing energy final state. There are no other contributing diagrams to this muon specific signal. The
other mono-lepton channels (say the mono-electon for example) will be kinematically suppressed
due to the associated heavy neutrinos in the final state. The mono-muon signal is cleaner than the
mono-jet searches and therefore it is possible to tag themuon. Themajor background is theW (`ν)

process but one can expect a clean signal away from theW -boson mass window. The other minor
backgrounds include t, tt̄, Z/γ ∗ (``), γ + jets and V V (where V stands for the SM vector bosons
W,Z). As can be seen from Table. 4.8, for a few suitable benchmark values of the scalar and DM
masses and coupling Y22, it is possible to obtain a few femtobarns of production cross-section. In
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Toy Model-II, the U(1)X charge of H2 forbids its coupling with muon and N2 simultaneously, in-
stead it couples with the other RHNs (N1, N3). Also the scalars are in general lighter than N1, N3.
Therefore, once again, the µ± + /ET production at LHC will be kinematically suppressed. The
probable collider signatures of Toy Model-II will be the productions of τ+µ−µ−e+, τ−µ+µ+e−

and ττµe events at the LHC via the production and decay of H0H0. This is possible only in Toy
Model-II since in this model,H0 takes part in LFV interactions, which is not allowed in ToyModel-
I. In a few benchmark scenarios, the corresponding production cross-sections are given in Table
4.9. As expected, the cross-sections are highly sensitive to the mass ofH0. Note that for the above
mentioned four-lepton final states the SM background will be highly suppressed. Therefore, a
dedicated search of these four lepton states with specific flavour and charge could be useful to test
our Toy Model-II.

4.7 Summary

We have extended the SM by an Abelian U(1)X gauge group which results in a massive gauge
boson (X) that couples only to leptons and has a small kinetic mixing with the SM Z boson. We
have considered only the lowmasses ofX (MX

<∼ 1GeV). In this kind of extension, wewill get new
contributions to flavour changing processes like b→ s`+`− decays, and the new contribution will
be in ∆C`9 which is the WC of the operator O9. Here, O9 is a left-handed quark current operator
with vector muon/electron coupling. Also, in this model, the contributions to such flavour chang-
ing processes will be in both the electron and muon final states. At the same time, we will get new
contributions in anomalous magnetic moment of the muon. We use the present data on RK , RK∗ ,
the ratio of branching fraction B(B0 → K∗0χ(µ+µ−))/B(B0 → K∗0µ+µ−), B(B → K(∗)e+e−),
and muon anomalous magnetic moment to constrain U(1)X charges of the SM leptons. Also, the
values∆Cµ9 and∆Ce9 which are obtained from the analysis are consistent with the global fit results
of the data in b→ s`+`− decays including various angular observables. Additionally, we consider
all upper bounds from different experimental data on such light Abelian gauge boson mass and
its couplings.

Now charging the SM fermion under a generic U(1)X symmetry makes the theory anomalous.
To get an anomaly-free renormalisable model, we have incorporated additional chiral fermions
into the model. In order to fit our requirements with a minimal particle content, we have consid-
ered a scenario where the three generation of leptons having vector type U(1)X interactions have
corresponding charges (n1, n2, n3) = (−1, 2,−1) respectively. Such a choice is consistent with the
data and also ensures anomaly cancellations after adding one right-handed neutrino per fermion
generation having equal, and oppositeU(1)X charges as that of SM lepton in that generation. Also,
we have added additional singlet and doublet Higgs fields to get the desired mass spectrum. To
prevent a direct coupling of the RHNswith the lepton doublets via SMHiggs, we impose a discrete
Z2 symmetry on the particles in two different ways which lead to two distinct models and phe-
nomenology. This kind of symmetry restrictions will provide a natural candidate for DM in our
extended models. At the same time, the chosen particle content of the models can also generate
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light neutrino masses, in agreement with neutrino oscillation data.
We are able to successfully study the DM phenomenology which is almost similar for the two

Toy models but they have different neutrino mass generation mechanisms. The scalar content is
very rich with an additional scalar doublet and two scalar singlets apart from the usual SMHiggs
doublet. However, the second scalar doublet has very distinct features and plays different roles in
each of the two Toy models. The low gauge bosonX mass allows us to evade stringent constraints
from LHC, while facing tight constraints from other low energy experiments. We ensure that our
analysis is consistent with the LEP II bounds on U(1)X gauge boson mass and coupling and the
bounds from other light boson search experiments. Few preliminary results have also been shown
and discussed.

The two toy models lead to phenomenological implications that can be tested at the collider
experiments. The promising channels are the 4-lepton final states, dilepton (2`) + /ET etc. Also,
in the low energy experiments the potential signatures may come from the FCNC processes, like
b→ s(d)+invisible, s→ d+invisible, c→ u+invisiblewhichwill lead to rare decays ofBq/K/D
mesons to a relatively lighter meson final state with invisible particles. Also, both the models will
contribute to LFV h→ τe decays.

We have discussed some distinct features of both the models which could be helpful to dis-
criminate the signatures of the two models at different experiments. At the LHC, the production
of µ±+ /ET and lepton-specific µ+µ−+ /ET events could be the possible signatures of Toy Model-I
which is not possible to get in Toy Model-II. On the other hand, the search for the specific multi-
leptonic states like τ+µ−µ−e+, τ−µ+µ+e− and ττµe could be useful to identify the potential sig-
natures of Toy Model-II. In the context of Higgs LFV, Toy Model-II contributes to h → τµ and
h → µe decays while Toy Model-I does not. Similarly, there are a few examples of the potential
observables in the low energy sector: Toy Model-I contributes significantly to the semileptonic or
purely leptonic decays Bq/K/D mesons via the following quark level transitions: b → c(u)τ ν̄τ ,
s → uτ ν̄τ , c → sτ ν̄τ . However, Toy Model-II does not have significant contributions to these de-
cays with τ in the final states. In ToyModel-II, we do not have any contribution in τ → eγ, τ → µγ

and µ→ eγ LFV decays; however, this model contributes to τ → 3µ decay. On the other hand, Toy
Model-I contributes only in τ → eγ, not in all the other LFV decays as considered above. More
precise data from future experiments will be able to discriminate between such toy models while
confirming or ruling out some part of the available parameter space.
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Chapter 5

Constraining New Physics with Possible
Dark Matter Signatures from a Global
CKM Fit

5.1 Introduction

The simplest way to devise a dark matter model is by considering a scalar, fermionic or vector
field obeying the SM gauge symmetries whose stability can be ensured by an additional discrete
Z2 symmetry under which the DM is odd but all other SM particles are even. However, in or-
der to annihilate into SM particles and give rise to the correct relic abundance, there has to be a
mediator between the dark and the visible sectors. The interactions of the mediator with the vis-
ible sector must include a non-zero vertex with the SM quark fields among others such that, the
DM can scatter off a fixed target nuclei and be detected from any hint of nuclear recoil. However,
such interactions might also impact important flavour physics observables which most of the dark
matter analyses do not take into consideration. In this chapter, we are going to investigate the
constraints on the dark matter parameter space from flavour data in the context of a simple dark
matter model.

5.2 Model : Fermion Dark Matter with Scalar Mediator

For an illustration of our main objective, here we consider an extension of the SM by a singlet
Dirac fermion dark matter χ and a real singlet scalar S. The DM decay is stabilized by imposing
a discrete Z2 symmetry under which χ → −χ while all other particles remain even under the
transformation. The most general renormalizable Lagrangian for such a model can be written as

L = LSM +
1

2
χ̄(i/∂ −mχ)χ− 1

2
(∂µS)2 −

[
χ̄(C ′s + iC ′pγ5)χ+ ψ̄(Cs + iCpγ5)ψ

]
S − V (H,S) (5.1)
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χ

χ

S

ψ

ψ

χ

χ

χ

S

S

Figure 5.1: Annihilation channels for the spin-0 mediated fermionic dark matter model under consideraion.

where,H denotes the SMHiggs doublet and ψ denotes SM fermions. The scalar potential V (H,S)

can be of the form

V (H,S) = µ2
HH

†H +
1

2
λH(H†H)2 + µ3

1S +
µ2
S

2
S2 +

µ3

3!
S3 +

λS
4!
S4 + λ1(H†H)S +

λ2
2

(H†H)S2. (5.2)

We aremostly interested in the DMphenomenology and not in the exact details of the origin of the
scalar sector. Hence for simplicity we decouple the two Higgses by considering zero mixing and
obtain the mass eigenstates asm2

h = λ2
Hv

2
H = (125)2 GeV2 with vH = 246 GeV andM2

S = µ2
S GeV2.

This also helps us evade stringent constraints coming fromHiggs portal DM searches and collider
constraints due to h → invisible decays. For studies based on such models in the literature, see
[279–284]. Also, in our study, we mostly focus on effective DM interaction with SM quarks i.e
ψ ≡ q. There are plenty of analyses on such leptophobic DM models in the perspective of LHC
and indirect detection searches [282–287].

Following the Lagrangian given in Eqn. (5.1), it is evident that the dominant channel for DM
annihilation will be the s-channel transition χ̄χ→ ψ̄ψ shown by the Feynman diagram in the LHS
of Fig. 5.1. There can also be a t-channel annihilation χ̄χ→ SS as shown in Fig. 5.1 but for heavy
scalars, that contribution will be much suppressed. The thermally averaged dark matter anni-
hilation cross-section < σv > is usually expressed as a partial-wave expansion in powers of the
square of the relative velocity between the annihilating particles as given in Eqn. (2.10). The dom-
inant contribution to the s-channel DM annihilation rate for pure scalar interaction mediation is
velocity suppressed due to the absence of s-wave terms. However, in presence of the pseudoscalar
coupling Cp, there is an enhancement in the annihilation cross-section due to the presence of an
unsuppressed s-wave [41]. Also, there will be contributions in direct detection cross section. The
advantage of non-zero pseudoscalar interaction is that theWIMP-nucleon scattering cross-sections
from such operators are spin dependent and velocity suppressed. This kind of pseudoscalar in-
teractions helps to evade stringent bounds from present direct detection (DD) bound from the ex-
perimental searches. The phenomenology of such pseudoscalar mediators have been extensively
studied in [283, 288–291]. While the pseudoscalar operators help weaken the direct detection scat-
tering cross-section with a momentum suppression, they also amplify the chances of probing the
WIMP at indirect detection experiments through initial/final state radiation or bremsstrahlung
processes [292–297]. The only way to obtain a spin-independent direct detection cross-section is
to have a non-zero scalar-scalar effective interaction i.e Cs, C ′s 6= 0.
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Figure 5.2: Loop correction to the di → ujW vertex in the presence of a real scalar S. The vertex modification will have
direct impact on the vertex CKM factor Vij .

5.3 Contributions in di → uj`ν` decays

In the previous section, we define a Lagrangian (Eqn. (5.1)) which contains interactions of SM
fermions with the scalar S:

Lfint = ψ̄(Cs + iCpγ5)ψS. (5.3)

In this analysis, we have considered only the quarks and assumed universal coupling for all the
quarks. Note that this kind of interaction will affect the SM charged current vertex d̄jγµ(1 −
γ5)uiWµ at one loop. There will be new contributions in the semileptonic or purely leptonic decay
rates Γ(dj→ui`ν`) (` = leptons) due to this type of correction. The representative diagram is shown
in Fig. 5.2, wherein these decays receive vertex corrections from the heavy scalar exchanges in
the loop. The Cabbibo-Kobyashi-Masakawa (CKM) element Vij appear as a vertex factor of the
charged current interactions in the SM.

The most general effective Hamiltonian for the di → uj`ν processes in a similar fashion as
written for the b→ c`ν Hamiltonian in Eqn. (2.8) :

Hdi→ujeff =
4GF√

2
Vij

[
(δ`` + C`V1)O`V1 + C`V2O`V2 + C`S1

O`S1
+ C`S2

O`S2
+ C`TO`T

]
(5.4)

where C`X (X = V1, V2, S1, S2, T ) are the Wilson coefficients (WCs) corresponding to the operator
basis

O`V1 = (ūjLγ
µdiL)(¯̀

LγµνL),

O`V2 = (ūjRγ
µdiR)(¯̀

LγµνL),

O`S1
= (ūjLdiR)(¯̀

RνL), (5.5)

O`S2
= (ūjRdiL)(¯̀

RνL),

O`T = (ūjRσ
µνdiL)(¯̀

RσµννL).

There are no lepton flavour violating vertices in the Lagrangian under consideration (5.1). Hence,
for all practical purposes, we can remove the suffix ` in the operator basis and write C`X ≡ CX .
Note that in the SM, at the tree level, the contribution is obtained only fromOV1 . Along withOV1 ,
the rest of the operators alone or in combinationsmay appear in different NP scenarios. Therefore,
the WC CX incorporates the NP effects in these decays, and in the SM, CX = 0.

TH-2853_166121012



5.3. Contributions in di → uj`ν` decays 119

In the SM, the di → ujW vertex has a V − A structure i.e γµ(1 − γ5). As will be shown in
the next subsection, the corrections due to NP have a direct impact on the vertex factors, which
in this case are the CKM elements Vij g√

2
. The semileptonic and purely leptonic decays rates are

directly proportional to the vertex factors. The detailedmathematical expressions of the decay rate
distributions of the exclusive semileptonicP →M (∗)`ν` and purely leptonicP → `ν` decays can be
seen from ref. [98] where P andM are the pseudoscalar mesons, andM∗ is a vector meson. Here,
we would like to mention that most of the CKM elements, like |Vud|, |Vcd|, |Vus|, |Vcs|, |Vub|, |Vcb|,
are extracted from the semileptonic and purely leptonic (few cases) di → uj`ν` decays with ` = µ,
or e. The underline assumption is that these decays with the light leptons will be less sensitive to
any NP effects. The vertex correction shown in Fig. 5.2 may introduce additional operators (other
than V −A type) due to operator mixing. Themeasured decay rates, along with some other inputs
from lattice (decay constants and form factors), are the useful probe of the CKM elements |Vij |. In
the presence of new four-fermi operators defined in Eqn. (5.4), the decay rates will be modified. If
only the vertex factor is modified, then the extracted values of the |Vij | (with) can be directly used
to constrain the new couplings. Otherwise, we need to fit the decay rates to constrain the new
couplings. In the following subsections, we will discuss it in detail.

Also, it is important tomention that all theseCKMelements are extractedwith reasonably good
precision. For example |Vud| and |Vcs| are known with an error ≈ .01% while |Vus| and |Vcd| are
knownwith an accuracy of 0.1%. The |Vub| and |Vcb| are relatively less precisely known. Therefore,
it is natural to expect tight constraints on the new couplingsCs andCp from an analysis of the CKM
observables, purely leptonic and exclusive semileptonic decay rates, respectively. Note that |Vub|
and |Vcb| are also extracted from semileptonic inclusive decays. To constrain the new couplings,
we did not consider the inputs from inclusive decays. Constraining the NP from inclusive decays
requires a separate dedicated analysis. However, we do not expect much of an improvement since
the CKM elements are much more precise than |Vub| and |Vcb|.

5.3.1 Effective vertex

Asmentioned earlier, in the SM the coupling strength for the di → ujW charged current interation
is given by igVij√

2
and the interaction is of the type (V − A). However, the one-loop correction of

this charged current vertex due to the interaction given in Eqn. (5.3) introduces one new (V + A)

type interaction in addition to the original (V −A) type interaction. The corresponding Feynman
diagram can be seen from Fig. 5.2, and the effective charged current interaction can be written as:

Leffdi→ujW =
igVij

2
√

2
[CLūjγµ(1− γ5)di + CRūjγµ(1 + γ5)di]W

µ

=
igVij

2
√

2
[CLOL + CROR]Wµ. (5.6)

Here, the effects of NP coming from the loop corrections are introduced in the coefficients CL and
CR, respectively. Hence, we can say that at the tree level (pure SM) CL = 1 and CR = 0.

We have done the calculation in a unitary gauge using dimensional regularization. The loop
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Figure 5.3: Quark self energy corrections in the presence of the new interaction given in Eqn. (5.3).

factor CL does not receive any 1
ε pole, however CR had a pole

poleCR =
C2
s + C2

p

16π2

(
− 1

2ε

)
, (5.7)

which can be removed by introducing appropriate counter terms. The counter term can be ob-
tained from the wave function renormalization which we have calculated from the quark self-
energy correction diagram given in Fig. 5.3, from this diagram we have obtained a pole relevant
for wave function renormalization as given below:

poleSE =
C2
s + C2

p

16π2

(
1

2ε

)
/p. (5.8)

Here, p is the incoming momentum of the quark under consideration. Hence, we can define the
wave function renomalization constant for the left and right handed quark field as:

δZLii = δZRii =
C2
s + C2

p

16π2

1

2ε
. (5.9)

Note that from the vertex corrections, the divergence piece appears in CR, not in CL, and at
the tree level CR = 0. Therefore, only the wave function renormalization would not be sufficient
to cancel the divergence. Also, the counter term related to OL needs to be absorbed since CL at
loop level does not have any divergences. We need to introduce the counterterms due to operator
renormalization or equivalently by the renormalization of the coupling constants. Following oper-
ator renormalization, in general, one canwrite thematrix elements of an unrenormalized operator
O(0)
m in terms of the renormalized one as

〈O(0)
m 〉 =

√
ZuiZdjZmn〈On〉. (5.10)

In the other method, one can define the respective interaction Hamiltonian as

H = C(0)
m O(0)

m = (ZcmnCn)
√
ZuiZdjOn

= CmOm + (Zcmn

√
ZuiZdj − δmn)CnOm. (5.11)

Both the methods are equivalent with
Z−1
nm = Zcmn.
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.
In our analysis, to obtain the renormalized vertex (Eqn. (5.6))wedefine the counter term follow-

ing Eqn. (5.11). The requiredwave function renormalization constant are obtained from Eqn. (5.9).
To absorb the remaining divergences, the required renormalization constants for the couplingsCL
and CR are given by

δZcLL = −
C2
s + C2

p

16π2

1

2ε
, and δZcRL = −

C2
s + C2

p

16π2

1

4ε
. (5.12)

Note that here, we have written Z = 1 + δZ. At the tree level CR = 0, hence we do not need ZRR
and ZLR. However, in principle ZRL should be equal to ZLR1.

Using the renormalized vertex, after integrating out theW field from the diagram of Fig. 5.2
we obtain the following effective Hamiltonian

Hdi→ujeff =
4GF√

2
Vij [(1 + CV1)OV1 + CV2OV2 ] , (5.13)

where the operators are defined in Eqn. (5.6), the WCs CV1 and CV2 will be obtained from CL and
CR, respectively which are the following

C
qi→qj
V1

≡ CqiqjV1
=

(
4mimjC

2
s

16π2

)
C0 (5.14)

and
C
qi→qj
V2

≡ CqiqjV2
=

CT
16π2

∫ 1

0
dx

∫ 1−x

0
dz

(
1

2
+ ln ∆

)
, (5.15)

with
C0 =

∫ 1

0
dx

∫ 1−x

0
dz

(
1 + x

∆

)
(5.16)

and CT = (C2
s + C2

p). Here, ∆ = xM2
S + (1 − x)(1 − x − z)m2

i + (1 − x)zm2
j + z(1 − x − z)q2,

mi,mj are the masses of quarks ui, dj . Here q2 is the energy carried by the W-boson propagator
and for meson decays of the form : P → M (∗)`ν`, and q2 can range from m2

` to (mP − mM(∗))2.
Numerically, the value of the NP WC is quite insensitive to the value of q2 in this range.

The important point to note here is the fact that the contribution to the left-handed (LH) quark
current vector operator OV1 is proportional to the product of the external quark masses. Hence,
for light quarks, such as u, d, s etc, the loop contribution is zero in the massless quark limit. Even
for heavier quark transitions, for example, b → c`ν, CV1 is quite suppressed as compared to CV2
for heavy scalar mediator masses (even when Cs = 1). The contribution in CV2 increases with the
increase of scalar mass. Therefore, for numerical analysis one can practically set CV1 ≈ 0.

We want to point out that, in the SM we can have similar vertex corrections with the scalar S
replaced by the SMHiggs or by aZ boson in Fig. 5.2. We can parametrize such correction as δCSMV1
which represent a small shift from CSMV1 = 1. For SM Higgs, there won’t be any contribution in

1 We have checked that the one-loop correction to (OR)1−loop introduces the same divergence piece in CL as given
in Eqn. (5.7) for CR at the present case.
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CV2 and the contribution in δCSMV1 is <∼ 10−8. Also, for SM Z-boson, the contribution to both in
δCSMV1 and CV2 are negligibly small as compared to the new contribution in CV2 . We have dropped
any such contribution from our analysis; they have a negligible impact on our findings.

5.3.2 Contributions in the decays: semileptonic and leptonic

Using the effective Hamiltonian given in Eqn. (5.13), the differential decay rate for the P →M`ν`

is written as [158].

dΓ(P →M`ν`)

dq2
=
G2
F |Vij |2
π3m3

P

q2
√
λM (q2)

(
1− m2

`

q2

)
|1 + CV1 + CV2 |2

{(
1 +

m2
`

2q2

)
Hs
V,0

2 +
3

2

m2
`

q2
Hs
V,t

2

}
,

(5.17)

while that for P →M∗`ν`

dΓ(P →M∗`ν`)
dq2

=
G2
F |Vij |2
π3m3

P

q2
√
λM∗(q2)

(
1− m2

`

q2

)
×
{

(|1 + CV1
|2 + |CV2

|2)

[(
1 +

m2
`

2q2

)
(H2

V,+ +H2
V,− +H2

V,0) +
3

2

m2
`

q2
H2
V,t

]

− 2Re[(1 + CV1
)C∗V2

]

[(
1 +

m2
`

2q2

)
(H2

V,0 + 2HV,+ HV,−) +
3

2

m2
`

q2
H2
V,t

]}
,

(5.18)

The helicity amplitudes are written in terms of the QCD form factors as given below

Hs
V,0(q2) =

√
λM (q2)

q2
f+(q2) , (5.19a)

Hs
V,t(q

2) =
m2
P −m2

M√
q2

f0(q2). (5.19b)

and

HV,±(q2) =(mP +mM∗)A1(q2)∓
√
λM∗(q2)

mP +mM∗
V (q2) , (5.20a)

HV,0(q2) =
mP +mM∗

2mM∗
√
q2

[
−(m2

P −mM∗
2 − q2)A1(q2) +

λM∗(q
2)

(mP +mM∗)2
A2(q2)

]
, (5.20b)

HV,t(q
2) = −

√
λM∗(q2)

q2
A0(q2) , (5.20c)

(5.20d)

respectively. The branching fraction for P → `ν` corresponding to the same Hamiltonian is:

B(P → `ν`) =
τP
8π
mPm`f

2
PG

2
f (1− m2

`

m2
P

) |Vij(1 + CV1 − CV2)|2 . (5.21)

From the above decay rate distributions, we can see that the new contributions in P → M`ν`
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and P → `ν` decays will modify only the vertex from |Vij | → |V ′ij | = |Vij(1 + CV1 ± CV2)|, respec-
tively. However, in P → M∗`ν` transitions the new contributions will modify the q2 distribution.
Therefore, the CKM elements |V ′ij | extracted from purely leptonic or P → M`ν` decays, can be
directly used to constrain the new parameters along with the Wolfenstein parameters: A, λ, ρ and
η with which we need to parametrize |Vij |. Note that |Vcb| is extracted from both B → D`ν` and
B → D∗`ν` decays. Hence, to extract the Wolfenstein parameters along with the new parameters
from B → D∗`ν` decays, we need to redo the fit to the experimental data. We will discuss the
detail in the next section.

5.4 Numerical Analysis and Results

5.4.1 B → D∗`ν Observables

As pointed out in the previous section, for the NP scenario under consideration we need to fit the
decay rate distributions of B → D∗`ν` decays to extract the CKM parameters along with the new
physics parameters. The methodology of this fit will be similar to the one given in refs. [96, 276]
with a very recent updated results from Fermilab Lattice Collaboration [298]. For the first time,
they have provided the B → D∗ form factors at non-zero recoils. They provide a set of synthetic
data based on the Boyd-Grinstein-Lebed (BGL) parametrization [299] of the form factors truncated
atN = 2 at threew values, {1.03, 1.10, 1.17}, alongwith their correlations. We have used these data
points in our analysis. Like before, we have utilized the untagged dataset for the four-fold decay
distribution ofB → D∗`ν by the Belle collaboration [300]. Also, we have usedB → D∗ form factors
at q2 = 0 from the QCD Light-Cone Sum Rules (LCSR) [301]. Additionaly, the Fermilab/MILC
lattice input, hA1(1) = 0.906(13) [302], allow us to efficiently constrain the form factor parameter
af0 and hence, |Vcb|.

The four form factors relevant for B → D∗`ν` decay are Fi = {f(z), g(z), F1(z),F2(z)}. In the
BGL method of parametrization, these form factors can be expressed as a series expansion in z as

Fi(z) =
1

Pi(z)φi(z)

N∑

j=0

aFij z
j , (5.22)

where z is related to the recoil angle w as

z =

√
w + 1−

√
2√

w + 1 +
√

2
. (5.23)

The recoil angle is related to the momentum transfer q2 as q2 = m2
B + m2

D∗ − 2mBmD∗w. The
functions Pi(z), called the Blaschke factors, are given by

Pi(z) =
∏

p

z − zp
1− zzp

, (5.24)
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Dataset
Fit Quality

Parameter Fit Result
χ2/dof p-Value

52.82/45 19.75%

|Vcb| 38.69(79)× 10−3

af0 0.0123(1)

af1 0.0222(96)

af2 −0.522(196)

Belle [300] + hA1(1) [302]
ag0 0.0318(10)

+ LCSR [301] + Lattice [298] ag1 −0.133(63)

ag2 −0.62(146)

aF1
1 0.0021(15)

aF2
0 0.0515(12)

aF2
1 −0.149(59)

aF2
2 0.987(932)

Table 5.1: Fit result for the frequentist analysis of the mentioned B → D∗`ν̄` dataset for the SM scenario.

which are used to eliminate the poles at z = zp where,

zp =

√
(mB +mD∗)2 −m2

P −
√

4mBmD∗

√
(mB +mD∗)2 −m2

P +
√

4mBmD∗

. (5.25)

Here mP denotes the pole masses and can be looked up in [303]. The outer functions φi(z) are
chosen to be

φf =
4r

m2
B

√
nI

6πχT
1+

(0)

(1 + z)(1− z)3/2

[(1 + r)(1− z) + 2
√
r(1 + z)]

4 ,

φg = 16r2

√
nI

3πχ̃T
1−(0)

(1 + z)2(1− z)−1/2

[(1 + r)(1− z) + 2
√
r(1 + z)]

4 , (5.26)

φF1 =
4r

m3
B

√
nI

6πχT
1+

(0)

(1 + z)(1− z)5/2

[(1 + r)(1− z) + 2
√
r(1 + z)]

5 ,

φF2 = 8
√

2r2

√
nI

πχ̃L
1+

(0)

(1 + z)2(1− z)−1/2

[(1 + r)(1− z) + 2
√
r(1 + z)]

4

where r = mD∗/mB and the other inputs can be found in [303]. Therefore, for N = 2, there
are twelve coefficients, aFij for the four form factors. These coefficients satisfy the following weak
unitarity constraints :

N∑

j=0

(agj )
2 < 1,

N∑

j=0

(afj )2 + (aF1
j )2 < 1,

N∑

j=0

(aF2
j )2 < 1. (5.27)
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A λ ρ̄ η̄
Fit Quality

χ2/dof p-Value

CKMFitter’19 0.8235+0.0056
−0.0145 0.224837+0.000251

−0.000060 0.1569+0.0102
−0.0061 0.3499+0.0079

−0.0065 - -

Our Result 0.8205± 0.0075 0.22462± 0.00031 0.1607± 0.0093 0.3558± 0.0088 34.18/23 6.26%

Updated 2021 Results 0.8178± 0.0070 0.22498± 0.00029 0.1734± 0.0092 0.374± 0.011 37.25/25 8.37%

Table 5.2: Comparison of the best fit estimates of the Wolfenstein parameters by the CKMFitter group and our group
from the global CKM fit in the SM framework. The two results are consistent with each other within 1σ limit of the
errors. We also provide the χ2/dof and the goodness of fit for our fit results. The last row contains the best parameter
estimates of the global scenario with the most updated inputs.

Further, there are two kinematical constraints on the form factors, one each at zero and maximum
recoil :

F1(1) = mB(1− r)f(1), (5.28)

F2(wmax) =
1 + r

m2
B(1 + wmax)(1− r)rF1(wmax). (5.29)

We consider these constraints in our analysis to remove two of the BGL coefficients from the theory.
In the limit of massless leptons, the decay distribution becomes insensitive to the form factor F2.
Hence, only 8 independent form factor coefficients are required to be fit the theory to the data.
For the numerical analysis presented here we perform a maximum likelihood estimation of the
parameters using Optex, a Mathematica based package. The fit results are given in table 5.1, the
value of |Vcb| is very much consistent with the one obtained in [298]. In the following section we
will utilize this value of |Vcb| for a global CKM fit without NP.

5.4.2 CKM Fit

Aswe havementioned in the previous section, the newphysics contributions to semileptonic (P →
M`ν`) and leptonic decays will impact the vertex factor, which is proportional to the square of the
magnitude of the corresponding CKM element. Hence, we need to extract the parameters related
to NP alongside the other Wolfenstein parameters. This means that we need to do a dedicated
fit to all these parameters using the machinery used by the CKMFitter group to fit only the CKM
parameters.

To validate the code, we recreate the Summer’19 SM fit performed by the CKMFitter group
using the same set of inputs and observables as mentioned in [304]. The details of the theoretical
expressions for the observables can be found in [98, 202, 305, 306]. We report our fit results in Ta-
ble. 5.2 in comparison to the CKMFitter 2019 results. They are consistent with each other within 1σ

confidence interval (CI). We have further used some most recent updates of the CKM observables
as listed in Table. 5.3 and redo the fit in this “Updated 2021” scenario. This is the most updated
global fit results after CKMFitter 2019. The other relevant inputs are given in Table. 5.4. Note that
the fit results of all the four parameters are consistent with 2019 results within 1σ CI, however,
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Observable Value Reference
|Vud| (nucl) 0.97420± 0.00021 [75]
|Vus|fK→π+ (0) 0.2165± 0.0004 [76]
|Vcd|νN 0.30± 0.011 [1]
|Vcs|W→cs̄ 0.94+0.32

−0.26 ± 0.13 [1]
|Vub|excl (3.91± 0.13)× 10−3 [94, 95]
|Vub|incl (4.10+0.09

−0.22 ± 0.15)× 10−3 [307]
|Vcb|B→D (40.84± 1.15)× 10−3 [276]
|Vcb|B→D∗ (38.69± 0.79)× 10−3 this work
|Vcb|incl (42.16± 0.50)× 10−3 [308]

B(Λp → pµ−ν̄µ)q2>15/B(Λp → Λcµ
−ν̄µ)q2>7 (0.947± 0.081)× 10−2 [309]

B(B− → τ−ν̄τ ) (1.09± 0.24)× 10−4 [98]
B(D−s → µ−ν̄µ) (5.51± 0.16)× 10−3 [98]
B(D−s → τ−ν̄τ ) (5.52± 0.24)× 10−2 [98]
B(D− → µ−ν̄µ) (3.77± 0.18)× 10−4 [98]
B(D− → τ−ν̄τ ) (1.20± 0.27)× 10−3 [98]
B(K− → e−ν̄e) (1.582± 0.007)× 10−5 [1]
B(K− → µ−ν̄µ) 0.6356± 0.0011 [1]
B(τ− → K−ν̄τ ) (0.6986± 0.0085)× 10−2 [98]

B(K− → µ−ν̄µ)/B(π− → µ−ν̄µ) 1.3367± 0.0029 [1]
B(τ− → K−ν̄τ )/B(τ− → π−ν̄τ ) (6.438± 0.094)× 10−2 [98]

B(Bs → µ+µ−) (2.9± 0.7± 0.2)× 10−9 [100]
|Vcd|fD→π+ (0) 0.1426± 0.0018 [98]
|Vcs|fD→K+ (0) 0.7180± 0.0033 [98]

|εK | (2.228± 0.011)× 10−3 [1]
∆md (0.5065± 0.0019) ps−1 [98]
∆ms (17.757± 0.021) ps−1 [98]
sin 2β 0.71± 0.09 [98]
φs −0.055± 0.021 [98]
α (85.2+4.8

−4.3)◦ [98]
γ (67± 4)◦ [104]

Table 5.3: List of observables used for the CKM fit (Updated 2021) in the SM framework. For the NP analysis we have
not used the inclusive measurements of |Vub| and |Vcb|. All other inputs have been considered.
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Input Parameters Value Reference
fK→π+ (0) 0.9706(27) Nf = 2 + 1 + 1 [77]
fK±/fπ± 1.1932(19) Nf = 2 + 1 + 1[77]

fK 155.7± 0.13 Nf = 2 + 1 + 1 [77]
fDK+ (0) 0.747(19) Nf = 2 + 1 + 1 [77]
fDπ+ (0) 0.666(29) Nf = 2 + 1 [77]
fBs 230.3(1.3) MeV Nf = 2 + 1 + 1 [77]

fBs/fB 1.209(0.005) Nf = 2 + 1 + 1 [77]
BK 0.7625(97) Nf = 2 + 1 [77]
fDs 249.9(5) MeV Nf = 2 + 1 + 1 [77]

fDs/fD 1.1783(16) Nf = 2 + 1 + 1 [77]
ζ(Λp → pµ−ν̄µ)q2>15/ζ(Λp → Λcµ

−ν̄µ)q2>7 1.471± 0.096± 0.290 [2]
BBs 1.327± 0.016± 0.030 [77]

BBs/BBd 1.007± 0.013± 0.014 Nf = 2 [77]
m̄c(mc) 1.2982± 0.0013± 0.0120 GeV [2]
m̄t(mt) (165.26± 0.11± 0.30 GeV [2]
ηtt 0.402± 0± 0.007 [2]
ηut 0.55± 0± 0.024 [2]

ηB(M̄S) 0.5510± 0± 0.0022 [2]

Table 5.4: List of aditional inputs for the CKM fit.

the fit values ρ̄ and η̄ are slightly higher than earlier. The best fit points for ρ̄ is increased by 8%
while that for η̄ is about 5%. Primarily, these shifts are due to changes in the inputs of α, γ and
sin 2β which have been updated from the previous 2019 inputs. Fig. 5.4 shows the single parame-
ter profile-likelihoods for the global CKM fit with the most updated inputs and observables. This
is the most updated best fit estimates of the CKM parameters.

5.4.3 CKM Fit including new physics

As mentioned earlier, due to the presence of the WC corresponding to the V + A operator OV2 ,
the decay distribution of P → M∗`ν` decays will be modified unlike the alteration of the vertex
CKM factor in case of the other P →M`ν` and P → `ν` decays. Hence, in order to perform the fit
for the NP scenarios, we consider both the CKM observables listed in Table. 5.3 as well as the list
of B → D∗`ν̄` data mentioned in the previous subsection. Also, as mentioned earlier, we do not
consider the inclusive determinations of |Vub| and |Vcb| for the NP fit. The fit results are reported
in Table. 5.6.

At first, we have presented the fit results of the analysis of B → D∗`ν̄` alone in Table. 5.5. We
are fitting CT = C2

s + C2
p along with |Vcb| and the BGL coefficients for three different massesMS

of the new scalar. In all three cases, the fitted values of the BGL coefficients are identical; hence
we have presented in only one case. Note that because of the new contribution in the decay rate
distribution, there is a small shift (≈ 1.5%) in the best fit values of |Vcb|. However, the fitted values
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Mass (TeV) Fit Quality Parameter Fit Result
χ2/dof p-Value

0.5 53.21/44 16.09%

CT 0.107(401)

|Vcb| 39.30(85)× 10−3

af0 0.0123(1)

af1 0.0228(96)

af2 −0.520(199)

ag0 0.0316(10)

ag1 −0.140(66)

ag2 −0.40(159)

aF1
1 0.0020(17)

aF2
0 0.0513(13)

aF2
1 −0.149(60)

aF2
2 0.987(940)

1.0 53.21/44 16.09%
CT 0.096(359)

|Vcb| 39.30(79)× 10−3

1.5 53.21/44 16.09%
CT 0.090(339)

|Vcb| 39.30(85)× 10−3

Table 5.5: Fit result for the frequentist analysis for different NP scenario with the sameB → D∗`ν̄` dataset as Table. 5.1.

Case χ2/dof p-Value (%)
Fit Result

CT A λ ρ̄ η̄

No NP 87.2 6.9 − 0.79974± 0.00769 0.224982± 0.000293 0.17668± 0.00970 0.38651± 0.01186

NP
{ 0.5 TeV 87.0 6.0 −0.090± 0.203 0.79952± 0.00770 0.224980± 0.000293 0.17723± 0.00979 0.38747± 0.01210

1.0 TeV 85.9 7.0 −0.018± 0.016 0.79974± 0.00769 0.224975± 0.000293 0.17679± 0.00970 0.38673± 0.01187

1.5 TeV 85.8 7.1 −0.0009± 0.0008 0.79979± 0.00769 0.224975± 0.000293 0.17667± 0.00970 0.38653± 0.01186

Table 5.6: Fit Results for theWolfenstein parameters andCT with andwithout NP. For the NP analyses, we have shown
the results for three benchmark values of the mediator mass,MS = (0.5, 1.0, 1.5) TeV.
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Figure 5.4: 1D profile-likelihoods for the CKM Wolfenstein parameters A, λ, ρ̄, η̄ for the global CKM 2021 Standard
Model fit. The best fit estimates at 68.3% confidence level are mentioned in each case.

are consistent within 1-σ CI with the one obtained without any NP (Table. 5.1). As expected,
we have obtained a zero consistent solution for CT . However at the present level of precision, a
relatively large value like CT ≈ 0.5 is allowed by the data.

In a second fit, we have included the data onB → D∗`ν̄` alongside all the other data used in the
CKM fit. The presence of a new contribution in P →M`ν` and P → `ν` decays modifies the CKM
element to |V ′ij | = |Vij(1±CV2)| (withCV1 = 0). In such cases, the measured values of the elements
should be considered |V ′ij | while |Vij | will be parametrized in terms of A, λ, ρ̄ and η̄. Here, in the
expansion of Vij wehave considered terms up to order λ8. The fit results are presented in Table. 5.6.
We have analyzed the available data for three different values ofMS . Note that in the presence of
NP, λ remains practically unchangedwhile the changes inA and ρ̄ are in the fourth decimal places
and that for η̄ is at the third decimal place. For all the three values of MS the allowed ranges of
CT is consistent with zero. For a value of MS around 500 GeV CT could be as large as ±0.2 (at
1-σ CI). The negative values of CT could be accomodated by introducing phases in Cs and Cp, for
example, by the following replacements: Cs → eiπ/2Cs = iCs and Cp → eiπ/2Cp = iCp

2. The
important point to note here is that for a relatively higher value of MS ( >∼ 1.5 TeV), the allowed
range of CT is becoming close to zero and |CT | <∼ 0.0017. This indicates that a very high value of
MS will be discared by the data under consideration.
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Figure 5.5: The spin independent scattering cross-section is plotted against the dark matter mass for the three values
ofMS and two values of Cs. Also C′s has been varied in the range [0.0, 0.5]. The black dashed line is the upper limit on
the cross-section from the XENON-1T experiment [18].

5.4.4 DM phenomenology

We point out the main results of the DM phenomenology in this section. In order to generate the
parameter space we work in the basis of Cs and CT . Hence, for a fixed value of Cs, the allowed
values of Cp can be inferred from the best fit estimates of CT as tabulated in 5.6. For simplicity, we
only consider the positive allowed solutions for CT in the 2σ range of the best fit estimate for the
DM analysis. Since the CKM data has already put significant bounds on the above couplings, the
DM vertex factors C ′s, C ′p might have very less freedom from the relic and DD data.

For non-zero values of the scalar couplingsCs, C ′s, the spin-independent direct detection (SIDD)
bounds will play a crucial role in constraining their upper limits. In order to estimate the allowed
ranges of these scalar portal couplings, we plot the direct detection cross-section as a function of
DM mass forMS = 0.5, 1.0 and 1.5 TeV respectively as shown in Fig. 5.5. To check the DD bound
on the scalar couplings, for each value of MS , we plot the SIDD for two specific values of Cs, as
shown in the plot legends, while varying the other relevant coupling C ′s in [0.0, 0.5]. The coupling
C ′p has no role to play in the SI cross section and so, without loss of generality, we set it to zero
while scanning the parameter space, while Cp is varied within the allowed range of CT for a fixed
heavy scalar mass. From the three plots shown in Fig. 5.5, we find thatCs = 0.1 can be easily ruled
out by the SIDD upper bound constraint (shown in black dashed line) forMS < 1(TeV). It will be
safe to consider Cs = 0.01 in all three cases, although the parameter space is still quite restricted

2In principle, one can consider Cs and Cp to be complex with the respective phases as unknowns which can be
constrained from the data on mixing. We did not explore that possibility which we will keep for a future work. Also,
it is to be noted that our NP scenario have negligible impacts onK − K̄ or Bq − B̄q (q =d,s) mixing.
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Figure 5.6: Here we plot the relic abundance as a function of the DM mass for the three values ofMS , as denoted by
the blue, orange and magenta points, when Cp is varied in its allowed range and C′p is taken to be same as Cp. See text
for more details.

for MS = 0.5 TeV. Since the SIDD cross-section also increases with increasing values of C ′s, very
large values will not be allowed from the data. As a conservative estimate, we fix both Cs and C ′s
at a value 0.01 for the subsequent plots.

Once the bound on the scalar couplings is obtained, it is easier to check for the allowed regions
of the pseudoscalar coupling from the relic data. In Fig. 5.6, we show the variation of the relic
abundance with the DM mass forMS = 0.5, 1.0 and 1.5 TeV, in blue, orange and magenta points
respectively, for the scenario Cp = C ′p =

√
CT − C2

s . Therefore the scan ranges for the different
mediator masses are :

Cp ∈ [0, 0.55], for Ms = 0.5 TeV (5.30)

Cp ∈ [0, 0.10], for Ms = 1.0 TeV (5.31)

Cp ∈ [0, 0.02], for Ms = 1.5 TeV (5.32)

The black solid line signifies the Planck allowed present day relic abundance of DM. From the
scans, we find that the correct relic is satisfied for a wide range of DM masses much away from
resonance region for lower values ofMS . As we increase the mass, the parameter space gets con-
fined to the resonance region only.

We have also investigated the case : Cp 6= C ′p. We find out the allowed parameter space which
satisfy the relic and DD bounds. For three different masses, the correlation between C ′p and Mχ

are shown in Fig. 5.7 with scattered red points. To generate these plots, we vary C ′p within the
range [0, 0.5] and Cp is constrained by the bound of CT (Eqn. 5.32) while we fix Cs and C ′s to a
low value as discussed above. With the increasing values ofMS , to explain the bounds, we need
relatively larger values of C ′p since Cp is much more restricted in such cases (from flavour data).
ForMS = 0.5 TeV, only low values of C ′p is favoured as can be seen from Fig. 5.8. In all the cases,
we obtain solutions in a large range of DM masses.

We also explore the case Cs = Cp, with Cs = 0.001 forMS = 0.5 TeV and Cs = 0.01 forMS = 1

and 1.5 TeV. The results are shown in Fig. 5.7 with scattered blue points. Like before, we vary C ′p
in the range [0, 0.5]. Note that in this particular case, it will be hard to satisfy the relic and DD
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Figure 5.7: In the above plots we scan the parameter space ofC′p andMχ for the different choices of the other couplings
as shown by the point legends. Both the blue and red points satisfy the constraints from relic and DD bounds.

Figure 5.8: The plot shows the correlations between Cp and C′p for the relic and DD satisfied parameter space for three
different values ofMS .

bounds with C ′p = C ′s. For all the three masses, we find that the parameter space shrinks to the
resonance region irrespective of the value of C ′p when both Cs and Cp are fixed to very low values.

5.5 Summary

In this chapter we have considered a simple fermionic dark matter scenario whose interactions
with the SM is mediated by a heavy neutral scalar. There is no symmetry to forbid the interactions
of the SM quarks to this new scalar. Hence, it will contribute to the charged current vertices of
d̄iujW at one loop level. The modifications to the P → M and P → M∗ transitions due to the
new interactions are quite contrasting. In case of the leptonic P → `ν` and semileptonic P →
M decays, the vertex factors will be altered while in case of the P → M∗ semileptonic decays,
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the q2 decay distribution itself is modified. As a recent developement, lattice results on the form
factors of the B → D∗`ν` decay at non-zero recoil are now available. Therefore we update the
SM prediction of the CKM element |Vcb| before incorporating the new physics effects. We obtain
|Vcb| = 38.69(79)× 10−3 at 68% CL.

With this new update and all other available CKM measurements, we perform a global fit in
presence of the new physics effects for some fixed values of the mediator mass. From this fit, we
are only able to constrain the combination CT and not the individual couplings Cs, Cp. We show
that for high values of MS , the coupling gets very severely constrained from the data. From the
dark matter SIDD constraints, we are able to restrict the scalar couplings Cs and C ′s to very small
values∼ O(0.01). This automatically translates to a bound on the parameterCp from out fit results
on CT . However, since the pseudoscalar couplings have velocity suppressed contribution to the
spin-dependent DD cross-section, there remains some freedom in C ′p.
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Chapter 6

Summary and Outlook

We understand that dark matter exists in copious amounts in our Universe, which the SM of par-
ticle physics fails to address. Therefore, it is essential to introduce new degrees of freedom in the
particle content that will not only solve the dark matter problem, but also provide a solution to
other pertaining questions in particle physics. As discussed in the literature, there are multiple
ways of tackling this issue from a model builder’s point of view. Since we do not know the exact
properties of the darkmatter, one can formulate darkmattermodels with scalars, fermions or even
vector bosons. In this thesis, for example, we consider scenarios with scalar and fermionic dark
matter. Due to the null results from direct detection dark matter searches, we also do not have
any idea about the probable mass of DM particles. Hence, physicists have explored dark mat-
ter masses spanning a range from ∼ 10−13 GeV/c2 (eg., axion dark matter) to as large as ∼ 1019

GeV/c2 (for primordial black holes as DM candidates). In general, the WIMP like scenarios have
been predominantly studied due to its easy accessibility in present experimental probes (both di-
rect and collider searches). However, new physics models that introduce a dark matter candidate
at the weak scale, can often have contributions to certain low energy flavour physics observables
due to the interactions of the DM with SM particles. This opens up a whole new possibility of
finding indirect signatures of dark matter physics in flavour experiments complementary to the
more conventional probes of dark matter.

From the quark flavour physics perspective, we are currently in the precision era where sci-
entists are constantly trying to make more and more precise measurements with large statistics.
There has also been tremendous progress in the theoretical understanding of hadronic param-
eters such as form factors, decay constants, bag factors etc. from lattice simulations. Therefore
this wealth of accurate and statistically significant flavour data help us to disentangle the NP con-
tributions to observables from the SM ones, thereby putting stringent constraint on new physics
models. There is a plethora of various dark matter models in literature, most of which do not take
into account such low energy flavour constraints in their analyses. In this thesis, we have high-
lighted how flavour physics data can have significant influence on the parameter space of single
component WIMP-like dark matter models.

Interestingly, while somedecays restrict the parameter space of newmodels, somedecaymodes

134TH-2853_166121012



135

also give us probable hints of new physics. For example, the LFUV observablesRK(∗) , correspond-
ing to the semileptonic FCNC decay b → s`+`−, deviates significantly from its SM prediction. It
could be exceedingly possible that such deviations could arise due to family non-universal inter-
actions of WIMPs with the SM fermions. In the thesis, we have not only constructed a model
with lepton family dependent couplings in order to resolve the discrepancies, but also shown how
the degree of non-universality is related to triangle anomaly cancellation requirements of gauged
U(1) models. In the process, we also achieved a natural gateway to small neutrino masses and un-
conventional collider signals in some cases which can be pursued by experimentalists to validate
our proposals. Although the flavour anomalies are not strong enough to conclude the presence of
newer degrees of freedom, there is a hope that this anomaly would not be easily washed out in the
near future since it has been there for a very long time. More data fromBelle-II, the future upgrade
of Belle, could shed light on the fate of the LFUV ratios. We have also made specific predictions
to few exclusive and inclusive B-decays to invisible final states which could be useful to provide
missing links to the study of both neutrinos as well as dark matter. Therefore it is important to put
significant effort on these modes from both experimental and theoretical point of view.

In the last part of the thesis we have explicitly shown the bounds on general scalar and pseu-
doscalar couplings of a heavy spin-0 mediators of DM interactions from CKM measurements.
During the process, we have also been able to produce state of the art results on the global Uni-
tarity Triangle fit in the SM as well as the above new physics scheme. The study could be well
extended to spin-1 mediators as well which would allow us to restrict the vector and axial-vector
couplings to the dark sector in a similar fashion as done for the spin-0 case.

In the thesis, wemostly pay attention to the single componentWIMP typeDM scenarios. How-
ever, there is no reason to believe that the total abundance of darkmatter in theUniverse ismade up
of only one type of species. There are several BSMproposals that succesfully address the darkmat-
ter problem using multipartite scenarios. Such models are especially motivated from the absence
of observable signals at direct detection experiments. Once again, phenomenologists have over-
looked the flavour constraints while performing their analysis. Therefore the studies presented in
this thesis could be well extended to the multi-component dark matter models as well.

Flavour physics has played an essential/indirect role in many discoveries in particle physics.
We have reached a precision era and can measure a lot of observables with an accuracy of 1%. In
the long run, more precise measurements are expected from Belle-II and LHCb in the near future.
Progress from the theory is in place andmore expected. Keeping inmind the difficulties in collider
searches, the first hint of new degrees of freedommay come fromflavour data. Also, such awealth
of precise data will be beneficial to constrain the parameter spaces of a variety of NP models.
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Appendix A

Renormalization Group (RG) Analysis

In this section we provide the one loop and two loop RG evolution equations for the SM and NP
Yukawa and gauge couplings for the models discussed in Chapter. 3.

The RG equations can be in general written as :

dλ

dµ
≡ βλ = βIλ + βIIλ (A.1)

where λ is any arbitrary coupling, µ is the energy scale and βI(II) is the one(two)-loop beta func-
tion.

A.1 One-Loop RG Requations

In this section we present the one-loop RG evolution equations for the gauge, quartic and Yukawa
couplings.

The evolution of the gauge couplings are given by :

(4π)2βIgs = −6g3
s , (4π)2βIg = −3g3, (4π)2βIg1 = +

35

3
g3

1 (A.2)

where, gs, g and g1 are the SU(3), SU(2) and U(1) gauge couplings respectively.
The RG equations for the quartic couplings are given by :

(4π)2βIλ1
= −24Y 2

t Y
2
b − 12Y 4

b − 12Y 4
t + 4λ23 + 2λ24 + 2λ25 + 12λ21 + 4λ3λ4 − 3λ1g

2
1

− 9λ1g
2 +

3g41
4

+
9g4

4
+

3

2
g2g21 − 4Y 4

τ + 4λ1Y
2
τ ,

(4π)2βIλ2
= −12λ2b + 2λ24 + 2λ25 − 4λ4µ − 4λ4τ − 8λ2µλ

2
τ + 12λ22 + 4λ23 + 4λ3λ4 + 4λ2λ

2
µ

+ 4λ2λ
2
τ +

3g41
4

+
9g4

4
+

3

2
g2g21 − 3λ2g

2
1 − 9λ2g

2 + 12λ2λ
2
b ,

(4π)2βIλ3
= +4λ23 + 2λ24 + 2λ25 + 2λ1λ4 + 2λ2λ4 + 6λ1λ3 + 6λ2λ3 +

3g41
4

+
9g4

4
− 3

2
g2g21

− 9λ3g
2 − 3λ3g

2
1 + 2λ3Y

2
τ + 2λ3λ

2
µ + 2λ3λ

2
τ + 6λ3Y

2
b + 6λ3Y

2
t + 6λ3λ

2
b ,

(A.3)
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(4π)2βIλ5
= + 2λ1λ5 + 2λ2λ5 + 8λ3λ5 + 12λ3λ5 − 9λ5g

2 − 3λ5g
2
1 + 2λ5Y

2
τ + 2λ5λ

2
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2
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2
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2
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2
b ,
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b
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where λ45 = λ4 + λ5.
The RG equations for the Yukawa couplings are given by :
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A.2 Two Loop RG Equations

The two loop RG equations for the SM gauge couplings are given by:
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The two loop RG equations for the SM Yukawa couplings are given by :
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Appendix B

Orthogonal Rotation Matrices

Here, we supply the most general forms of real orthogonal rotation matrices of dimensions 3 and
4. These matrices have been extensively used in Chapter. 4 and useful for the discussions related
to the mixings of scalar fields.

B.1 3× 3 Rotation Matrix

A 3× 3 orthogonal rotation matrix can be defined as

O =




cα12cα13 sα12cα13 sα13

−sα12cα23 − cα12sα23sα13 cα12cα23 − sα12sα23sα13 sα23cα13

sα12sα23 − cα12cα23sα13 −cα12sα23 − sα12cα23sα13 cα23cα13




(B.1)

where cαij ≡ cos αij and sαij ≡ sin αij .

B.2 4× 4 Rotation Matrix

The components of a general 4× 4 real orthogonal matrix without phase are given by :

R11 = c12c13c14,

R12 = c13c14s12,

R13 = c14s13,

R14 = s14,

R21 = −c23c24s12 − c12c24s13s23 − c12c13s14s24,

R22 = c12c23c24 − c24s12s13s23 − c13s12s14s24,

R23 = c13c24s23 − s13s14s24,

R24 = c14s24,

(B.2)
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R31 = −c12c23c34s13 + c34s12s23 − c12c13c24s14s34 + c23s12s24s34 + c12s13s23s24s34,

R32 = −c12c34s23 + s12(−c13c24s14 + s13s23s24)s34 − c23(c34s12s13 + c14s24s34),

R33 = c13c23c34 − c24s13s14s34 − c13s23s24s34,

R34 = c14c24s34,

R41 = −c12c13c24c34s14 + c12s13(c34s23s24 + c23s34) + s12(c23c34s24 − s23s34),

R42 = −c13c24c34s12s14 + s12s13(c34s23s24 + c23s34) + c12(−c23c34s24 + s23s34),

R43 = −c24c34s13s14 − c13(c34s23s24 + c23s34),

R44 = c14c24c34.

where sij ≡ sin αij and cij ≡ cos αij .
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Appendix C

Useful Coupling Constants

In this section, we summarize the useful coupling constants appearing in the Toy models dis-
cussed in Chapter. 4 in terms of the parameters of interest such as the physical masses, vacuum
expectation values and mixing angles.

C.1 Coupling Constants : Toy Model I

The coupling constants relevant for Toy Model I are
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C.2 Coupling Constants : Toy Model II

The couplings relevant for Toy Model II are given by :
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Appendix D

Dark Matter Annihilation Diagrams

In this section we point out the leading and sub-leading annihilation channels of the DM scenario
described in Chapter. 4.

D.1 Leading Annihilation Diagrams

Figure D.1: The diagrams giving leading contributions to the relic abundance.

DM

DM

s1 s2 h

SM

SM

DM

DM

s1 h
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FigureD.2: Darkmatter annihilation diagrams in themodified setup scenario of ToyModel-I as discussed in section. 4.5.
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144 Appendix D. Dark Matter Annihilation Diagrams

D.2 Subleading Annihilation Diagrams

Figure D.3: Subleading contributions to the relic.
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Figure D.4: Subleading Co-annihilation diagrams.
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